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Preface 

Importance of fault location 
Electric power systems have grown rapidly over the past fifty years. This has re-

sulted in a huge increase of the number of overhead power lines in operation and their 
total length. These lines experience faults due to various causes. In most cases, electri-
cal faults manifest themselves in mechanical damage, which must be repaired before 
the line is put back to service. The restoration can be expedited if the location of the 
fault is either known or can be estimated with good accuracy. Fault locators provide 
estimate for both sustained and transient faults. 

The subject of fault location has been of considerable interest to electric power 
utility engineers and researchers for several decades. Most of the research done to date 
has been aimed at finding the locations of transmission line faults. This is mainly be-
cause of the impact of transmission line faults on the power systems and the time re-
quired to physically check the lines is much longer than in the case of faults occurring 
in other power system components. Recently, the location of faults has received grow-
ing attention as many utilities operate in a deregulated environment and compete with 
each other to increase the availability of power supply to the customers, assuring at the 
same time adequate quality of power. 

Research on fault location conducted at the Wrocław University of Technology 
The research into transmission line fault location at the Institute of Electrical 

Power Engineering of the Wrocław University of Technology (WrUT) has been initi-
ated by Prof. Andrzej Wiszniewski more than 25 years ago. In 1983, Prof. Andrzej 
Wiszniewski developed the fundamental one-end fault location algorithm, which is 
still often referred to in the fault location literature worldwide. Then, in 1994, our team 
of researchers started co-operation with the ABB AB in Västerås (Sweden), under the 
supervision of Dr. Murari Mohan Saha (ABB) and Prof. Eugeniusz Rosołowski 
(WrUT). It was a great pleasure for me to be a member of this team and to be given 
the possibility of joint work on the fault location and protective relaying issues. Also, 
I appreciate very much the co-operation with Dr. Bogdan Kasztenny, previously affili-
ated with the WrUT and presently with the GE Multilin–Markham, Canada. For the 
last three years the research has been governed by the ABB Corporate Research Cen-
ter in Kraków. A part of the research was conducted within the grants of the Ministry 
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of Science and Higher Education of Poland, as well as within the Ph.D. theses com-
pleted by Dr. Rafał Kawecki, Dr. Przemysław Balcerek and Dr. Rafał Moląg, under 
my supervision. 
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A Note for the Reader 

This book deals with fault location on transmission lines. Among many fault loca-
tion methods, the impedance-based method has been taken for detailed considerations. 
In this method, the impedance parameters of the faulted line section are considered as 
a measure of the distance to fault. The impedance-based fault location appears to be 
still the most popular method. This is so, since impedance-based fault location algo-
rithms exhibit various advantages and can be easily implemented into the products 
offered by the numerous manufacturers. 

The book begins (Chapter 1) with explaining the aim of fault location and its im-
portance. In particular, the fault locators are considered as the devices that differ in 
many aspects from protective relays. Then, different fault location methods are shortly 
characterised. 

In Chapter 2, the basics of the impedance-based fault location are presented. Divi-
sion of fault location algorithms with respect to the fault locator input signals is per-
formed and time intervals of fault locator input signals are defined. Then, signal proc-
essing methods for fault location are shortly reviewed. In relation to use of distributed 
digital measurements to fault location, their synchronisation with the aid of the GPS or 
by analytical synchronisation is described. The fault location error is defined and the 
sources of errors are characterised. 

Chapter 3 reviews different configurations of the networks. The networks contain-
ing single-circuit lines, double-circuit lines, multi-terminal and tapped lines, composi-
tion of overhead line and cable, and series-compensated lines are presented. Then, the 
lumped-parameter and distributed-parameter line models are presented. The modal 
transformations are gathered. 

In Chapter 4, the basics of transmission line faults are provided. The fault models 
are formulated using symmetrical components and phase co-ordinates approach. The 
analysis of arcing faults, including typical waveforms of current and voltage signals, 
obtained from the ATP-EMTP simulation, is presented. 

Chapter 5 is focused on the measurement chains of fault locators. Transient per-
formance of capacitive voltage transformers and their dynamic compensation are con-
sidered. The basics for current transformers are given. It has been shown how to coun-
teract the negative effects of the possible saturation of current transformers, when 
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deriving fault location algorithms. The design of analogue low-pass filters is ad-
dressed. 

In Chapter 6, a variety of one-end impedance-based fault location algorithms are 
presented. To this end, a uniform description of the faults and the fault loops has been 
applied. The algorithms presented are designed for locating faults on single-circuit 
lines, double-circuit lines and series-compensated lines. Both transposed and untrans-
posed lines are taken into consideration. The algorithms are formulated for the lumped 
line models, however, at the end of the chapter, the way of improving fault location 
accuracy by introducing the distributed-parameter line model is presented. 

Chapter 7 is focused on two-end and multi-end fault location algorithms. First, the 
algorithms utilising two-end synchronised measurements are presented for both pha-
sor-based and time domain approaches. Then, the unsynchronised measurements as 
applied to fault location are considered in detail. Different options for measuring the 
synchronisation angle are introduced and various fault location algorithms are pre-
sented. Complete and incomplete two-end measurements are taken into account. Algo-
rithms utilising measurements of distance relays from line terminals are described. 
Fault location on three-terminal and multi-terminal lines is addressed. 

The author presents fault location algorithms developed by himself or in co-
operation, as well as algorithms selected from the vast literature of the subject. When 
presenting fault location on series-compensated lines, the considerations are intention-
ally limited to the basic network configuration with a single-circuit line and to using 
the one-end measurements. The other fault location algorithms can be found in the 
literature. 

 



1. Introduction 

1.1. Aim of fault location and its importance 

Rapid growth of electric power systems over the last decades has resulted in 
a large increase in the number of transmission and distribution lines [B10, B12, 
B23] in the world. At the same time, free marketing and de-regulation introduced all 
over the world impose more and more restrictive requirements on providing a con-
tinuous and good quality power supply, without any significant increase in the cost 
of energy being delivered. The terms such as continuity of power supply, depend-
ability and reliability play a very important role in contemporary power systems. As 
a result of imposing restrictive requirements, an increased demand for high-quality 
power system protection and control devices together with their supplementary 
equipment became a matter of prime importance. Among the different functions of 
those devices the fault location is considered to be very important [B.7, B.9, B.11, 
B.16, B19, B20, 21, 162]. 

Fault location is a process aimed at location of the fault with the highest accuracy 
possible. Fault locators are in general the supplementary protection equipment, which 
apply the fault location algorithms for estimating a distance to the fault. When locating 
faults on a line consisting of more than one section (multi-terminal line), initially 
a faulted section has to be identified and then a fault on this section has to be located. 

Fault location function can be implemented in [B.9, B.16]: 
1. microprocessor-based relays, 
2. digital fault recorders (DFRs), 
3. stand-alone fault locators, 
4. post-fault analysis programs. 
Including the fault location as an additional function in microprocessor-based re-

lays is a common practice. In this case, high computational capability and communi-
cation with remote sites of modern relays are taken advantage of at little or almost no 
additional cost. Also, digital fault recorders enable an easy and not costly incorpora-
tion of the fault location function. In turn, stand-alone fault locators are applied in the 
case of using sophisticated fault location algorithms and on condition that higher cost 
of the implementation is accepted. Yet, there is another possibility which concerns 
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post-fault analysis programs [64] with fault location algorithms included. Such pro-
grams are mainly used for verification of the operation of protective relays. 

Transmission and distribution lines experience temporary and permanent faults. 
Temporary faults, which are most frequent on overhead lines, in many cases could be 
self-cleared. In consequence, the continuity of power supply is not permanently affected, 
which is advantageous. In turn, upon the occurrence of permanent fault, the protective 
relaying equipment, using circuit breakers, enables the faulted sections to be de-
energized. If a given line is put out of service, the connected loads are not supplied or, 
if possible, the other lines are forced to supply the loads of the tripped line. It is also 
possible that a series of cascading trippings may happen, taking out of service succes-
sively larger and larger parts of the system. Under some unfavourable circumstances, 
this may even lead to blackouts of large power systems, as has recently happened in 
some countries. Contemporary power systems get closer and closer to their operating 
limits. Therefore, in order to avoid blackouts special attention must be paid to equip-
ping power systems with protection and control devices, as well as to their settings. 

In the case of permanent faults, power supply can be restored after the mainte-
nance crew have finished the repair of the damage caused by the fault. For this pur-
pose, the fault position has to be known, otherwise the whole line has to be inspected 
for finding the place of damage. Thus, it is important to know the location of a fault or 
to locate it with possibly high accuracy. This allows us to save money and time spent 
on inspection and repair, as well as to provide a better service due to the possibility of 
faster restoration of power supply. Also, blackouts can be avoided this way. 

Temporary faults are self-cleared and do not permanently affect the continuity of 
supply, however, the location of such faults is also important. In this case, the fault 
location can help pinpoint the weak spots on the line, and therefore, it should be in-
cluded in maintenance schedules to avoid serious problems in the future. 

Even if helicopters are immediately available for patrol following unsuccessful re-
closing, fault locators perform a valuable service. Trouble cannot always be found by 
a routine patrol with no indication of where the fault occurred. For example, tree 
growth could reduce clearances, resulting in a flashover during severe conductor sag-
ging. By the time the patrol arrives, the conductors have cooled, making the clearance 
to the tree increase. The weak spot is not well recognized [64]. 

The importance of fault locators is more obvious where foot patrols are relied 
upon, particularly on long lines, in rough terrain. Also, these can help where mainte-
nance jurisdiction is divided between different companies or divisions within a com-
pany. 

Fault locators are valuable even where the line has been restored either automati-
cally or non-automatically. In this category are the faults caused by cranes swinging 
into the line, brushfires, damaged insulators and vandalism. The locator allows rapid 
arrival at the site before the evidence is removed or the “trail becomes cold”. Also, the 
knowledge that repeat faults are occurring in the same area can be valuable in detect-
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ing the cause. Weak spots that are not obvious may be found because a more thorough 
inspection can be focused in the limited area defined by the fault locator. 

1.2. Fault locators versus protective relays 

Fault locators and protective relays are closely related, however, there are some 
important differences between them. These differences can be considered as related to 
the following features [B.16]: 

1. accuracy of fault location, 
2. speed of determining the fault position, 
3. speed of transmitting data from remote site, 
4. used data window, 
5. digital filtering of input signals and complexity of calculations. 
The above can be further explained as follows: 
1. Fault locators are used for pinpointing the fault position accurately and not only 

for indication of the general area (defined by a protective zone) where a fault occurred 
– which is provided by protective relays. 

2. In the case of protective relays, both the measurement and decision making are 
performed in an on-line regime. High speed of operation of protective relays appears 
as a crucial requirement imposed on them. This is so since in order to prevent spread-
ing out the fault effects, the faulted line has to be switched-off as quickly as possible. 
Therefore, high speed measuring algorithms are applied in contemporary protective 
relays, and use of high-speed operating circuit breakers is also of prime importance. 
Fault clearing time is an important consideration in the selection of protective relays 
and requirements for relaying speed must be carefully determined. If the relaying is 
too slow, system instability, excessive equipment damage, and adverse effects on cus-
tomer service may result. On the other hand, faster protection tends to compromise 
relay system security and selectivity. The requirement for the fast clearing of faults 
demands that the decision for tripping transmission lines has to be made in a short 
time, even faster than in one cycle of the fundamental frequency (20 ms for the sys-
tems operating at 50 Hz). In contrast, the calculations of fault locators are performed 
in an off-line mode since the results of these calculations (position of the fault and in 
the case of some algorithms also the fault resistance involved) are for human users. 
This implies that the fault location can be longer and take seconds or even minutes. 

3. Low-speed data communications or Supervisory Control and Data Acquisition 
(SCADA) can be applied for fault location purposes, which differs from communica-
tion used by protective relays. 

4. The best data window segment from the whole available window can be se-
lected for fault location to reduce errors. This is so since the computations are per-
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formed in an off-line regime and searching for the best data window can be easily 
applied. The fault interval lasts from a fault incipience up to a fault clearing by a cir-
cuit breaker, and usually this takes around three fundamental frequency cycles, which 
is sufficient for fault location. 

5. In the case of the protective relays the high speed required causes that the calcu-
lations are not to be too complex nor much time-consuming. In contrast, fault location 
calculations have no such limitations. Therefore, more accurate phasor calculation for 
fault location, including rejection of dc components, can be applied. Also, the models 
of the power line and the fault in fault location algorithms are usually more advanced 
than for relaying. 

Among different types of relays commonly used for protecting power lines, dis-
tance relays [B.3, B.18, B.21, B.24, B.25, 18] are the most related to fault locators. 
These relays are desiged for fast and reliable indication of the general area where 
a fault occurred. If the fault is recognized as occurring within the pre-defined protec-
tive zone, then a trip signal to the corresponding circuit breaker is sent immediately. In 
consequence, the fault becomes isolated quickly, which minimises the impact of 
a fault on a power network. 

Distance relays have multiple protection zones for providing back capability. The 
relay that detects the fault in the 1st zone is designed to trip first. Generally, a pair of 
distance relays is used to protect a two-terminal line. Usually, they can communicate 
with each other, forming a pilot relaying. As a result of exchanging information be-
tween the distance relays from the line terminals, they both could trip within the 1st 
zone. 

The operation of a distance relay may be significantly influenced by the combined 
effect of load and fault resistance, which is known as the reactance effect [18, 31, 
182]. The distance relay may misoperate for a forward external fault, or may not oper-
ate for an internal fault if the value of the fault resistance is too large. The value of the 
fault resistance may be particularly large for ground faults, which are the most fre-
quent faults on overhead lines. 

The influence of fault resistance on measurement performed by distance relays is 
explained in Figs. 1.1 and 1.2. The explanation is performed in relation to a single 
phase case, which can be easily extended to a three-phase one, with different fault 
types being considered [18, 31, 182]. Figure 1.1 shows a circuit diagram of the trans-
mission network experiencing a fault (F), involving resistance (RF), on a homogeneous 
single-phase line with impedance (ZL) between buses S and R. For the sake of simplic-
ity, a lumped line model is taken into account, with shunt capacitances being ne-
glected. Parts of the network behind the local (S) and remote (R) terminals are re-
placed by the Thevenin equivalents containing EMFS and equivalent source 
impedances [B.1]. 

The fault loop seen from the bus S can be described with the following formula, 
using the phasor notation: 
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 0FFSLS =−− IRIZdV  (1.1) 

where: 
d  – distance from the bus S to fault point F, expressed in relative units (p.u.), 
VS, IS – voltage and current measured at the measurement point (here at the bus S), 
IF  – total fault current (flowing through the fault path resistance), which for the 

assumed lumped line model and neglected shunt capacitances, equals: 

 RSF III +=  (1.2) 

The formula (1.1) can be written as: 

 
S

F
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S

S
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I
RZd
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Z +==  (1.3) 

where ZS – impedance determined on the basis of the voltage and current measured at 
point S. 

From (1.3) it is seen that the impedance ZS is a strict measure of the distance to 
fault (d), only if the fault resistance is equal to zero or is very low and can be ne-
glected. Otherwise, the fault resistance RF is seen, in general, as a certain impedance: 

 F
S

RS#
F R

I
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R
+

=  (1.4) 

Depending on the currents at both line ends (IS, IR), the fault resistance RF can be 
seen as #

FR , which presents: 
• pure resistance (Fig. 1.2a), 
• resistance and capacitive reactance (Fig. 1.2b), 
• resistance and inductive reactance (Fig. 1.2c). 
In the last two cases (Figs. 1.2b and c), the reactance (capacitive or inductive) is 

observed to contribute to resistance, and that is why such an effect is called “reactance 
effect” [31, 36, 68, 120]. 

RFS dZLZS
ES ERZR(1–d)ZL

IS IRIF
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Fig. 1.1. Circuit diagram of transmission network with line S–R affected by fault (F) 
involving fault resistance RF 
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Fig. 1.2. Influence of remote in-feed on one-end fault-loop impedance 
measurement by protective distance relay 

1.3. Fault location methods 

In a natural way fault location can be done by foot patrols or by patrols equipped 
with different transportation means (including helicopters or airplanes) and binoculars. 
Such a way of the faulted line inspection is considered to be time-consuming. Also, 
calls from witnesses of damage on the power line, or customer calls, can provide the 
required knowledge about the fault position. However, such primitive ways do not 
satisfy the requirements imposed on fault location. 

In spite of the various attempts at different techniques, the automatic fault loca-
tion still appears to be the most widely used. It is based on determining the physical 
location of a fault by processing the voltage and current waveform values. Automatic 
fault location can be classified under the following main categories: 

1. technique based on fundamental frequency currents and voltages, mainly on im-
pedance measurement, 

2. technique based on the phenomenon of travelling waves, 
3. technique based on measuring high frequency components of currents and volt-

ages generated by faults, 
4. pulse methods, 
5. use of fault indicators, 
6. monitoring the induced radiation from the power system arcing faults, using 

VLF and VHF reception, 
7. knowledge-based approaches. 
Making use of the fundamental frequency voltages and currents at the line terminal 

(or terminals), together with the line parameters, appears to be the simplest way of 
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determining the fault location. It is assumed that the calculated impedance of the 
faulted line segment is a measure of the distance to fault. The algorithms belonging to 
this category are called as impedance-based fault location algorithms. Such fault 
location algorithms are economical and simple to implement. Depending on the input 
signals of the fault locator, these methods can be further classified. This issue is con-
sidered in Chapter 2. Formulation and description of different impedance-based fault 
location algorithms are presented in Chapters 6 and 7. 

Travelling wave methods consider the voltage and current waves, travelling at the 
speed of light from the fault towards the line terminals. These methods are considered 
very accurate, being at the same time complex and costly for application, since they 
require high sampling frequency [109, 173]. 

The technique based on measuring high frequency components of currents and 
voltages generated by faults, which travel between the fault and the line terminals, is 
not widely used either. This method is considered expensive and complex, since use of 
specially tuned filters for measuring high frequency components is required [10, 110]. 

Pulse methods [B.19, B.20] are the other fault location methods in use. They are 
based on injecting the testing signals (pulses) into the line. Knowledge of the propaga-
tion speed of the pulse signal together with time required for reaching the fault place 
are the basis for determining fault location. Single- and double-pulse methods are 
applied for locating permanent and temporary faults, respectively. The testing signal 
can be injected into the operating line or into the line already switched-off. 

Valuable information on fault location can be obtained also from fault indicators, 
installed either in substation or on towers along the transmission or distribution line 
[173]. Additional use of a radio link allows the information from indicators to be used 
even during inclement weather. 

Another, unconventional fault location system for monitoring transient induced ra-
diation from power system arcing faults, using both VLF and VHF reception, has 
been tested in the experimental installation [179]. In the near future, such systems 
could compete with the conventional fault location systems. 

Recently, a lot of research effort has been focused on fault location techniques us-
ing knowledge-based approaches, such as artificial neural networks, fuzzy sets the-
ory and expert systems. There is a huge number of scientific papers in journals and 
conference proceedings dealing with the knowledge-based fault location. This issue, 
though deserving wide consideration is out of the scope of this book. 

 



2. Impedance-based fault location – basics 

2.1. Fault locator input signals 

Depending on what input signals of the fault locator are used, the fault location 
methods can be further classified into respective sub-categories. In the case of a two-
terminal and single-circuit line, the methods utilising the following input signals can 
be distinguished: 

• three-phase current and three-phase voltage measured at one line end, Sections 
6.2, 6.5–6.7, 6.12, 6.14, 7.4.4, 

• three-phase current or three-phase voltage measured at one line end, Sections 
6.10, or 6.11, respectively, 

• three-phase current and three-phase voltage measured at two line ends, Sections 
7.2, 7.3, 

• incomplete three-phase current and three-phase voltage measured at two line 
ends, in particular: 

– three-phase voltage from two line ends, and current from one line end, Section 
7.4.2, 

– three-phase current from two line ends, and voltage from one line end, Section 
7.4.3, 

– three-phase voltage from two line ends, Section 7.4.1. 
Also, different availability of measurements for the fault locator can be considered 

for double-circuit lines, Sections 6.8, 6.9. Similarly, different availability of the fault 
locator input signals could be distinguished in application to the three-terminal (Sec-
tion 7.5), and multi-terminal and tapped (Section 7.6) lines. The above sub-categories 
can be further sub-divided with respect to other features, as for example, the technique 
applying two-end measurements can be sub-divided into the methods using: 

• unsynchronised measurements, Section 7.3, 
• synchronised measurements, Section 7.2. 
Various fault location methods, with acceptable accuracy for most of the practical ap-

plications, have been developed using one-end techniques. These techniques utilise meas-
urements of three-phase current and three-phase voltage from one line end (Fig. 2.1). 
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A major advantage of these techniques is that no communication means are needed and 
simple implementation into digital protective relays or digital fault recorders is possible. 
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Fig. 2.1. Schematic diagram of one-end fault location 

The fault location algorithms could be more accurate if more information about the 
system were available. Therefore, if communication channels are available, then the 
two-end fault location methods (Figs. 2.2 and 2.3) may be used. The two-end tech-
nique offers improved fault location determination, without any assumptions and in-
formation regarding the external networks such as impedances of the equivalent 
sources. In this way, if the two-terminal technique can be applied, the compensation 
for the reactance effect becomes immaterial. 

Following fault isolation, relays or other digital devices at the substations can 
transmit the fault data to a substation computer via a modem or other communications 
link. The fault data can also be transmitted, through the dedicated communication link, 
directly between the relays or other devices at both ends of the protected line. The 
substation computer and/or digital relays can process the data and obtain a fault loca-
tion estimate with minimal assumptions, reducing the estimation error. Only low-
speed communication is necessary for this application. If needed, the data could also 
be retrieved manually for estimation of the fault location and sent via internet or using 
some other means. 
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Fig. 2.2. Schematic diagram of two-end unsynchronised fault location 
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GPS
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Fig. 2.3. Schematic diagram of two-end synchronised fault location using GPS synchronisation 

Figures 2.2 and 2.3 present schematically a two-end fault location on a two-
terminal transmission line S–R. The fault locator (FL) is here shown as a stand-alone 
device, however, it can also be incorporated into the measurement unit at either side of 
the line (MUS or MUR). At both terminals (S, R) there are current transformers and 
voltage transformers which transform signals to the measurement units.  

In the measurement units the digital measurements are performed. It is considered 
that in the case of Fig. 2.2 the A/D converters in the measurement units are not pro-
vided with the GPS signals. Therefore, the determined phasors of currents and volt-
ages, which are the fault locator input signals, do not have common time reference; 
i.e. the measurements are unsynchronised. 

Fault location with two-end synchronised measurements is depicted in Fig. 2.3. 
This is accomplished with use of technical means for providing a common time refer-
ence of the measurements acquired at the line terminals. Here, the satellite Global 
Positioning System (GPS) [B8, 19] is considered as the synchronisation means. 

The satellites of the GPS are owned and operated by the US Department of De-
fense but civilian users also have access. There are 24 satellites that are positioned in 
such a way that four or more of them are observable at every location on the earth. 
Each satellite contains a highly accurate clock. Satellites maintain the so called Coor-
dinated Universal Time with the accuracy of ±0.5 μs. 

In order to show how high accuracy is assured let us relate the GPS accuracy to: 
• a single cycle (T1) for the fundamental frequency of 50 Hz: 
– the accuracy of ±0.5 μs corresponds to ± (1/40000)T1, (note: T1 = 20 ms); 
– the accuracy of ±0.5 μs corresponds to (±1/40000)360° = ±0.009°, note: T1 → 

360°. 
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• le sampling period, for example, for sampling frequency equal to 
100

ccuracy of ±0.5 μs corresponds to ±(1/2000)Ts; 
)360 = 0.009°, note Ts → 

If no GPS signal is received during 8 hrs, the time drift of the backing up crys-
tal 

2.2. Time intervals of fault locator input signals 

Figure 2.4 presents examples of waveforms of three-phase voltage recorded under 
a s

ault interval: lasting from the beginning of the recording up to the fault in-
cip

ault incipience instant (tflt_incipience) up to the fault 
cle

 the fault clearance instant (tflt_clearance) up to the 
end

f the time interval, one can distinguish: 
erval, 

 interval. 
 related to 

the

lly, it is the fault quantities (voltage and current) that are used in fault loca-
tion

a sing
0 Hz: 
– the a
– the accuracy of ±0.5 μs corresponds to ±(1/40 000

360/20 = 18°. 

oscillator in the application reported [19] does not exceed 20 μs. The ability of 
GPS to provide a time reference signal, synchronised at widely separated locations 
has been lately recognised as having great potential for power system applications 
[B8, 19]. 

ingle phase-to-earth fault. The following time intervals can be distinguished con-
sidering their position with respect to this fault incipience and its clearance (achieved 
as a result of the protective relay operation and switching off the line by the circuit 
breaker): 

• pre-f
ience instant detected (tflt_incipience), 
• fault interval: lasting from the f

arance instant detected (tflt_clearance), 
• post-fault interval: lasting from
 of the event recorded. 
According to the kind o
• pre-fault quantities – signals recorded within the pre-fault int
• fault quantities – signals recorded within the fault interval, 
• post-fault quantities – signals recorded within the post-fault
However, there is no uniform usage of this nomenclature in the literature
 fault location issue. Sometimes, instead of “fault interval” and “fault quantities”, 

the terms “post-fault interval” and “post-fault quantities” are used, since the prefix 
“post-” has the meaning “after the fault (incipience)” and not “after the fault (clear-
ance)”. 

Usua
. There are also many fault location approaches in which the pre-fault quantities 

are additionally included as the fault locator input signals. However, sometimes, usage 
of the pre-fault measurements is treated as the drawback of the fault location method. 
This is so, since in some cases the pre-fault quantities could not be recorded or they do 
not exist, as for example, in the case of the current during some intervals of the auto-
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matic reclosure process. Also, the pre-fault quantities may not be of pure sinusoidal 
shape, due to the appearance of the fault symptoms just before its occurrence. Also, in 
some hardware solutions, measurement of pre-fault (load) currents is accomplished 
with lower accuracy than for much higher fault currents. Therefore, if possible, the 
pre-fault measurements are usually avoided. 
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Fig. 2.4. Time interval positions with respect to instances of fault incipience and its clearance 

As opposed to the fault and pre-fault quantities, the post-fault quantities are rather 
rare

2.3. Signal processing methods for fault location 

Input signals of the fault locator provide information necessary for determination 
of 

ly used for the fault location purposes. One of such techniques is presented 
in [169]. 

a distance to fault. The measurement chains of the fault locator are described in 
Chapter 5. The continuous-time voltages and signals at the line terminal undergo 
transformation in these chains (containing instrument transformers, analogue low-pass 
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filters and A/D converters) to discrete-time signals. These signals are applied for de-
scription of the faulted network. One can distinguish the following main methods for 
description of the state of the faulted network: 

• phasor approach, 
• instantaneous state of the system representation. 

with application of such signal 
pro

que

ach, the phasors of phase voltages and phase currents 
are

trical components approach appears to be a very effective technique for 
tran

 components, 

pedance data of transmission lines for the zero-
seq

The multi-resolution analysis, which is connected 
cessing tools as the Short Time Fourier Transform (STFT), the Wavelet Transform 

(WT) and others [B.15, 138] is also utilised for fault location. 
In the phasor concept, the post-fault state is assumed to be a steady one. Conse-
ntly, the processed voltage and current signals are represented in the form of sinu-

soidal waveforms with constant magnitude and angle velocity ω. The faulted network 
may thus be entirely described using the voltage/current phasors and imped-
ance/admittance data of the network. Such a treatment is also called the frequency-
domain circuit analysis [B.4]. 

Applying the phasor appro
 determined. Also, phasors for the voltage and current symmetrical components 

are processed. A vast majority of fault location algorithms are based on the phasor 
approach. 

Symme
sposed lines and therefore it is advantageous that the fault location algorithm is 

formulated in terms of these components. In general, the following symmetrical com-
ponents of the quantities measured can be processed in the algorithm, namely: 

• positive-sequence components, 
• superimposed positive-sequence
• negative-sequence components, 
• zero-sequence components. 
Due to uncertainty of the im
uence as well as the presence of mutual coupling of parallel lines for this sequence, 

in the case of double circuit lines, usage of the zero-sequence voltages and currents is 
not advantageous, and whenever possible, they are not included in the fault location 
algorithm [31]. Therefore, practically, the remaining symmetrical components can be 
considered as the input quantities of the fault location algorithm, however, with some 
restrictions. Namely, utilisation of the negative-sequence components is not applicable 
in the case of three-phase balanced faults. In contrast, the positive- and superimposed 
positive-sequence components are present in all faults and thus the fault location can 
be performed without selection of the fault type. It is worth noting that the super- 
imposed (incremental) positive-sequence components are calculated by subtracting the 
pre-fault quantities from the fault quantities. In certain cases, the pre-fault signals re-
corded are not in the form of pure sinusoids since the symptoms of the fault can be 
observed just before its occurrence. Therefore, in such cases use of the superimposed 
positive-sequence quantities is not recommended either. When utilising the positive-
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sequence quantities, higher (than for the other symmetrical components) fault location 
errors are obtained if the shunt parameters of the line are not taken into account [127]. 
However, this drawback is overcome if the distributed parameter line model is em-
ployed in formulation of the algorithm [60]. 

In the case of untransposed lines the symmetrical components approach cannot be 
util

te of the system represen-
tati

methods deserve wider consideration than presented here, 
how

2.4. Synchronisation of distributed digital measurements 

Digital measurements at different line terminals can be performed synchronously if 
a G

 the case of loss of the GPS signal, the digi-
tal 

 127, 143, 187] the sampling 
ins

ised, however, there is a possibility of determining a transformation matrix, which 
can be applied for transforming the coupled phase quantities to decoupled modal 
quantities based on the eigenvalue/eigenvector theory [74]. 

Besides the phasor approach, the instantaneous-based sta
on is commonly applied for description of the state of the faulted network. Dy-

namical relations are represented by discrete differential equations [153] or partial 
differential equations [B.2]. 

Digital signal processing 
ever, this is beyond the scope of this book. 

PS (Global Positioning System) is available. A synchronised measurement system 
requires that measurements taken at different substations include, in addition to mag-
nitude, the phase angle data with respect to an arbitrary but common reference. Phase 
information is obtained from knowledge of the absolute time at which the measure-
ments were taken (time tagging). The time for all measurements must be synchronised 
with a time reference that must be the same for all local systems. This time reference 
is commonly obtained from the GPS [33]. 

If there is no GPS synchronisation or in
measurements from the line terminals are performed asynchronously and thus do 

not have common time reference, as shown in Fig. 2.5. 
In two-end unsynchronised measurements [60, 64,
tants (marked in Fig. 2.5 with small circles) of the A/D converters from terminals 

S and R do not coincide since the converters are not controlled by the GPS. As 
a result, there is a certain random shift (ΔTR–S) between the sampling instants of the 
A/D converters at both ends. Moreover, an instant at which the fault is detected, is 
usually considered as the time stamp: tS = 0 (at terminal S) and tR = 0 (at terminal R), 
which in general case do not coincide either. In consequence, the measurements 
from both line ends do not have a common time reference. In order to assure such 
a common base, one has to take measurements from the particular terminal as the 
base (for example, from terminal R, as will be assumed in further considerations), 
while for the other terminal (terminal S) to introduce the respective alignment. 
When formulating the fault location algorithm in terms of phasors of the measured 
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quantities, such alignment is done by multiplying all the unsynchronised (the super-
script: ‘asynchr.’) phasors from terminal S by the synchronisation operator exp( jδ), 
as for example, in the case of positive-sequence voltage (likewise for the remaining 
phasors of signals from terminal S): 

jδasynchr.
S1S1 eVV =  (2.1) 

where δ is unknown synchronisation angle. 
 be: 

187], 
 64, 127]. 

In general, the synchronisation angle can
• measured from the pre-fault quantities [3], 
• eliminated by mathematical manipulations [
• calculated with processing the fault quantities [60,

tS
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Fig. 2.5. Illustration of the need of phase alignment 
i

2.5. Fault location errors 

In [B.7], and in other numerous references, the following definition of the fault lo-
cat

ate based on the total line length: 
th”. 

n the case of two-end unsynchronised measurements 

ion error is given: 

“Percentage error in fault location estim
e (error) = (instrument reading – exact distance to the fault) / total line leng
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This definition can be written down as the following formula: 

 %100–(%)error exactdd
=  

l
(2.2) 

act – estimated and exact distance to the fault (in km or in relative units: p.u.); 

ent

where: 
d, dex
ℓ – total line length (in km, or if relative units are used: ℓ = 1 p.u.). 

methods, differ-In statistical evaluation of the accuracy of particular fault location 
 measures for the fault location error are determined, as for example, maximum, 

average, and standard deviation values. It is characteristic that the absolute value is 
usually taken for the nominator from the definition formula (2.2), thus obtaining [71]: 

 %100|–|(%)error exactdd
=   (2.3)

l
 

Note that usage of (2.3) assures that, when for example the average error is de
mi

presence of an arc, 
, 

rminals, 

ad line (or underground 
cab

lt, in terms of the correctness and accuracy of fault incipi-
enc

ter-
ned for a given population of the evaluation tests, the errors having identical magni-

tude but different signs do not compensate each other. 
In evaluation of the fault location accuracy, different factors are taken into ac-

count. The main factors commonly considered are the following: 
• fault position (location), 
• fault type, 

nce including • fault resista
• level of pre-fault power flow and its direction
• strength of equivalent sources behind the line te
• line imbalance due to the lack of transposition, 

e overhe• inaccuracy in providing impedance data for th
le), 
• inaccuracy in providing impedance data for the vicinity of the overhead line in 

question, as for example, the possible mismatch with respect to the source impedances 
(if they are involved in the evaluated fault location algorithm) is considered, 

• presence and status of series and shunt devices in the line, as for example, instal-
lations of the banks of series compensating capacitors equipped with Metal Oxide 
Varistors (MOVs), 

• fault inception angle, 
• identification of a fau
e detection, fault clarification detection, fault type classification, 
• transient and steady errors of instrument voltage and current transformers, in-

cluding the possibility of CT saturation, 
• frequency response of voltage measurement chains, 
• accuracy of A/D conversion, etc. 
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methods. In general, without 
spe ey can be listed as follows: 

f the line is inaccu-
rat

considering the natural fault loops (phase-to-earth or phase-to-phase loops), 
sim

 is accurately taken to calculate the line imped-
anc

te zero-sequence imped-
anc

r 
som

e shunt capacitance is not considered. 

e instrument transformers and inaccurate reproduc-
tion ue to their limited bandwidth. 

t to eliminate, or at least to 
red rticular factor 
affe

Different factors affect the accuracy of fault location 
cifying the fault location method, th
• Inaccurate compensation for the reactance effect in the case of fault location al-

gorithms using one-end measurements. This is so, if the vicinity o
ely represented in the algorithm, i.e., when providing impedances of equivalent 

sources behind the line terminals, which do not match the actual strength of the 
sources. 

• Inaccurate fault type (faulted phases) identification for fault locating algorithms 
based on 

ilarly as applied in distance relays. 
• Inaccurate line parameters, which do not match the actual parameters. Note that, 

even if the geometry of line conductors
es, the total line length might be known with some error. 
• Uncertainty with respect to the line parameters, particularly for the zero-

sequence impedance. It is often difficult to obtain the accura
e for the line. This is so, since this impedance is affected by soil resistivity, which 

may be variable under the whole line route, and is dependent on weather conditions. 
• Inaccurate compensation for the mutual effects on the zero-sequence compo-

nents. This takes place if current required to compensate for the mutual coupling is fo
e reasons unavailable. 
• Insufficient accuracy of the line model, i.e. if untransposed lines are represented 

as being transposed, and lin
• the presence of shunt reactors and capacitors, as well as the presence of series 

capacitor compensating devices. 
• Load flow unbalance. 
• Errors of current and voltag
 of the primary signals d
• Insufficient sampling frequency and bit resolution of A/D system. 
To improve the fault location estimation, it is importan
uce errors possible to occur in the method considered. Note that a pa
cting fault location accuracy has to be considered strictly in relation to the method 

analysed. If this factor appears important, then the way of its elimination or minimisa-
tion has to be considered when formulating the particular fault location algorithm. 

 



3. Transmission network models 
for fault location studies 

3.1. Network configurations 

Fault location in transmission networks is based on considering the flow of a fault 
current. Depending on the availability of measurements for the fault locator, the flow 
of a fault current within the faulted line itself or also in its vicinity has to be per-
formed. A particular fault location method has to be considered in strict relation to the 
configuration of the power network and its model. 

3.1.1. Networks with single-circuit overhead lines 

Single-circuit three-phase overhead lines are the simplest means for transmitting 
a power energy from the generation centre to the consumption region. Schematic dia-
gram of a power network with a single-circuit overhead line is presented in Fig. 3.1a 
[B.1]. The line is marked with a graphic symbol typical of an impedance description. 
Moreover, the description ZL, corresponding to general indication of the line imped-
ance is used. The line ends are denoted here by letters: S (sending end), R (receiving 
end). The fault occurring on the line is marked with a common graphic symbol for the 
fault and letter F. The vicinity of the line S–R under consideration is represented by 
the external network. Assuming linearity of the whole circuit, the external network 
can be equivalented [B.1], as shown in Fig. 3.1b. The obtained equivalent of the ex-
ternal network in a general case consists of: 

• two equivalent sources behind the line terminals S, R – consisting of the emfs 
(ES, ER) and source impedances (ZS, ZR), 

• extra link (ZE) between the line terminals S, R. 
Since the load and generation in a power network as well as the network topology 

undergo changes, the equivalent network of the line external network also changes and 
is not fixed. As a result, the source impedances (ZS, ZR) are considered in fault loca-
tion process to be the uncertain parameters. Therefore, the fault location algorithms 
which do not require that the source impedances be known are generally more accu-
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rate than the algorithms for which this impedance data is used as the input data. The 
one-end fault location algorithms require setting the source impedances and due to 
dynamic changes of the network it is difficult to provide the actual values of these 
impedances. Fortunately, in many applications it is sufficient to provide the repre-
sentative values of the source impedances, which are obtained for the most typical 
conditions of the network operation. Possible mismatch between the provided repre-
sentative source impedances and the actual parameters in many applications does 
not cause considerable errors in fault location. This is so especially in the case of 
strong sources, which is the case when the source impedance is much smaller than 
the line impedance. 

If the line (ZL) considered is the only connection between the buses S, R, then 
the extra link (ZE) does not exist, and there are only equivalent sources, as shown in 
Fig. 3.1c. This is the well-known double-machine network. 
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Network

ZL

 

a) 

b) 
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ES ERZR

 

RFS
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ZS
ES ERZR

 

c) 

Fig. 3.1. Transmission network with single-circuit overhead line: 
a) generic scheme, b) general equivalent scheme, 

c) simplified equivalent scheme with the line being the only connection between buses S, R 

3.1.2. Networks with double-circuit lines 

Both fault location and protective relaying for double-circuit lines (also called par-
allel lines) are dealt with in numerous references [B.1, B.7, B.9, 3, 8, 34, 41, 47, 57, 
58, 62, 63, 70, 76, 87, 114, 115, 123, 158, 163, 164, 167, 190]. Such lines are basically 
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constructed due to constraints in obtaining new right-of-ways and are very common in 
power networks. For such lines the two three-phase transmission circuits are arranged 
on the same tower or follow on adjacent towers the same right-of-way. The circuits 
may be either of the same or different voltage level. Also more than two three-phase 
circuits can be arranged in such a way (multi-circuit lines) [B.23]. 

Due to the nearness of both circuits of a double-circuit line, they are mutually 
magnetically coupled. The magnetic coupling is related with the effect of a current 
flowing in one circuit, which influences the voltage profile in the other circuit, and 
vice versa. This means that the voltage profile of a given circuit is not being entirely 
dependent on the current flowing in this circuit. 

The mutual coupling effect can be expressed in terms of various inter-circuit mu-
tual impedances. Using the symmetrical components approach to the line description, 
the positive-, negative- and zero-sequence mutual impedances are considered. The 
positive- and negative-sequence mutual impedances are usually a small fraction of the 
positive-, negative-sequence self impedances and therefore are usually neglected in 
the analysis. In contrast, the zero-sequence mutual impedance (Z0m) is of relatively 
high value and thus cannot be ignored in the analysis of single phase-to-ground faults. 
The mutual coupling of double-circuit lines for the zero-sequence is thus important for 
the fault location based on considering the natural fault loops [B.9]. 
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Fig. 3.2. Schematic diagram of power network with double-circuit overhead line 
terminated at both ends at separate buses 
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Different configurations of double-circuit lines [B.1, B.9, B.23] are met in power 
networks. Figure 3.2 presents a general configuration of a power network with a double- 
circuit overhead line terminated on both sides at the separate buses. The line circuits 
are denoted by ZLI, ZLII and their mutual coupling for the zero-sequence by Z0m. The 
vicinity of the line circuits is represented with: 

• equivalent source behind the line terminal SI (emf: ESI, impedance: ZSI), 
• equivalent source behind the line terminal SII (emf: ESII, impedance: ZSII), 
• equivalent source behind the line terminal RI (emf: ERI, impedance: ZRI), 
• equivalent source behind the line terminal RII (emf: ERII, impedance: ZRII), 
• links between the line terminals SI, SII, RI, RII in the form of a complete 

tetragonal of impedances: ZSI_SII, ZSI_RI, ZSI_RII, ZSII_RI, ZSII_RII, ZRI_RII. 
Figure 3.3 presents the classical case of the network with two line circuits con-

nected at both ends to the common buses. This scheme is obtained from the general 
scheme of Fig. 3.2, considering the following: 

• equivalent source (ES, ZS) obtained as the resultant for parallel connection of the 
sources: (ESI, ZSI) and (ESII, ZSII), 

• equivalent source (ER, ZR) obtained as the resultant for parallel connection of the 
sources: (ERI, ZRI) and (ERII, ZRII), 

• extra link (ZE) obtained as the resultant for parallel connection of the following 
impedances: ZSI_RI, ZSI_RII, ZSII_RI, ZSII_RII. 
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Fig. 3.3. Schematic diagram of power network with double-circuit overhead line 
terminated at both ends at common buses 

The extra link shown in the network of Fig. 3.3 is not always present, especially in 
high voltage networks which are not highly interconnected. 

Operating conditions of a double circuit line could change due to different reasons, 
such as load dispatch, forced outage, scheduled maintenance, etc. The mutual coupling 
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of double-circuit lines depends on the mode of operation of the healthy circuit (ZLII), 
which is in parallel to the faulted line circuit (ZLI) considered. In order to present these 
modes, the status of circuit breakers and earthing connectors of the healthy parallel 
line has to be considered [112]. 

Figure 3.4 presents two modes for which the mutual coupling of parallel lines has 
to be taken into account. In the case of the network from Fig. 3.4a the parallel line is 
in operation, which is the normal operating mode. The mutual coupling of parallel 
lines also exists if the parallel line is switched-off and earthed at both ends [58] (Fig. 
3.4b). 
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Fig. 3.4. Double-circuit overhead line modes with mutual coupling of parallel lines: 
a) both lines in operation, b) parallel line is switched-off and earthed at both ends 

Figure 3.5 presents three cases for which there is a discontinuity for the current 
flow in the healthy parallel line, and therefore there is no mutual coupling between the 
lines. 



Transmission network models for fault location studies 31

ES

SI

SII

RI

RII

F

ZS
ERZR

ZLI

ZLII

 

a) 

ES

SI

SII

RI

RII

F

ZS
ERZR

ZLI

ZLII

 

b) 

ES

SI

SII

RI

RII

F

ZS
ERZR

ZLI

ZLII

 

c) 

Fig. 3.5. Double-circuit overhead line modes with no mutual coupling of parallel lines: 
a) parallel line is switched-off at one end (RII) and not earthed, b) parallel line is switched-off 

at both ends and not earthed, c) parallel line is switched-off at both ends and earthed only at one end 
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In some cases [B.23, 57], the line circuits may run in parallel only for a part of the 
route. The circuits for this part are mutually coupled, while for the remaining part of 
the route, they are hanged on different towers and are terminated at distant substations. 
Figure 3.6 presents two examples of power networks with partially parallel circuits. 
The need for taking into account the mutual coupling effect depends on the fault posi-
tion: Fig. 3.6a – faults F1, F2; Fig. 3.6b – faults F1, F2, F3. Considering the fault loop 
between bus SI and fault point F1 in the network of Fig. 3.6a, the mutual coupling has 
to be taken into account along the whole distance. By contrast, as regards the fault 
loop between bus SI and the fault point F2, the mutual coupling has to be considered 
for the distance between bus SI and point MI, and not for the remaining part (MI-F2). 
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Fig. 3.6. Examples of power networks containing partially parallel line circuits 
with mutual coupling for: a) ZLI_S, ZLII_S, b) ZLI_MN, ZLII_MN 



Transmission network models for fault location studies 33

3.1.3. Multi-terminal and tapped lines 

It is for economy or environmental protection reasons that use is made of multi-
terminal and tapped lines [B.23]. Lines having three or more terminals with substan-
tial generation behind each are called multi-terminal lines. Depending on the number 
of terminals we can distinguish three-terminal lines having three terminals, four-
terminal lines having four terminals, and so on. 

Tapped lines are the ones having three or more terminals with substantial power 
generation behind, at maximum two of them [B.23]. The number of taps per line var-
ies from one to even more than ten. The taps themselves feed only loads, which means 
that they are terminated by the passive networks, while at the remaining terminals 
there are active networks (with power generation) [B.23, 43]. 

Examples of power network configurations with single-circuit three-terminal line 
are shown in Fig. 3.7. In the case of using double-circuit lines, typical configurations 
are as shown in Fig. 3.8. 

a) 

BFAA

ZLA

ZA
EA EBZB

C ECZC

ZLB

ZLC

T

FB

FC

 

BFA

A

ZLA

ZA
EA EBZB

C

ECZC

ZLB

ZLC

T

FB

FC

ZLAC

 

b) 

Fig. 3.7. Examples of power network configurations 
with single-circuit three-terminal line:  

a) basic teed network, b) teed network with extra link between two substations 
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b) 

Fig. 3.8. Examples of power network configurations 
with parallel three-terminal line:  

a) two line sections are of double-circuit type, 
b) all three line sections are double-circuits 

Figure 3.9 presents typical configurations of power networks with tapped line sup-
plying load in two different ways [B.23]: via a transformer connected to the tap point 
through a circuit breaker (Fig. 3.9a) and additionally with overhead line section (ZLC), 
Fig. 3.9b. 

Fault location on multi-terminal and tapped lines relies on: 
• identifying the line section at which the fault (FA or FB or FC) occurred, 
• determining the distance to fault for the faulted section (usually measured from 

the respective bus towards the fault point). 
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Fig. 3.9. Typical configurations of power networks with tapped line supplying load through: 
a) transformer, b) overhead line (ZLC) and transformer 

3.1.4. Overhead line and cable composite networks 

In Figs. 3.10 and 3.11, examples of configurations of overhead line and cable 
composite networks [119, 170] are presented. Fault location in such networks is con-
sidered to be a difficult task due to large differences in parameters of the line and cable. 
Moreover, the problem of cable parameters changing, especially changes in its relative 
permittivity occurring with aging, has to be solved [170]. 
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Fig. 3.10. Overhead line in series connection with cable 
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Fig. 3.11. Overhead line tapped with cable 
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3.1.5. Networks with series-compensated lines 

Power (P) transfer capability of a traditional uncompensated transmission line 
(Fig. 3.1) is determined by the well-known formula (with line resistance and capaci-
tance being neglected): 

 )δsin(||||

L

RS

X
VVP ⋅

=  (3.1) 

where: 
VS, VR – sending and receiving terminal voltage phasors, respectively, 
XL – line reactance, 
δ  – electric angle between the terminal voltage phasors. 
The maximum value of δ is limited by the stability constraints, and thus an increase 

in the power transfer capability can be obtained by reducing the line reactance. This 
can be done by adding series capacitors to counteract series inductance. As a result, 
the total reactance of the series compensated line (Xtotal) is equal to:  

 CLtotal XXX −=  (3.2) 

where XC is the capacitor reactance. 
The compensation degree is expressed by the following ratio: 

 %100
L

C
SC X

Xk =  (3.3) 

and usually falls within the range of 50 up to 90%. 
The capacitor compensation in high voltage transmission networks is performed by 

adding series capacitors of the fixed value or of the value controlled with the thyristor 
circuits. 

Use of the series capacitors besides increasing the power transfer capability brings 
about several advantages to power system operation [B.23], such as: 

• improving power system stability, 
• reduced transmission losses, 
• enhanced voltage control, 
• flexible power flow control. 
The environmental concerns are also of importance here since instead of construct-

ing a new line, the power transfer capability of the existing line is increased. The cost 
of introducing the series capacitor compensation is much lower than that of construct-
ing a new equivalent overhead power line [B.23]. 

Usually, only one three-phase capacitor bank is installed on a power transmission 
line. As far as a single line is concerned, the one line circuit diagram of the series-
compensated line is as presented in Fig. 3.12. Series capacitors (SCs) are installed on 
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the line at a distance dSC (p.u.) from the bus S. In order to protect SCs against over-
voltages they are equipped with Metal Oxide Varistors (MOVs). The SC and its MOV 
are the main components of the compensating bank installed in each phase of the line. 
Therefore, for the sake of simplifying the series-compensated transmission networks 
presented, only these components are indicated in the schemes (Fig. 3.12 and further 
figures showing configurations of series-compensated networks). 

ES S F2ZS
ERZR

dSCZL

F1

(1–dSC)ZL

R

MOVs

SCs

 

Fig. 3.12. Single transmission line compensated with SCs&MOVs installed at midpoint 
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Fig. 3.13. Series capacitor bank: a) scheme of bank with fixed capacitor, 
b) scheme of bank with thyristor controlled capacitor, c) typical voltage-current characteristic of MOV 
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Figure 3.13a presents a scheme of the compensating bank from one phase of a line, 
which contains a fixed series capacitor [88, 108, 145]. Besides the SC and MOV 
there is a protection of MOV against overheating. This thermal (overload) protection 
(OP) measures the current conducted by the MOV. If the energy absorbed by the 
MOV exceeds its pre-defined limit the MOV becomes shunted by firing the air-gap. 
Figure 3.13b presents a compensating bank with thyristor controlled capacitor [16, 
22, 83, 186]. 

MOVs are non-linear resistors commonly approximated by the standard exponen-
tial formula: 
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Figure 3.13c shows the voltage-current characteristic for the following parameters 
of the approximation (3.4): q = 23, p = 1 kA, VREF = 150 kV.  

Series capacitors equipped with MOVs, when set on a transmission line, create cer-
tain problems for its protective relays [30, 39, 40, 44, 48, 67, 82, 84, 88, 128, 135, 139, 
141, 147, 153, 154] and fault locators [B.7, B.9, 7, 32, 55, 125, 129, 140, 144, 145, 150, 
151, 152, 155, 156, 157, 159, 186]. Under faults behind the SCs&MOVs (fault F1 in 
Fig. 3.26), a fault loop seen from the bus S becomes strongly non-linear, and as a conse-
quence, the nature of transients as well as the steady state situation are entirely different, 
compared with traditional uncompensated lines. In the case of faults in front of the 
SCs&MOVs (fault F2 in Fig. 3.12) the SCs&MOVs are outside the fault loop seen from 
the bus S, however they influence the infeed of the fault from the remote substation R. 

Adequate representation of the SCs&MOVs has to be applied for both protective re-
lays and fault location. Form of this representation depends on the type of protection and 
fault location algorithms. If these algorithms are based on phasor technique, then the 
SC&MOV from a particular phase can be represented with the fundamental frequency 
equivalent [B.7, 45, 55, 150, 151, 152, 156, 159] in the form of resistance-capacitive 
reactance series branch with parameters dependent on an amplitude of the current (fun-
damental frequency component) measured in the phase of interest. When considering 
protection and fault location algorithms based on a differential equation approach, the 
SC&MOV from a particular phase is represented with use of the estimated  instantane-
ous voltage drop across the compensating bank [7, 39, 40, 153, 154, 155]. 

Figure 3.14 shows operation of SCs&MOVs under the sample fault on a 400 kV, 
300 km transmission line compensated at kSC = 80%. The parameters of the approxi-
mation (3.4) are as taken for plotting the voltage-current characteristic from Fig. 
3.13c. A single phase-to-earth fault (a–E fault) with fault resistance of 10 Ω was ap-
plied just behind SCs&MOVs. In Fig. 3.14a, the three-phase currents entering the 
SCs&MOVs are shown. The voltage drops across the SCs&MOVs are shown in Fig. 
3.14b. It can be observed that the voltage drop in the faulted phase (a) is limited to 
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Fig. 3.14. Operation of SCS&MOVs under the sample a–E fault: 
a) phase currents entering SCs&MOVs, b) voltage drops across SCs&MOVs, 

c) currents flowing in SC (iC) and MOV (iMOV) from the faulted phase 
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around ±150 kV, which results from applying the MOVs with the reference voltage: 
VREF = 150 kV. The waveforms of the voltage drop from the healthy phases (b, c) are 
distorted by sub-synchronous resonance oscillations. Such oscillations appear since 
MOVs from these phases operate at the linear range, conducting low current. The sub-
synchronous resonance oscillations are also visible in currents entering the 
SCs&MOVs from the healthy phases (Fig. 3.14a). Figure 3.14c shows division of the 
fault current from the faulted phase (a) into the parallel branches of the SC and its 
MOV. The SC and MOV conduct the fault current alternately, around for the quarter 
of the fundamental period. 

Figure 3.15 depicts series capacitors compensation of the transmission line using 
the compensation banks installed at both ends [B.23, 151]. In the case of such com-
pensation, the placement of current and voltage instrument  transformers (CTs – cur-
rent transformers, CVTs – capacitive voltage transformers) at the line ends is impor-
tant for considering fault location. The instrument transformers can be placed on the 
bus side (Fig. 3.16a) or on the line side (Fig. 3.16b) [B.23]. 
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Fig. 3.15. Transmission line compensated with SCs&MOVs banks at both ends 
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Fig. 3.16. Placement of instrument transformers in the case of double-end series compensation: 
a) on the bus side, b) on the line side 
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Similarly, double-circuit transmission lines, analogously to the single line, can be 
compensated using the capacitor compensating banks installed at the midpoint [155, 
156, 157] (Fig. 3.17) or at the line ends (Fig. 3.18). 
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Fig. 3.17. Double-circuit transmission lines with capacitor compensating banks 
installed at the midpoint in both circuits 

SI

ERZR

RII

ES ZS

SII

RIZLI

F

ZLII

Z0m

MOVs1II

SCs1II

MOVs2II

SCs2II

MOVs1I

SCs1I

MOVs2I

SCs2I

 

Fig. 3.18. Double-circuit transmission lines with capacitor compensating banks 
installed at two ends in both circuits 

3.2. Models of overhead lines 

Models of overhead lines are considered in strict relation to a particular applica-
tion. Among different applications, the line models are considered in relation to the 
following: 

• representing a faulted line in the fault location algorithm, 
• simulating faults for generating the fault data, which is used in evaluation of the 

fault location algorithms under study [B.5, 28, 113, 116]. 
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In this section, the representation of a faulted line in fault location algorithms is 
addressed. Assumption of the line model is a starting point for derivation of the fault 
location algorithms. 

In turn, the line models adopted in simulation of line faults are widely described in 
reference manuals (theory books) of the well-known simulation transients programs, 
such as ATP-EMTP [B.5] and others, and therefore are not considered here. 

Overhead line parameters are calculated using supporting routines available in 
simulation programs. Also, an on-line measurement of transmission line impedance 
performed either during normal operation or during faults is used in practice. 

In general, there are two-types of line models: 
• lumped-parameter models, 
• distributed-parameter models. 
Lumped-parameter models represent a line by lumped elements, whose parameters 

are calculated at a single frequency, predominantly the fundamental power frequency. 
Using these models, steady-state calculations for fault location or transient simulations 
in the neighbourhood of the frequency considered can be performed. 

As opposed to the lumped-parameter, the distributed-parameter line models are 
used for more accurate representation of the lines. Two categories of distributed-
parameter line models can be distinguished: 

• constant-parameter model, 
• frequency-dependent parameter model. 
Series parameters: resistance (R), inductance (L), and shunt parameters: capaci-

tance (C) and conductance (G) characterize the line. Usually, line conductance, which 
accounts for the leakage currents along the insulators and in the air, can be neglected, 
except at very low frequencies. Shunt capacitance can usually be assumed as fre-
quency-independent. In turn, series resistance and inductance can be considered to be 
frequency-dependent. However, this is considered rather for the simulation [B.5, 111] 
and not for representing lines in fault location algorithms. 

3.2.1. Lumped-parameter models 

In the simplest lumped-parameter model of an overhead line, only the series resis-
tance (RL) and reactance (XL) are included (Fig. 3.19). Such a model is considered 
adequate for representing a short line, usually less than 80 km long [B.6]. 

l'RR LL = l'LX L1L jj ω=

SV RV
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Fig. 3.19. Model of short unfaulted overhead line 
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In Fig. 3.19, the following signals and parameters are used: 
VS, VR – sending (S) and receiving (R) end voltage, 
IS, IR – sending (S) and receiving (R) end current, 

LR′ ,  – line resistance and inductance per unit length, LL′
l  – line length, 

1ω  – angular fundamental frequency. 
The circuit of Fig. 3.19 applies either to single-phase or completely transposed 

three-phase lines operating under balanced conditions. For a completely transposed 
three-phase line and balanced conditions, line resistance and inductance are consid-
ered for the positive-sequence. In turn, VS, VR are the positive-sequence line-to-neutral 
voltages; IS, IR are the positive-sequence line currents. 

Under unbalanced conditions, mainly under faults, a three-phase line representa-
tion has to be considered. Figure 3.20 presents a faulted line together with the equiva-
lent sources behind the line terminals S, R. A fault (occurring at a point marked by F) 
divides the line into two segments: 

• S–F of the relative length d (p.u.), 
• F–R of the relative length (1 – d) (p.u.). 
All signals (voltages and currents) in the circuit of Fig. 3.20 are three-phase (note 

that particular phases are marked in subscripts with letters: a, b, c), and thus are repre-
sented by 3×1 column matrices, as for example, the sending end voltage VS: 
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All impedances are described by 3×3 matrices, as for example, the line impedance: 
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where: 
• diagonal elements present the self-impedances of the phase conductors, 
• off-diagonal elements present the mutual impedances between two phase con-

ductors, for which the following is satisfied: LabLba ZZ = , LacLca ZZ = , LbcLcb ZZ =  
Note that the line in Fig. 3.20 is represented with only series parameters, while 

shunt parameters are here neglected. 
At the fault point there is a three-phase fault model marked by ZF, while IF, VF de-

note the total fault current and voltage at the fault, respectively. Detailed considera-
tions for the fault models are presented in Chapter 4. 
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Fig. 3.20. Circuit diagram of three-phase faulted line using matrices 
for presenting components and column matrices for signals 

The self and mutual impedances and admittances of each phase of overhead lines 
are determined by line geometry and they are not identical for all phases. In general, 
the line impedance matrix ZL is not symmetrical. For a symmetrical impedance matrix 
the diagonal elements are equal and the off-diagonal elements are equal, too. This is 
satisfied if the line is completely transposed. A complete transposition (Fig. 3.21) is 
achieved by exchanging the conductor positions along the line in such a way that each 
phase (a, b and c) occupies each position for one-third of the line length. 
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Fig. 3.21. Completely transposed section of three-phase line 

For a completely transposed three-phase line the impedance matrix is symmetrical: 
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where in the last position of the subscript for the matrix impedance elements the char-
acter of the impedance is denoted by s – self impedance of the phase conductor and 
by m – mutual impedance between phase conductors. 

If the transposition technique is not applied, the impedance matrix is no longer 
a symmetrical one, however, the following simplification is sometimes made. It relies 
on using the averaged value for the diagonal and the average for the off-diagonal ele-
ments. In this case, additional ramifications with respect to accuracy of the calculation 
results occur. Applying this simplification one gets:  

 )(
3
1

LccLbbLaaLs ZZZZ ++=  (3.8) 
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 )(
3
1

LcaLbcLabLm ZZZZ ++=  (3.9) 

As a result, one obtains a symmetrical impedance matrix (3.7), whose symmetry is 
of advantage, however one must accept certain deterioration of accuracy. 

Owing to this symmetry, it is possible to apply a method of symmetrical compo-
nents, developed by C.L. Fortescue in 1918, which is now known from numerous 
references. Based on this method, a linear transformation from phase components to 
a set of symmetrical components, as for example for the sending end voltage VS, is 
performed according to: 

 
⎥
⎥
⎥

⎦

⎤

⎢
⎢
⎢

⎣

⎡
⋅

⎥
⎥
⎥

⎦

⎤

⎢
⎢
⎢

⎣

⎡
=

⎥
⎥
⎥

⎦

⎤

⎢
⎢
⎢

⎣

⎡

Sc

Sb

Sa

2

2

S2

S1

S0

aa1
aa1
111

3
1

V
V
V

V
V
V

 (3.10) 

where: 
VSa, VSb, VSc – voltage from phases: a, b, c, 
VS0, VS1, VS2 –  zero-, positive- and negative-sequence voltage, 

2
3j

2
11201a +−=°∠=  is a complex number with unit magnitude and 120° phase 

angle. 
Note that multiplying any phasor by a  results in rotating it by 120° counter-

clockwise. 
For the transformation (3.10) the sequence of phases: (a, b, c) is assumed to be the 

base, in which phase (a) is considered as the first one in this sequence. Sometimes it is 
convenient to apply the transformation from phase components into the symmetrical 
components with assuming the other sequences of phases: (b, c, a) or (c, a, b), in 
which the phase b or phase c starts the sequence, respectively.  

Transformation from symmetrical components into the phase components is de-
fined as follows: 
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Use of symmetrical components method to a three-phase network, which is repre-
sented by the symmetrical impedance matrix, such as (3.7), allows this network to be 
decoupled into three sequence networks, which are simpler to analyse. These are 
called the zero-sequence, positive-sequence and negative-sequence networks. The 
sequence networks results can then be superposed to obtain three-phase network re-
sults by using (3.11). 
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In the sequence networks, the line is represented by its respective sequence imped-
ances: 

• positive- and negative-sequence impedance: 

 LmLs2L1L ZZZZ −==  (3.12) 

• zero-sequence impedance: 

 LmLs0L 2ZZZ +=  (3.13) 

Note that the positive- and negative-sequence impedances, as stated in (3.12), are 
equal. This is so for linear, symmetric impedances representing non-rotating power 
system items such as overhead lines and transformers. 
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Fig. 3.22. Equivalent networks of single-circuit faulted line for: 
a) positive-sequence, b) negative-sequence, c) zero-sequence 
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Figure 3.22 presents models of a faulted single-circuit overhead line, together with 
the equivalent sources behind the line terminals, for the respective sequences. There 
are three circuits, which can be analysed separately. These circuits can be composed 
into one resultant circuit by connecting them at points of unbalance and including the 
fault path resistance RF. At these points of unbalance, the respective sequence compo-
nents of the total fault current (IF1, IF2, IF0) flow into the sequence circuit, and flow out 
of the respective circuit. The particular sequence networks are connected in such 
a way as to satisfy the particular fault type constraints. 
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Fig. 3.23. Connection of sequence networks for single phase-to-earth fault (a–E fault) 
involving fault resistance RF 

Figure 3.23 shows the connection of the sequence networks for a single phase-to-
earth fault: a–E fault. The sequence networks are connected in series and the triple 
fault resistance (3RF) is included in series as well. The series connection of Fig. 3.23 
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can also be applied for the remaining single phase-to-earth faults: b–E, c–E, however 
this makes it necessary to use the following sequences of phases: (b, c, a) and (c, a, b), 
respectively. 

In Fig. 3.24, equivalent circuit diagrams of double-circuit line for the positive- and 
negative-sequence are shown. 
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Fig. 3.24. Equivalent networks of double-circuit faulted line for: 
a) positive-sequence, b) negative-sequence 

In Fig. 3.25, equivalent circuits of double-circuit line, with both circuits in opera-
tion [B.1, B.9, 58, 63, 76, 158, 163, 189], for the zero-sequence are presented. As 
a result of mutual coupling of the line circuits, the current flowing in the faulted line 
SI–RI influences the voltage profile in the healthy parallel line SII–RII, and vice 
versa. In particular, in the faulted line (SI–RI) one can distinguish the following volt-
age drops (Fig. 3.25a): 
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• voltage drops resulting from the flow of the faulted line current: 

 SI00LI
A
0 IZdV =  (3.14) 

 )()1( F0SI00LI
B
0 IIZdV −−=  (3.15) 

• voltage drops resulting from the flow of the current in the healthy parallel line: 

 SII00m
C
0 IZdV =  (3.16) 

 SII00m
D
0 )1( IZdV −=  (3.17) 

In the healthy line (SII–RII) there are the following voltage drops (Fig. 3.25a): 
• voltage drops resulting from the flow of the healthy line current: 

 SII00LII
E
0 IZdV =  (3.18) 

 SII00LII
F
0 )1( IZdV −=  (3.19) 

• voltage drops resulting from the flow of the current in the faulted line: 

 SI00m
G
0 IZdV =  (3.20) 

 )()1( F0SI00m
H
0 IIZdV −−=  (3.21) 

The circuit of Fig. 3.25a can be transformed to the form shown in Fig. 3.25b, 
which is more convenient for use. For this purpose the voltage drop between the bus 
SI and fault point F is determined, taking into account (3.14), (3.16): 

 SII00mSI00LI
F)(SI

0 IZdIZdV +=−  (3.22) 

Adding and subtracting the term SI00m IZd  to the right-hand side of (3.22) leads to 
the following alternative form of (3.22): 

 SI00m0LISII0SI00m
F)(SI

0 )()( IZZdIIZdV −++=−  (3.23) 

Analogously, after taking (3.15) and (3.17), one obtains for the voltage drop be-
tween the fault point F and the bus RI: 

 )()1())()(1( F0SII0SI00mF0SI00m0LI
RI)(F

0 IIIZdIIZZdV −+−+−−−=−  (3.24) 
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Similarly, for the healthy line path (between buses SII, RII) one obtains: 

 )()1()()( F0SII0SI00mSII00m0LIISII0SI00m
RII)SII(

0 IIIZdIZZIIZdV −+−+−++=−  (3.25) 

Taking into account (3.23)–(3.25), the circuit of Fig. 3.25b is obtained. 
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Fig. 3.25. Equivalent networks of double-circuit faulted line with both lines 
in operation for zero-sequence: a) general circuit, b) alternative circuit 

In Fig. 3.26, the mutual coupling effect is depicted for a double circuit line with 
the healthy parallel line switched-off and earthed at both ends [58]. The particular 
voltage drops for both lines are expressed in the same way as for the case of both lines 
in operation (3.14)–(3.21). Usual unavailability of the zero sequence current from the 
healthy parallel line ISII0 causes difficulty in reflecting the mutual coupling effect in 
the fault location algorithms for this mode of operation. Therefore, it remains to esti-
mate this current, based on other measurements available [58]. 
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Fig. 3.26. Zero-sequence equivalent network for double-circuit line with faulted line 
in operation and parallel healthy line switched-off and earthed at both ends 

In the models presented so far (Figs. 3.19–3.20 and Figs. 3.22–3.26), only the se-
ries parameters of the line have been accounted for. These models can be used for 
short lines. For medium-length lines, typically ranging from 80 to 250 km, it is com-
mon to incorporate the shunt admittance to the line model [B.6]. Shunt conductance is 
usually neglected and only shunt capacitances of the line are considered for that. It is 
a common practice to lump the total shunt capacitance and insert half at each of the 
line section. In this way the nominal π circuit is obtained [B.6]. 
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Fig. 3.27. Equivalent circuit diagram of the network for the positive-sequence 
with the use of nominal π circuit for faulted line 

Figure 3.27 shows a positive-sequence circuit of the faulted line, for which both 
sections (S–F and F–R) are represented using the nominal π circuits. The parameter 
Y1L used in describing admittances of shunt branches denotes: 

 lL111L j CY ′= ω  (3.26) 
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where: 
L1C′  – line capacitance for the positive-sequence per unit length, 

l   – line length, 
1ω  – angular fundamental frequency. 

The equivalent circuit diagrams for the remaining sequences are obtained analo-
gously. 

Figure 3.28a presents a model of the line section between the bus S and the fault 
point F (as applied in Fig. 3.27). Note that a sought distance to fault (d) is used for 
determining both the series impedance dZ1L and shunt admittance 0.5dY1L. However, 
it is inconvenient for performing fault location calculations. In order to make the 
calculation simpler, the iterative calculations are usually performed in such a way 
that the unknown fault distance is left in the current iteration (n) as related to the se-
ries impedance d(n)Z1L (Fig. 3.28b). On the other hand, the shunt admittance is deter-
mined using the fault distance from the previous iteration (n – 1): 0.5d(n–1)Y1L at both 
ends of the faulted section (Fig. 3.28b). When starting the iterative calculations (itera-
tion number: n = 1) one takes the fault distance obtained under neglecting the shunt 
admittance (Y1L = 0) as the fault distance from the previous iteration (iteration number: 
n – 1 = 0). 
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a) b)

Fig. 3.28. Model of faulted line section from the side S for the positive-sequence: 
a) basic model, b) model used in simple iterative fault location calculations 

3.2.2. Distributed-parameter models 

For short and medium-length lines using the lumped-model is usually sufficient. In 
order to improve fault location accuracy, especially in the case of long-length lines, 
the distributed nature of overhead line parameters has to be considered. 

In the distributed parameter-parameter line model the voltage and current along the 
line are functions of the distance x (point X) from the sending end (S) of the line and 
the time t (Fig. 3.29). The voltage v(x, t) and current i(x, t) are related with the pa-
rameters of the line ( , , LR′ LL′ LC′  – resistance, inductance and capacitance of the line 
per unit length) by the so called Telegrapher’s Equations [B.2, B.11, 46]: 
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Note that in (3.28) the line conductance is neglected, which is a common practice. 
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Fig. 3.29. Distributed-parameter model of unfaulted long overhead line 

Partial differential equations (3.27)–(3.28) can be solved using the method of char-
acteristics developed by Collatz [B.2]. For this purpose the modified Telegrapher’s 
Equations are formulated: 

 ),(),(),( 2 txi
t

txi
x

txu ηχ −=
∂

∂
−

∂
∂   (3.29) 

 0),(),(
=

∂
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−
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txi
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txu  (3.30) 

where: 
),(),( L txvCtxu ′−= , 

LLCL ′′=χ , 

LLCR ′′=η . 
The travelling waves method is applied as the alternative to solving the partial dif-

ferential equations (3.29)–(3.30). In this method, the voltage and current are consid-
ered as two components: the forward and backward travelling waves [B.11]. 

A distributed-parameter model of an overhead line can also be applied for phasors. 
In this case, the so-called equivalent π circuit [B.6] is utilised. In Fig. 3.30, two such 
circuits are used for representing both line sections S–F and F–R. The model of 
Fig. 3.30 is for the general case, i.e. for the i-th symmetrical component, where: i = 
1 – positive-sequence, i = 2 – negative-sequence, i = 0 – zero-sequence. 
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Fig. 3.30. Distributed-parameter model of faulted line for the i-th symmetrical component 

In Figure 3.30, both the series and shunt parameters of the line are distributed-
parameters and are expressed using: 

• surge impedance of the line for the i-th sequence: 

 
L

L
c

i

i
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Y

ZZ
′

′
=  (3.31) 

• propagation constant of the line for the i-th sequence: 

 LLγ iii
YZ ′′=  (3.32) 

Using the equivalent π circuit model, the voltage and current, for example, from 
the sending end S can be analytically transferred to the fault point F (Fig. 3.30) ac-
cording to: 

 iiiiii IdZVdV ScSF )γsinh()γcosh( ll −=  (3.33) 

 iiii
i

i IdVd
Z

I SS
c

SS )γcosh()γsinh(1
ll +−=  (3.34) 

Alternative representation of the faulted line, based on the distributed-parameter 
line model is depicted in Fig. 3.31 [B.6]. Both the series impedances and shunt admit-
tances are expressed as the lumped parameter multiplied by the respective correction 
factor: 

• correction factors for series impedances: 
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• correction factors for shunt admittances: 
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Using the correction factors (3.35)–(3.38) allows us to recalculate the lumped pa-
rameters into the distributed ones. 
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Fig. 3.31. Distributed-parameter model of faulted line for the i-th symmetrical component, 
with use of the correction factors for representing series and shunt parameters 

In Fig. 3.32, the distributed-parameter model of faulted line for the i-th symmetri-
cal component for application to simplified iterative fault location calculations is pre-
sented. The model of Fig. 3.32 is simpler in comparison to the strict model of Fig. 
3.31. The unknown fault distance in the model of Fig. 3.32, which is calculated in the 
current iteration (iteration number n): d(n), is involved only to represent the series im-
pedances. The shunt parameters are represented by the fault distance value obtained in 
the previous iteration: d(n–1). Also this value of fault distance is used for calculating all 
correction factors: 
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Fig. 3.32. Distributed-parameter model of faulted line for the i-th symmetrical component 
for application to simplified iterative calculations in fault location 

3.2.3. Modal transformation 

The symmetrical components approach was used in the preceding sections for pre-
senting different line models. Yet, there is another technique based on modal trans-
formation which considers the general case of untransposed line [B.5].  

Using the modal transformation [B.5, 74] the line impedance matrix Z and admit-
tance matrix Y are transformed into the matrices Zmode, Ymode: 

  (3.43) i
1–

vmode ZTTZ =

  (3.44) v
1–

imode YTTY =

where the superscript (–1) denotes the matrix inversion. 
The transformation (3.43)–(3.44) is performed in such a way that the matrices 

Zmode, Ymode are diagonal, which means that the three-phase coupled network becomes 
decoupled into three decoupled single phase networks. 

Three-phase voltage V and current I matrices are transformed into the modal ma-
trices Vmode, Imode. This is performed using the matrices Ti, Tv (used in (3.43) and 
(3.44)): 

  (3.45) VTV 1–
vmode =

  (3.46) ITI 1–
imode =

For balanced (equally transposed) three-phase lines, both matrices Ti, Tv are iden-
tical and are composed of the different real value elements such as: 
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• Clarke transformation (also called the α–β transform): 
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• Karrenbauer transformation: 
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• Wedepohl transformation: 
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In the case of untransposed lines, there is also a possibility of determining the 
transformation matrices Tv, Ti, which are not identical. They can be applied for trans-
forming the coupled phase quantities to decoupled modal quantities based in eigen-
value/eigenvector theory [74]. 

 



4. Transmission line faults 

4.1. Introduction 

There are various causes of faults occurring in power systems. Breakdown of the 
insulation can be caused by lightning strokes on overhead lines. As a result, the con-
nection with earth via an earth wire is established. Also such earth connection occurs 
when a tree or a man-made object provides the connecting path. Some faults are also 
caused by switching mistakes of the station personnel. 

Power system faults can be shunt, series or a combination of shunt and series faults. 
Under a shunt fault there is a flow of current between two or more phases, or between 
phase(s) and earth. A series fault is an abnormality at which the impedances of the three 
phases are not equal, usually caused by the interruption of one or two phases. 

Most of the power system faults occur in transmission networks, especially on 
overhead lines. Lines are the elements in the system that are in charge of transporting 
important bulks of energy from generator plants to load centres. Due to their inherent 
characteristic of being exposed to atmospheric conditions, transmission lines have the 
highest fault rate in the system. Therefore, a number of researchers have devoted great 
effort to the line protection and fault location. 

There are known various fault statistics, which are related to different voltage lev-
els, technical and weather conditions. All of them unambiguously indicate that around 
75% of the total number of power system faults occur in transmission networks. This 
fact reveals very high importance of fault analysis for transmission networks. 

4.2. Fault types 

Faults on EHV/UHV overhead lines are in majority single-phase-to-ground arcing 
faults and are temporary in most cases. Therefore, protective relays are provided with 
the automatic reclosing function [6, 25, 166]. This function allows the line to be re-
closed and kept in operation after the fault has disappeared because the arc can self-
extinguish. The circuit breakers can operate on a single phase (single pole) or on all 
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three phases. For applying a proper autoreclosing option the fault type is required to 
be correctly recognized by the fault location techniques [27, 95, 101]. 

The main characteristic of faults is related with the fault impedance involved, 
which can basically be considered as fault resistance. In this respect, the faults are 
categorized as bold and resistive ones, respectively. Usually, for inter-phase faults, 
fault resistances are small and in general do not exceed 0.5 Ω. They may, however, 
become much higher during earth faults, because tower footing resistance may be as 
high as 10 Ω [98]. If there is a flashover of an insulator, the connection of towers with 
earth wires makes the resulting fault resistance smaller. In practice, it seldom exceeds 
3 Ω. For some earth faults the fault resistances may become much higher, which hap-
pens in cases of fallen trees, or if a broken conductor lays on the high-resistive soil. 

For formulating fault location algorithms mostly the basic linear models of faults, 
such as presented in Fig. 4.1, are considered. The fault resistance involved is denoted by 
RF and the resistance connected to an earth in the case of inter-phase faults involving earth 
(Fig. 4.1c, e) by RE. Note that it is assumed that the fault resistance RF for inter-phase 
faults (Fig. 4.1.b–e) is identical in all phases. Such basic fault models are considered for 
both the symmetrical components approach and the phase co-ordinates approach as well. 
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Fig. 4.1. Typical shunt faults: a) phase-to-earth, b) phase-to-phase, 
c) phase-to-phase-to-earth, d) three-phase, e) three-phase-to-earth 
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Besides numerous fault location techniques considering the basic linear fault mod-
els, there have also been developed some algorithms treating faults as of non-linear 
character, i.e. considering the electric arc phenomenon [24, 26, 105, 106, 136]. Also, 
this phenomenon is widely used in digital simulations [93, 94, 122] aimed at evaluat-
ing the performance of the algorithms based on the linear fault models.  

Broken conductor or open conductor failure in one phase (phase a) is shown in Fig. 
4.2a. However, such failure may also happen in two phases. Broken conductor failure may 
also occur as coupled with this phase-to-earth fault (Fig. 4.2b, c). For such combined 
faults, different sequences, as seen from the measuring point (M in Fig. 4.2b, c) can be 
considered. For a fault from Fig. 4.2b, an open conductor failure is located outside the 
fault loop seen from the measuring point, while inside it for the case of Fig. 4.2c. Such two 
combined faults (Fig. 4.2b, c) impose different conditions on fault location [54]. 
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Fig. 4.2. Broken conductor faults: a) broken conductor failure alone, 
b) phase-to-earth fault with broken conductor, c) broken conductor with phase-to-earth fault 
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Fig. 4.3. Phase-to-earth fault combined with phase-to-phase fault 

Sometimes more than one fault can occur simultaneously. For example, these may 
all be shunt faults, as shown in Fig. 4.3, where phase-to-earth fault occurs in combina-
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tion with phase-to-phase fault for the remaining phases. In general, different fault re-
sistances (RF1, RF2) can be involved in these faults. 

Double faults [134] are considered as faults to earth, occurring simultaneously at 
two different locations in one or several circuits. In Fig. 4.4a, such a fault, also called 
a cross-country fault is shown as occurring on double-circuit line. 

Flashover faults on double-circuit line (Fig. 4.4b) are usually caused by lightning 
stroke to an earth wire or tower, or due to a direct lightning stroke to a phase conduc-
tor [B.3]. 
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Fig. 4.4. Faults on double-circuit lines: 
a) cross-country earth fault, b) flashover fault to earth 

A fault involving two different nominal power system voltages is called an inter-
system fault. Such faults can occur on transmission lines hanged on the same tower 
and rated at different voltages. 

Besides the faults described, there are also multiple faults, as for example, faults to 
earth occurring simultaneously at more than two different locations in one or several 
circuits originated from a common source. 

4.3. Fault statistics 

Numerous statistics data concerning power system faults are available in the litera-
ture and internet. They differ depending on which power system element is considered 
and on voltage level. In order to be acquainted briefly with the fault statistics for 
power transmission lines, in Tables 4.1 and 4.2 the representative data [B.9], [B.10] is 
provided. In general, the number of faults decreases with an increase of the voltage 
level (Table 4.1). As regards the fault type, it is the single phase-to-earth faults that 
most frequently occur (Table 4.2). 
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Table 4.1. Number of faults on lines of different voltage levels (fault/year/100 km) 

Voltage level 
Source of information 

200÷250 kV 300÷500 kV 
Poland 3÷5 1÷3 
CIGRE 0.4÷10.4 0.4÷4.68 
IEEE 1.24 0.83 
NORDEL  
(Denmark, Norway, Iceland, Finland, Sweden)* 

1.0 0.3 

Former Soviet Union 1.5 1 
* NORDEL statistics is available at: www.nordel.org 

 

Table 4.2. Statistics of different fault types occurring on lines of different voltage levels 
(fault/year/100 km) 

Voltage level 
Fault type 

200÷250 kV 300÷500 kV 
Single phase-to-earth faults 2.64 2.2 
Phase-to-phase-to-earth faults 0.56 0.16 
Faults involving more than one circuit of a line 0.11 0.06 
Faults involving circuits of lines of different voltage levels 0.005 0.004 

4.4. Models of resistive faults in symmetrical components 

There is a wide group of fault location algorithms which require determining the 
total fault current (IF), i.e. the current flowing through the fault path resistance. These 
are mainly fault location algorithms utilising one-end measurement. Also majority of 
two-end or multi-end fault location algorithms, but not utilising complete three-phase 
voltage and current measurements, belong to this group. Use of complete measure-
ments of three-phase voltage and current at both ends, or at all ends in the case of 
multi-terminal lines, allows avoiding determination of the total fault current. 

In general, since the total fault current (IF) is immeasurable quantity, therefore it 
can be calculated [59, 66] or estimated [B.9, 31, 63] by expressing it with the meas-
ured quantities, the network parameters and the unknown distance to fault. If the cur-
rents from all line terminals are available, then the total fault current can be calculated. 
However, since the required total fault current is calculated with use of the distant 
measurements, a special calculation method aimed at minimizing the influence of the 
line shunt capacitances charging has to be applied [66]. In case the currents from all 
line terminals are not available, then the total fault current has to be estimated. 

However, for both the above mentioned cases (calculation or estimation of the to-
tal fault current) the total fault current can be expressed as the following weighted sum 
of its symmetrical components: 
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 F2F2F1F1F0F0F IaIaIaI ++=  (4.1) 

where: 
aF0, aF1, aF2 – weighting coefficients (complex numbers), dependent on fault type 

and the assumed priority for using particular symmetrical components, 
IF0, IF1, IF2 – zero-, positive- and negative-sequence components of total fault cur-

rent, which are to be calculated or estimated. 
Determination of the total fault current (4.1) is required for reflecting the voltage 

drop across the fault path (VF) in the fault loops considered in the fault location algo-
rithms: 

 FF IRV F=  (4.2) 

Depending on the fault type, the phase-to-earth or phase-to-phase fault loops are 
considered, as for the protective distance relays [B.3, B.9, 31, 63]. 

It appears that there is some freedom in setting the weighting coefficients in (4.1). 
Example 4.1 illustrates this for a phase ‘a’ to earth fault. 

Example 4.1. Determination of the weighting coefficients for a–E fault 

At the place of the fault occurring in the phase ‘a’ there is a flow of the total fault 
current: IF = IFa, while in the remaining phases IFb = 0, IFc = 0. Calculating the symmet-
rical components of the total fault current and taking into account the constraints for 
the fault considered, one obtains: 
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which results in: 

FaF2F1F0 3
1 IIII === . 

It follows from the above that the total fault current (IF = IFa) can be expressed in 
the following alternative ways, depending on which symmetrical component is pre-
ferred: 

• F2F1F0F IIII ++= , 
• F1F 3II = , 
• F2F 3II = , 
• F0F 3II = , 
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• F2F1F 5.15.1 III += , and 
• others not listed here. 
Different priority with respect to using the particular symmetrical components 

[B.9, 31, 63] can be applied, as for example: 
• use of the zero-sequence is generally avoided since the zero-sequence impedance 

for the overhead line is considered as uncertain parameter, 
• use of the negative-instead of positive-sequence is preferred, because the line 

shunt capacitance charging is more extensive for the positive-sequence, 
• use of both positive- and negative-sequence, excluding the zero-sequence 

( F2F1F 5.15.1 III +=  for the fault considered in the above example) is preferred, as it 
allows the calculations to be made simpler [31, 62], 

• instead of using the positive-sequence components, which for three-phase bal-
anced faults are present alone, the superimposed positive-sequence components are 
recommended due to less shunt capacitance effect [2, 3, 4, 127]. 

Tables 4.3–4.6 gather alternative sets of the weighting coefficients for different 
faults, depending on the assumed priority for using respective sequences. 

Table 4.3. Set of weighting coefficients from (4.1) with eliminating zero-sequence 
and giving priority to using negative- over positive-sequence 

Fault 
type Total fault current aF1 aF2 aF0 

a–E IFa 0 3 0 

b–E IFb 0 3j1.51.5 +−  0 

c–E IFc 0 3j1.51.5 −−  0 

a–b IFa–IFb 0 3j1.51.5 −  0 

b–c IFb–IFc 0 3j0.5  0 

c–a IFc–IFa 0 3j0.51.5 −−  0 

a–b–E IFa–IFb 3j0.51.5 +  3j0.51.5 −  0 

b–c–E IFb–IFc 3j−  3j  0 

c–a–E IFc–IFa 3j0.51.5 +−  3j0.51.5 −−  0 

a–b–c 
(a–b–c–E)* IFa–IFb 3j0.51.5 +  3j0.51.5 − ** 0 

 *   – inter-phase fault loop (a–b) is considered, however, the other fault loops 
        (b–c), (c–a) can be taken as well, 
** – this coefficient is different from zero, however the negative-sequence is not 
        present in signals. 
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Table 4.4. Set of weighting coefficients from (4.1) with eliminating zero-sequence 
and giving priority to using positive- over negative-sequence 

Fault type Total fault current aF1 aF2 aF0 

a–E IFa 3 0 0 

b–E IFb 3j1.51.5 −−  0 0 

c–E IFc 3j1.51.5 +−  0 0 

a–b IFa–IFb 3j0.51.5 +  0 0 

b–c IFb–IFc 3j−  0 0 

c–a IFc–IFa 3j0.51.5 +−  0 0 

a–b–E IFa–IFb 3j0.51.5 +  3j0.51.5 −  0 

b–c–E IFb–IFc 3j−  3j  0 

c–a–E IFc–IFa 3j0.51.5 +−  3j0.51.5 −−  0 

a–b–c 
(a–b–c–E)* IFa–IFb 3j0.51.5 +  3j0.51.5 − ** 0 

 * and ** – remarks as in Table 4.3. 

Table 4.5. Set of weighting coefficients from (4.1) with eliminating zero-sequence 
and using both positive- and negative-sequence 

Fault type Total fault current aF1 aF2 aF0 

a–E IFa 1.5 1.5 0 

b–E IFb 375.0j75.0 −−  375.0j75.0 +−  0 

c–E IFc 375.0j75.0 +−  375.0j75.0 −−  0 

a–b IFa–IFb 325.0j75.0 +  325.0j75.0 −  0 

b–c IFb–IFc 35.0j−  35.0j  0 

c–a IFc–IFa 325.0j75.0 −  325.0j75.0 −−  0 

a–b–E IFa–IFb 3j0.51.5 +  3j0.51.5 −  0 

b–c–E IFb–IFc 3j−  3j  0 

c–a–E IFc–IFa 3j0.51.5 +−  3j0.51.5 −−  0 

a–b–c 
(a–b–c–E)* IFa–IFb 3j0.51.5 +  3j0.51.5 − ** 0 

 * and ** – remarks as in Table 4.3. 
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Table 4.6. Set of weighting coefficients from (4.1) with possible elimination of 
using positive-sequence 

Fault type Total fault current aF1 aF2 aF0 
a–E IFa 0 3 0 
b–E IFb 0 3j1.51.5 +  0 

c–E IFc 0 3j1.5–1.5–  0 

a–b IFa–IFb 0 3j0.5–1.5  0 

b–c IFb–IFc 0 3j  0 

c–a IFc–IFa 0 35.0j5.1 −−  0 

a–b–E IFa–IFb 0 3j3 −  3j  

b–c–E IFb–IFc 0 32j  3j  

c–a–E IFc–IFa 0 3j3 −−  3j  

a–b–c 
(a–b–c–E)* IFa–IFb 3j0.51.5 +  3j0.51.5 − ** 0 

 * and ** – remarks as in Table 4.3. 

In some fault location algorithms [23] the following relation between the zero-
sequence component of the total fault current and the remaining components for faults 
involving earth is utilised: 

 F2F2F1F1F0 IbIbI +=  (4.3) 

where F1b , F2b  – coefficients dependent on fault type (Table 4.7). They are derived 
taking into account the constraints of the particular fault (Example 4.2 for b–c–E fault). 
There are two alternative sets (SET I and SET II in Table 4.7). 

Table 4.7. Coefficients used in relation (4.3) 

SET I SET II 
Fault type 

F1b  F2b  F1b  F2b  

a–E 0 1 1 0 

b–E 0 35.0j5.0 +−  35.0j5.0 −−  0 

c–E 0 35.0j5.0 −−  35.0j5.0 +−  0 

a–b–E 35.0j5.0 −  35.0j5.0 +  

b–c–E –1 –1 

c–a–E 35.0j5.0 +  35.0j5.0 −  
as in SET I 
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Example 4.2. Determination of the coefficients involved in (4.3) for b–c–E fault 

At the fault place in the healthy phase ‘a’ there is no current, IFa = 0. Taking this, 
the symmetrical components of the total fault current are as follows: 
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The sum of positive- and negative-sequence currents equals: 

))aa()aa((
3
1

Fc
2

Fb
2

F2F1 IIII +++=+  

Taking into account the identity ,0aa1 2 =++  one obtains: 

)(
3
1

FcFbF2F1 IIII −−=+  

Finally, one obtains: 

F2F1F0 III −−=  

The coefficients for the b–c–E fault considered are thus: 1F1 −=b , . 1F2 −=b

4.5. Models of resistive faults 
in phase co-ordinates 

If a line considered is untransposed or if there are devices switched into the line 
which during faults introduce additional asymmetry, a description of the faulted 
network can be performed using the phase co-ordinates approach [74, 75, 121, 
150]. Series capacitors equipped with metal-oxide varistors are such devices [45, 55, 
150]. 

Figure 4.5 presents a general fault model [B.9, 151, 157, 158, 159]. It allows dif-
ferent faults to be represented by assuming for the resistors R: 

• R = RF, if the particular connection exists due to the fault (RF denotes the fault re-
sistance), 

• normally-open switch, if there is no such connection. 
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R R
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Fig. 4.5. General fault model 

Using the phase co-ordinates approach, a fault can be described with the following 
matrix formula:  

 FF
F

F
1 VKI
R

=  (4.4) 

where: 
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V  – total fault current and voltage drop at fault column ma-

trices, 

⎥
⎥
⎥

⎦

⎤

⎢
⎢
⎢

⎣

⎡
=

cccbca

bcbbba

acabaa

F

kkk
kkk
kkk

K  – fault matrix, the elements of which are dependent on fault 

type, 
RF – fault resistance (Fig. 4.5). 
Fault matrix KF for different fault types is built in the following two-step proce-

dure: 
Step I – calculate the diagonal and off-diagonal elements of the auxiliary matrix 

(KF): 

 . (4.5) c b, a, ,      
otherwise,0  

fault in the involved are  , phases if,1
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= ji
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kij
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Note that the diagonal elements of the auxiliary matrix, which is to be recalculated 
in Step II, are given in parentheses (...). 

Step II – substitute the result of summing of absolute values in the respective col-
umn for each diagonal element of the auxiliary matrix obtained in Step I:  

 . (4.6) cb,a,       ||
c

a

== ∑
=

=

ikk
j

j
ijii

Use of this two-step procedure is explained in detail in Example 4.3. 

Example 4.3. Determination of the fault matrix KF for a–b–E fault 

Phases ‘a’ and ‘b’ are involved in this fault and thus the following settings in the 
auxiliary matrix (KF) are made: 

1aa −=k ,  (since there are connections of phases ‘a’ and ‘b’ to earth), 1bb −=k
1baab −== kk  (since there is an interconnection between phases ‘a’ and ‘b’), 

while the remaining elements are set to zero.  
As a result, one obtains the auxiliary matrix in the form: 
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The sums of absolute values of the elements in the respective columns are substi-
tuted for the related diagonal elements of the auxiliary matrix: 

• 1st column: |(–1)| + |–1| + 0 = 2 = kaa, 
• 2nd column: |–1| + |(–1)| + 0 = 2 = kbb, 
• 3rd column: 0 + 0 + (0) = 0 = kcc. 
Making these substitutions, one obtains the final form of the fault matrix for  

a–b–E fault: 

⎥
⎥
⎥

⎦

⎤

⎢
⎢
⎢

⎣

⎡
−

−
=

000
021
012

F  K  

Table. 4.8. Steps I and II of determining fault matrix KF for different faults 

Fault type STEP I (4.5) STEP II (4.6) 
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(to be continued) 
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(Table 4.8 continued) 
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4.6. Arcing faults 

According to the fault current state, the fault arc [73, 94, 166] is classified as: 
• primary arc, 
• secondary arc. 
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Primary arc occurs during flash-over of the line insulator string, caused by light-
ning stroke or other reasons. Secondary arc follows the primary one when the faulted 
phase circuit breaker trips, as is sustained by mutual coupling between the healthy and 
faulted phases. 

Primary arc appears after fault inception and lasts until single-phase tripping of the 
faulted phase. It shows generally a deterministic behaviour as observed in the field 
and laboratory arc tests [174]. After isolating the fault (by single-phase tripping) there 
is a secondary arc, which is sustained by the capacitive and inductive coupling to the 
sound phases. The secondary arc usually self-extinguishes. The secondary arc has 
extremely random characteristics affected by the external conditions around the arc 
channel. 

A vast majority of fault location algorithms process current and voltage signals of 
the fault interval (starting from the fault inception until the circuit breaker operation) 
and in some cases of the pre-fault interval (just before the fault inception). For these 
algorithms the primary arc is of interest. However, it mainly concerns simulations 
performed for evaluating the fault location algorithms under study. This is so since 
vast majority of fault location algorithms apply linear model of the fault path for their 
formulation. Only few fault location algorithms take into account the primary arc 
model. 

In [169], it is shown that by measuring voltage on the line-side of a circuit breaker, 
the location of a permanent fault can be calculated using the transient caused by the 
fault clearing operation of the circuit breaker. Due to the fault clearing operation of the 
circuit breaker, a surge is initiated and travels between the opened circuit breaker and 
the fault, if the latter is still present. The distance to fault is determined by measuring 
the propagation time of the surge from the opened circuit breaker to the fault. In this 
relation, modelling the secondary arc is important. 

4.6.1. Dynamic model of arc 

The dynamic voltage-current characteristics of the electric arc have features of 
hysteresis. Extensive studies in [73, 94, 166] have shown that the dynamic volt-
ampere characteristics of the electric arc can be exactly simulated by the empirical 
differential equation: 

 )(1
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kk
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k gG
Tt

g
−=  (4.7) 

where: 
the subscript k indicates the kind of arc (k = p for primary arc, k = s for secondary 

arc), 
gk – dynamic arc conductance, 
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Gk – stationary arc conductance, 
Tk – time constant. 
The stationary arc conductance Gk can be physically interpreted as the arc conduc-

tance value when the arc current is maintained for a sufficiently long time under con-
stant external conditions. So, Gk is the static characteristic of the arc, which can be 
evaluated from: 
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where: 
i – instantaneous arc current, 
v0k– arc voltage drop per unit length along the main arc column, 
R – characteristic arc resistance per unit length, 
lk – arc length. 
For the primary arc v0p is constant and equal to about 15 V/cm for the range of cur-

rent 1.3÷24.0 kA [29] and lp may be assumed constant and somehow wider than the 
length of the line insulator string. The value of the constant voltage parameter of the 
secondary arc v0s is evaluated empirically on the basis of numerous investigation re-
sults in the range of low values of current, collected in [29]. For the range of peak 
currents Is, from approximately 1÷55 A it can be roughly defined as  
V/cm [166]. 
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The arc length of the secondary current ls changes with time, and for relatively low 
wind velocities (up to 1 m/s), it can be approximated as rps 10 tll =  for  but 
when the secondary arc re-ignition time 

s 1.0r >t
s 1.0r ≤t : ps ll = . 

The secondary arc re-ignition voltage (in V/cm) can be calculated using the em-
pirical formula [166]: 
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where: 
Te – secondary arc extinguishing time (when tr ≤ Te, vr = 0), 
Is – peak value of current on the volt-ampere arc characteristic. 
Time constants are determined as follows [166]: 
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where αk – empirical coefficients. 
The empirical coefficients αk can be obtained by fitting equation (4.7) with equa-

tions (4.8) and (4.10) to match the experimental dynamic volt-ampere characteristics 
of the heavy- and low-current arcs, accordingly. 
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The model (4.7) allows the arc conductance g(t) to be determined, from which the 
arc resistance rarc(t) = 1/g(t) is calculated. 

Using the ATP-EMTP program [B.5] for arc fault simulation, the arc can be re-
flected with the non-linear resistor – defined in the ELECTRICAL NETWORK unit, 
while the arc model – in the MODELS (Fig. 4.6). The arc current as the input quantity 
is measured on-line and the non-linear differential equation (4.7) is being solved. As 
a result, the arc resistance is determined and transferred for fixing the resistance of the 
resistor modelling the arc. 
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Fig. 4.6. Modelling of primary arc with ATP-EMTP – interaction between the program units 
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(Fig. 4.7 to be continued) 
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Fig. 4.7. Modelling of primary arc with ATP-EMTP: 
a) arc current and voltage, b) arc voltage vs. arc current (for a single cycle), c) arc resistance 

4.6.2. Static model of primary arc 

For many applications a simpler static model of the primary arc is utilised [24, 25]. 
Voltage drop across an arc is determined as: 
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 )()](signum[)( a ttiVtv ξ+= , (4.11) 

where: 
ppa lVV =  – magnitude of rectangular wave (Vp, lp – as in (4.8)), 

)(tξ  – Gaussian noise with zero average value. 
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Fig. 4.8. Static model of primary arc: 
a) arc current and voltage, b) arc voltage versus arc current 

Figures 4.8a and b present typical shapes of the arc voltage and current, and the arc 
voltage versus arc current, respectively. 
 



5. Measurement chains of fault locators 

5.1. Introduction 

The input signals of fault locators bring information on a fault, which is an abnor-
mal power system state. Power system faults cause a change in the current and voltage 
signals, with respect to both steady and transient states. These signals with the abrupt 
steady state level change, and being contaminated with the transient components, are 
delivered to fault locator inputs via the measuring chains. 

Functional structure of voltage and current measurement chains of a fault locator is 
shown in Fig. 5.1. Three-phase voltage and current from a power system are trans-
formed with use of instrument voltage and current transformers to the reduced level. 
The secondary signals of these transformers are rated at around 100 V (voltage) and 1 A 
or 5 A (current). Then, matching transformers provide adequate level of the signals to 
electronic devices. Prior to the analogue to digital (A/D) conversion, analogue low-
pass filters are used for both voltage and current signals. 

POWER
SYSTEM

VOLTAGE
TRANSFORMERS

MATCHING
TRANSFORMERS

ANALOGUE
LOW-PASS

FILTERS
A/D

CURRENT
TRANSFORMERS

MATCHING
TRANSFORMERS

ANALOGUE
LOW-PASS

FILTERS
A/D

vp

ip

vs

is

v2(n)

i2(n)

 

Fig. 5.1. Structure of voltage and current measurement chains 

Since in the majority of applications, classical electromagnetic voltage and current 
instrument transformers are utilised, our attention will be solely paid to them. There is 
a common opinion that a long time is still to pass before new unconventional instru-
ment transformers [96, 97, 99, 124] become predominant in transforming signals from 
a power system to protection, monitoring, control and measuring devices. 

Due to certain construction limitations both the instrument voltage (CVTs) and 
current (CTs) transformers exhibit undesired dynamic behaviour under short-circuits 



Measurement chains of fault locators 77

in the power system. As a result, malfunction or substantial delay in the tripping of 
protective relays may take place [37, 50, 51, 56, 86, 175, 185]. Undesired steady state 
and dynamic behaviour of instrument transformers influence a fault location as well 
[4, 65, 100, 131, 137, 149]. A lot of effort has recently been taken towards compensat-
ing the protective transformers for their transient errors. The aim of such compensa-
tion is to obtain reasonably accurate replica of the primary currents and voltages. The 
other possibility is based on minimising the influence of transient errors of instrument 
transformers on operation of both relaying and fault location algorithms. 

5.2. Voltage transformers 

At transmission and sub-transmission voltage levels the instrument-level voltage 
signals for protective, monitoring and measuring devices is provided by means of 
capacitive voltage transformers (CVTs). A CVT provides a cost-effective way of ob-
taining secondary voltage for HV and EHV systems [56, 86, 90, 176]. Its functional 
scheme is depicted in Fig. 5.2. Besides the primary (vp) and secondary (vs) voltages 
one can also distinguish the intermediate voltage (vi), which is usually at the level of 
around 20 kV. 
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vi vs
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CR IVT

HV
B

U
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D
EN

 

Fig. 5.2. Schematic diagram of CVT: C1, C2 – stack capacitors; CR – compensating reactor; 
IVT – inductive step-down transformer; A-FSC – anti-ferroresonance suppressing circuit; 

BURDEN – CVT burden imposed by connected protective and other devices 

5.2.1. Transient performance of capacitive voltage transformers 

The dynamics of a CVT is determined by two factors [56, 86]: 
• non-linear oscillations under saturation of magnetic core of the CVT step-down 

inductive voltage transformer, 
• discharging of the CVT internal energy during short circuits on the transmission 

line. 
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Non-linear oscillations can appear when the operating point of the magnetizing 
characteristic of the step-down transformer is shifted to the saturation region. CVTs 
are therefore equipped with special anti-ferroresonance circuits (Fig. 5.3) for avoiding 
stabilization of the sub-harmonics [90, 184]. In Figs. 5.4 and 5.5, examples of wave-
forms of CVT secondary voltage under interruption of the short-circuit of the secon-
dary terminals are shown. For a CVT unequipped with anti-ferroresonance circuit 
(Fig. 5.4) intensive contamination with the third sub-harmonic component is observed. 
Equipping a CVT with properly designed anti-ferroresonance circuit allows effective 
damping of non-linear oscillations (Fig. 5.5). 
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Fig. 5.3. Examples of anti-ferroresonance suppressing circuits: a) passive, b) active 
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Fig. 5.4. Example of the waveform of CVT secondary voltage for CVT unequipped 
with anti-ferroresonance suppressing circuit under interruption of short-circuit of secondary terminals 
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Fig. 5.5. Example of the waveform of CVT secondary voltage for CVT equipped 
with anti-ferroresonance circuit suppressing effectively ferroresonance 

under interruption of short-circuit of secondary terminals 

Anti-ferroresonance circuits, however, affect the transients of the second kind. 
Discharging the CVT internal energy (accumulated in the stack capacitors and the 
compensating reactor of a CVT during the pre-fault state) – to the level determined by 
the reduced post-fault primary voltage – results in considerable distortion of the sec-
ondary wave [50, 56, 86, 90, 146]. The higher the reduction of the primary voltage, 
the more extensive transients induced by the CVT itself occur (Figs. 5.6 and 5.7). Es-
pecially, faults at zero crossing of the primary voltage result in substantial transient 
errors that, in turn, affect the operation of supplied protective relays. CVT transients 
may occur during changes in system operating states either due to normal switching 
operations or due to the occurrence of faults. 

Among different CVT parameters, the stack capacitances influence the CVT-
generated transients. In reference [86], two types of a CVT are distinguished: 

• “high-C CVT” – the sum of stack capacitances below some 100 nF, 
• “extra high-C CVT” – the sum of stack capacitances above some 100 nF. 
Typical CVT-generated transients for these CVT types are shown in Figs. 5.6 and 

5.7. A detailed analysis of these transients is made in [86]. 
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Fig. 5.6. Sample transients for high- and extra-high-C CVTs 
when primary voltage drops to zero under zero crossing 
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Fig. 5.7. Sample transients for high- and extra-high-C CVTs 
when primary voltage drops to zero from the voltage peak 

5.2.2. Dynamic compensation of capacitive voltage transformers 

In [56], it has been proposed to reject the CVT induced transients from the voltage 
signal with the use of digital compensation algorithm based on inversion of the CVT 
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simplified transfer function. In Fig. 5.8, a general CVT equivalent circuit diagram [90] 
is shown. Simplifying this model one obtains a model as shown in Fig. 5.9. 
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Fig. 5.8. General equivalent circuit diagram of CVT 
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Fig. 5.9. Simplified circuit diagram of CVT equipped with passive anti-ferroresonance circuit 

The following simplifications have been made for obtaining a simplified circuit 
diagram of Fig. 5.9, i.e. in order to facilitate the design of the compensating algorithm: 

• The saturation of the step-down inductive transformer is neglected since short-
circuits result rather in reduction of the primary voltage, which moves the operating 
point of the magnetic core down from the rated position. 

• The ideal transformation of the step-down transformer is assumed, which means 
that the parameters Lp, Rp, Lm, RFe, Ls, Rs and all stray capacitances in the equivalent 
circuit diagram from Fig. 5.8 are neglected. 

• All the remaining parameters are related to the primary side of the step-down in-
ductive transformer. 

• The Thevenin theorem is applied to the primary voltage and the capacitor stack. 
Under these assumptions, the model from Fig. 5.8 reduces to a simple circuit dis-

played in Fig. 5.9, for which the transfer function takes the form: 
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where A3, A2, B4, B3, B2, B1, B0 – coefficients duly expressed by the equivalent circuit 
diagram parameters. 

In order to exactly reproduce the primary voltage, the ideal compensator at the 
CVT output must be applied in such a way that: 
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Direct inversion of the transfer function (5.1) appears troublesome due to its dou-
ble zero at the origin. Therefore, the following modified transfer function of the com-
pensator has been proposed: 
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where A4, A5, A6, A7 – coefficients to be selected. 
Applying the compensator of the transfer function (5.3) allows all the poles 

of the CVT transfer function (5.1) to be compensated, while only the single zero 
(s = –A2/A3) is cancelled. So, the double zero at the origin is left and some extra 
three poles are added. In consequence, the transfer function between the primary 
voltage and the secondary compensated voltage being the result of compensation in 
as follows: 
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Selection of the coefficients A4, A5, A6, A7 may be done in a number of ways with 
the objective to obtain the desired dynamics of the compensated CVT [56]. Different 
numeric procedures can be applied for obtaining a discrete form of the compensator 
(5.3). In [56], the following trapezoidal rule was applied: 
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where: 
ω1 – fundamental radian frequency, 
Ts – sampling period, 
z–1 – operator representing a time delay of a single sampling period. 
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The advantage of using (5.5) is that it gives the gain and the phase displacement at 
the fundamental frequency exactly the same as under continuous differentiation. After 
applying (5.5) to (5.3) and transforming to the time domain, the following digital 
compensator COMP (Fig. 5.10) in the form of a recursive filter is obtained: 
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where: 
n – current sampling instant, 
v2 – uncompensated secondary voltage (as supplied by an A/D converter), 
v2cc – compensated secondary voltage – the output from the compensator (5.6). 
The filter (5.6) constitutes the simplest compensator (COMP) for a CVT. This 

compensator may be even more optimised. The improved compensator COMPimpr. 
(Fig. 5.10) is a cascade of the original compensator COMP, given by (5.6), and a short 
window non-recursive digital filter (F3) added to its output, as shown in Fig. 5.10. The 
self-explanatory assumptions for such a filter (F3) are summarized as follows: 

• zero gain at half the sampling frequency, 
• unity gain and zero phase displacement for the fundamental frequency, 
• possibly short data window. 

VOLTAGE
MEASUREMENT

CHAIN
COMP

v2(n) v2cc(n) F3
v2c(n)

COMPimpr.  

Fig. 5.10. Generic scheme of digital series compensation of CVT (COMP – original compensator, 
F3 – low-pass three-sample filter, COMPimpr. – compensator with improved frequency response) 

In [56], a three-sample filter has been recommended. The output from the im-
proved compensator (v2c) is thus computed as: 
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The cascade of the original compensator (5.6) and the low-pass filter (5.7) gives 
the resultant compensation algorithm (COMPimpr.) of the following recursive form: 
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where Pi, Qi – resultant coefficients of the improved compensator, dependent on CVT 
parameters and sampling period. 
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Fig. 5.11. Examples of voltage waveforms (staircase forms): v2 – CVT secondary voltage,  
v2c – compensated secondary voltage 
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Both the original (5.6) and the improved (5.8) compensators, as the recursive digi-
tal filters require a kind of a starting procedure. To initiate the filters (5.6) or (5.8) one 
needs the last four samples of the compensated voltage. For this purpose the pure un-
compensated secondary voltage may be used. The initiation is done once just after 
fault detection with the use of the frozen pre-fault data. However, to its advantage, the 
algorithm may be launched with the zero initial conditions, but necessarily at the 
maximum of the voltage wave. 

Figures 5.11 through 5.14 present examples of performance of the improved com-
pensator (5.8) for the simulated CVT transients appearing under a decrease of the pri-
mary voltage during the transmission line fault. The applied compensation effectively 
removes the CVT-generated transients (Fig. 5.11). As a result, improved performance 
of the calculation of voltage magnitude (Fig. 5.12) and impedance components (resist- 
ance: Fig. 5.13, reactance: Fig. 5.14) is achieved. An application of the compensation 
to fault location is depicted in Fig. 5.15. The compensation of the CVT secondary 
voltage results in decreased oscillations of the distance to fault (dc). Averaging the 
fault distance exhibiting lower oscillations results in a more accurate final result. This 
is especially important when the fault quantities are recorded from a relatively short 
fault interval. 
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Fig. 5.12. Full-cycle Fourier calculation of voltage magnitude: 
V2 – magnitude of CVT secondary voltage, 

V2c – magnitude of compensated voltage 



Chapter 5 86 

0.04 0.05 0.06 0.07 0.08 0.09 0.1 0.11 0.12
–1

–0.8

–0.6

–0.4

–0.2

0

0.2

0.4

0.6

0.8

1

Time (s)

R
es

is
ta

nc
e  

(Ω
)

R

Rc

 

Fig. 5.13. Full-cycle Fourier calculation of the fault loop resistance 
using secondary current and CVT secondary voltage (resistance R) 

or compensated voltage (resistance Rc) 
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Fig. 5.14. Full-cycle Fourier calculation of the fault loop reactance 
using secondary current and CVT secondary voltage (reactance X) 

or compensated voltage (reactance Xc) 
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Fig. 5.15. Application of CVT compensation to fault location: 
a) three-phase voltage under single-phase to ground fault, 

b) distance to fault: d – under no CVT dynamic compensation, 
dc – with CVT compensation 
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5.3. Current transformers 

5.3.1. Basics of current transformers 

Instrument current transformers (CTs) transform power system currents to the sec-
ondary level rated typically at 1 A or 5 A. The CT secondary current is substantially 
proportional to the primary current under normal conditions of operation, and differs 
in phase from it by an angle which is approximately zero for an appropriate direction 
of the connections. The steady state error of a CT is classified into two: the current or 
ratio error, and the phase error. Both steady state and transient performance of CTs is 
covered by IEC Standard, as well as by national standards. 

Figure 5.16 depicts a CT circuit model [89, 176], which includes: 
pi ,  – primary and secondary (re-calculated to primary side) currents, si′

ei , ,  – exciting current and its active and reactive components, ri mi
Rp, Lp – primary winding resistance and leakage inductance, 

sR′ ,  – secondary winding resistance and leakage inductance, re-calculated to 
primary side, 

sL′

Rm, Lm – iron loss equivalent resistance, magnetizing non-linear inductance, 
2R′ ,  – load resistance and inductance, re-calculated to primary side. 2L′

pi 'is

mR mL

pR pL 'Rs
'Ls

'R2

'L2

ei

miri

 

Fig. 5.16. Generic CT circuit model 

CTs are designed to operate under load conditions, i.e. on the lower part of the linear 
region of the V–I characteristic of the magnetizing branch. The knee point of the mag-
netizing characteristic divides it into the linear and the non-linear regions. The knee 
point voltage is understood as the point on the magnetizing curve where an increase 
of 10% in the flux density (voltage) causes an increase of 50% in the magnetizing force 
(current). For high fault primary currents without the DC component, the operating 
point remains in the linear range without exceeding the knee point of the characteristic. 
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However, if the fault conditions are such that the DC component is present in the CT 
primary current, then a considerable increase of a flux in the CT magnetic core can take 
place. As a consequence of such a flux increase, the CT magnetic core gets saturated. 
Also, CTs can retain the remanent flux that may be left on the core after the fault is 
cleared [B.22, B.24, 77, 78]. The remanent flux can either oppose or aid the build-up of 
the CT core flux, depending on the remanent flux polarity. 

When a CT gets saturated, its secondary signal becomes distorted. An example of 
waveforms of primary and secondary currents under CT transient saturation is shown 
in Fig. 5.17. Besides transient saturation CTs may suffer permanent saturation, under 
which there is no linear CT transformation at all. 
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Fig. 5.17. CT saturation – primary and secondary (re-calculated to primary side) 
waveforms of currents 

5.3.2. Fault location under saturation of current transformers 

Many studies related to the analysis of the steady-steady and transient behaviour of 
CTs have been reported so far. In the focus of attention is the problem of how dis-
torted secondary currents due to CT saturation can cause malfunction or operating 
delays of protection relays and how to prevent saturation or to design protective algo-
rithm insensitive to the effects of saturation [14, 185]. An issue of fault location in 
relation to CT saturation has been considered as well [183]. 

The remedies for assuring adequately high accuracy under CT saturation can be 
categorized as follows: 
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• use of hardware means for preventing CT saturation [11], 
• use of voltage signals alone [12, 13, 130, 187], 
• use of voltage signals and current signals, but excluding currents from saturated 

CTs [65, 131, 149], 
• minimizing fault location errors caused by CT saturation and application of digi-

tal algorithms for reconstructing the CT primary current [78, 81, 102, 137], 
• allowing currents from saturated CTs to be used but only from intervals of linear 

transformation (when there is no saturation) [85]. 
All the remedies listed, except intentional use of voltage signals alone, require 

identifying the CT saturation. In general, the CT saturation identification (detection) is 
understood as recognizing instants when the saturation starts and when it ends. For 
this purpose saturation detectors are utilised. 

In general, we distinguish two families of methods for saturation detection: 
• Hardware oriented methods based on superimposing an extra low power, and 

high frequency signal to the secondary circuit of a CT and monitoring the core induc-
tance using the superimposed signal. The value of the inductance indicates whether or 
not and to what degree the supervised CT is saturated. 

• Waveform oriented methods based on analysing only the waveform of the sec-
ondary current of a CT. 

McLaren et al. [117] proposed a scheme in which a 15 kHz signal is superimposed 
to the secondary current of a CT. The apparent impedance for this signal depends di-
rectly on the incremental inductance of the CT core, and consequently, on the degree 
of saturation. Therefore, the amplitude of the high frequency current driven by an 
external voltage source acts as the saturation detector. 

A similar approach was presented by Sanderson et al. in [160]. The authors use 
a 10 kHz externally driven signal to monitor the value of the equivalent magnetizing 
inductance of a CT. Keeping the 10 kHz driving force constant, the authors use a 10 kHz 
current as the indicator of saturation. 

The obvious disadvantage of this family of methods is the need of connecting an ex-
tra circuit between the main CTs and the relay (fault locator). The methods from this 
group process directly the waveform of the CT secondary current in order to distinguish 
between the linear and saturated operation of a CT. They are investigated as numerical 
procedures to be run exclusively on digital relays and fault locators. They call for com-
paratively high sampling frequencies in order to assure adequately short delays in de-
tecting instants when a saturation starts and when stops. Another saturation detector 
which is based on processing the secondary current with use of an algorithm that evalu-
ates the first, second and third difference functions is presented in [79, 80]. 

Besides digital algorithms, also analogue (hardware) methods for compensating 
the distortion in the secondary current have been developed. 

In [11], an analogue circuit is connected to the secondary terminals of the CT and 
used to generate a DC component equal and opposite to that seen in the primary one. 
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Then, by injecting the generated DC component into the secondary winding compo-
nent prevents saturation of the CT. 

A digital algorithm for compensating the secondary current is put forward in 
[81]. Then, an advanced compensating algorithm of the distorted secondary current 
immune to the remanent flux is proposed in [77, 78]. These algorithms estimate the 
secondary current corresponding to the CT ratio under CT saturation using the flux-
current curve. In addition, it is stated that this approach allows for successful com-
pensation of the secondary current even when a smaller CT than the rated size is 
used, resulting in secondary currents being more severely distorted. Moreover, it is 
shown [77, 78] that the proposed compensating algorithm can be implemented in 
real time into a digital-signal-processor hardware as part of the main protective re-
laying algorithm. 

5.4. Analogue anti-aliasing filters 

The sampling of analogue signals is performed in A/D converters. Digital informa-
tion contained in the set of samples obtained differs from that provided by analogue 
signals [B.14, B.17]. Digital frequency is equal to analogue frequency if the frequency 
of the sampled analogue signal is smaller than half of the sampling frequency (0.5 fs). 
This threshold value is commonly called the Nyquist frequency. Sampling the sine 
analogue wave of the frequency higher than this threshold value results in obtaining 
a set of samples which represent the sine wave of the frequency different than that at 
the input of the A/D converter. Figure 5.18 shows the digital frequency versus the 
analogue frequency. Suppose that the calculations are based on fundamental frequency 
(f1) components of the processed signals. It is seen (Fig. 5.18) that the sine analogue 
waves of different frequencies: f1, fs – f1, fs + f1, 2fs – f1, 2fs + f1, …, after sampling give 
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Fig. 5.18. Illustrating the fact that digital data is no uniquely 
related to a particular analogue signal with respect to frequency 
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sets of samples representing the sine wave of the fundamental frequency ( f1). So, the 
sampled sinusoids assume the frequency which is not their own. This phenomenon of 
sinusoids changing frequency during sampling is called aliasing. The term ‘aliasing’ 
is originated here from comparing the effect of the frequency change to the crime on 
an identity (an alias), which is understood here as the frequency of analogue sine 
wave. In addition to the frequency change effect, the aliasing also changes the phase 
of the signal by π for the respective ranges of frequencies of the analogue signal, as 
shown in Fig. 5.19. 
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Fig. 5.19. Digital phase versus analogue frequency 
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Fig. 5.20. Example of sampling two analogue sine signals with sampling frequency fs = 1000 Hz: 
sampled sine signals: • S1: signal of frequency f1 = 50 Hz, samples denoted by circles, 

• S2: signal of frequency f2 = fs – f1 = 950 Hz, samples denoted by squares 
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Figure 5.20 shows an example of sampling two analogue sine signals. The sam-
pling frequency is fs = 1000 Hz. The first signal (S1) is of frequency f1 = 50 Hz (thus, 
below the Nyquist frequency) while the second signal (S2) has the frequency f2 = fs – f1 
= 950 Hz (thus, above the Nyquist frequency). The aliasing is present in the case of 
sampling the signal S2. As a result, both sampled signals give the sets of samples 
which represent the sinusoids of the fundamental frequency, shifted by angle π. The 
set of samples for the signal S1 allows its analogue form to be reconstructed, while 
information contained in analogue signal S2 is lost completely. Sampling the signal of 
frequency 950 Hz at 1000 Hz sampling frequency creates new frequency of 50 Hz for 
the digital signal. In this case, sampling destroys information encoded in the frequency 
domain of the analogue signal S2. 

In order not to lose information contained in analogue signals proper sampling fre-
quency of Analogue-to-Digital (A/D) converters has to be applied. Claude E. Shanon 
in 1949 in his famous sampling theorem [B.14, B.17] proved that if the signal con-
tains no frequencies above fmx, then the continuous time signal can be reconstructed 
from a periodically sampled sequence, provided that the sampling frequency fs satis-
fies the condition: 

  (5.9) mxs 2 ff >

The sampling theorem indicates that a continuous signal can be properly sampled, 
only if it does not contain frequency components above one-half of the sampling fre-
quency (the Nyquist frequency). The other possibility calls for removing the frequen-
cies higher than Nyquist frequency from the analogue signal. This can be obtained by 
applying, prior to sampling, an analogue low pass filter, which is referred to as an 
anti-aliasing filter. 

Figure 5.21 presents a simple R–C four-port network of low-pass transfer function, 
which can be applied as the anti-aliasing filter. Assuming for the circuit burden im-
pedance ∝→BZ , the transfer function of the circuit from Fig. 5.21 is obtained as: 

 
13)(

1)( 22 ++
=

RCssRC
sG  (5.10) 

The anti-aliasing cut-off frequency ( fc) of the filter is defined as: 

 
2
2|)ω(j| cAF =G  (5.11) 

where  .π2ω cc f=
From (5.11) one obtains: 

  (5.12) 01)(ω7)(ω 22
c

44
c =−+ RCRC
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After solving (5.12) and taking the solution for which: , the following 
formula for the circuit parameters is obtained: 

0)( 2 >RC

 
cπ4

14532
f

RC −
=  (5.13) 

The time constant (RC) can be calculated from (5.13) after assuming the required 
cut-off frequency, which is usually set in the range: one-third up to one-half of the 

sampling rate: s2
1  

3
1 f⎟

⎠
⎞

⎜
⎝
⎛ ÷ . 

R R

CVinput Voutput ZBC

 

Fig. 5.21. R–C four-port network of low-pass transfer function 

Figures 5.22 and 5.23 show common building blocks: Sallen–Key circuits with 
operational amplifiers for analogue anti-aliasing filters and their transfer functions 
[B.17]. 
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Fig. 5.22. First order Sallen–Key low-pass circuit 
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Fig. 5.23. Second order Sallen–Key low-pass circuit 
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Using the first order (Fig. 5.22) and the second order (Fig. 5.23) Sallen–Key low-
pass circuits one can build higher order anti-aliasing analogue filters. Another option 
in this respect are the switched capacitor filters, which are composed of capacitors and 
electronic switches. 

Design of the analogue anti-aliasing filter with the given cut-off frequency requires 
assuming the respective standard approximation of the transfer function and its order. 
Three types of analogue filters are commonly used: Butterworth, Chebyshev, and Bes-
sel (also called as Thompson filter) [B.17]. A transfer function of each of them is ob-
tained as a result of optimising a different performance parameter. 

 



6. One-end impedance-based fault location algorithms 

6.1. Introduction 

One-end fault location algorithms are designed for estimating the location of trans-
mission line faults with use of currents and voltages measured at one terminal of a line. 
Also, there are some algorithms which use voltages or currents from one terminal 
only. Besides the fundamental frequency voltages and currents at the terminals of a line, 
the impedance parameters of the line are required for determining a distance to fault as 
well. The one-end fault location algorithms are simple and economical compared to 
two-end methods and those based on the travelling wave and high frequency compo-
nent techniques. Therefore, they are still popular among electric power utilities. 

6.2. Fault location based on impedance measurement 

The impact of fault resistance on one-end impedance measurement is a key factor 
in deriving majority of one-end fault location algorithms. Let us start with considering 
a single phase line (S–R) connected to a source at one end (S) only, i.e. the line which 
supplies no load at the end R (Fig. 6.1). The line is affected by a fault (F), which is at 
unknown distance d (p.u.) from the bus S, where the fault locator (FL) is installed. If 
the line charging current is neglected, then the current at the fault locator (IS) is equal 
to the current at the fault (IF). The impedance seen from the fault locator terminal, i.e. 
calculated from the measured voltage (VS) and current (IS), can be mathematically 
expressed as: 

 FL
S

S
FL RZd

I
VZ +==  (6.1) 

Taking the imaginary part of (6.1) one obtains the distance to fault as: 

 
)imag(
)imag(

L

FL

Z
Zd =  (6.2) 
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This formula is a predecessor of the one-end impedance-based fault location algo-
rithms [161]. It allows accurate determination of distance to fault in the case of one-
end supply of the fault (Fig. 6.1). This is so since the fault resistance (RF) is seen from 
the fault locator terminal as pure resistance, as shown in Fig. 1.2a. 

RS dZL (1–d)ZL
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ZS
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F
IF=IS

RF

FL d

 

Fig. 6.1. Fault location based on impedance measurement 
for faulted line connected to the source at one end 

However, if there is a two-end supply (Fig. 6.2), the current at the fault (IF) is not 
equal to the current at the fault locator (IS) since also the remote current (IR) contrib-
utes to the total fault current (IF = IS + IR). As a result, there is a contribution of the 
reactance in the impedance seen from the fault locator terminal (the reactance effect), 
as shown in Fig. 1.2b, c. 
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Fig. 6.2. Fault location based on impedance measurement 
for faulted line connected to the sources at two ends 

Formulating Kirchoff’s voltage law for the fault loop seen from the terminal S, i.e. 
the loop containing the faulted line segment (dZL) and fault path resistance (RF), one 
obtains the complex scalar equation: 

 0FFSLS =−− IRIZdV  (6.3) 

This equation can be resolved into the real and imaginary parts (two equations), how-
ever, there are four unknowns: d, RF, real(IF), imag(IF) and thus the number of unknowns 
exceeds the number of equations. In order to assure solvability of the fault location prob-
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lem, Takagi et al. in their original work [171] proposed to decompose, using the Thevenin 
theorem, the faulted network (Fig. 6.3a) into the pre-fault network (Fig. 6.3b) and ‘pure 
fault’, i.e. superimposed network (Fig. 6.3c). They started the fault location derivation 
with considering the distributed parameter line model. However, they finally introduced 
some simplifications, which correspond to use of the simple lumped line model. There-
fore, in what follows the lumped line model will be taken into account.  
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Fig. 6.3. Application of the Thevenin theory to faulted network: 
a) faulted network, b) pre-fault network, c) superimposed component network 

The superimposed circuit (Fig. 6.3c) is a current divider of the fault current and thus: 

 F
RLS

RL
S ZZZ

ZZ)1( IdI
++
+−

=Δ   (6.4) 
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where pre
SSS III −=Δ  – superimposed current determined from the moment of the 

fault inception occurrence (thus in the fault interval), and obtained by taking the fault 
current and subtracting the pre-fault current (present before fault inception). Note that 
the recordings of the pre-fault current have to be available. 

This allows the total fault current to be determined as: 

 
F

S
F k

II Δ
=  (6.5) 

where the fault current distribution factor (kF) [B.7, B.9, 31, 182] is determined as: 
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==
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Substituting (6.5)–(6.6) into (6.3) results in: 

 0
e||

Z Sjγ
F

F
SLS =Δ−− I

k
RIdV  (6.7) 

Multiplying (6.7) by the element ( *
S

jγe IΔ ) and taking the imaginary part yields the 
following formula for the distance to fault: 
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IIZ
IVd
Δ

Δ
=  (6.8) 

where x* denotes the conjugate of x. 
Takagi et al. [171] assumed that the current distribution factor is a real number 

(γ = 0), which facilitates calculations. This simplification is applied since all the 
impedances involved in (6.6) have approximately the same phases. Otherwise, itera-
tive calculations, which require knowing all the impedances from (6.6), have to be 
performed. 

The fault location algorithm (6.8) was derived for a single phase line. For three-
phase lines, the symmetrical components or phase co-ordinates approaches will be 
considered in successive sections of this chapter. 

6.3. Use of fault current distribution factors 

6.3.1. Transmission network with single line 

Current distribution factors for symmetrical components were introduced in [31]. 
According to the fault model (4.1), the total fault current (IF) is expressed as the 
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weighted sum of its symmetrical components (IF1, IF2, IF0), which can be determined 
with the respective fault current distribution factors: 
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pre
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=  (6.9) 
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F0
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F0 k

I
I =  (6.11) 

In (6.9)–(6.11) and in Fig. 6.4, the respective subscript denotes: 1 – positive-, 2 –
negative-, 0 – zero-sequences. For determining the positive-sequence component (IF1), 
equation (6.9), the superimposed positive-sequence circuit (Fig. 6.4a) is considered. 
For the remaining sequences ((6.10)–(6.11)), the pre-fault sequence currents are not 
involved in the formulae since they are equal to zero for the completely symmetrical 
network before the fault occurrence. This is the condition of using the symmetrical 
components approach. 
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 (Fig. 6.4 to be continued) 
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c) 

Fig. 6.4. Equivalent circuit diagrams of transmission network with single line (ZL) and extra link 
between the end buses (ZE) for: a) superimposed positive-, b) negative-, c) zero- sequence 

From the analysis of the circuits presented in Fig. 6.4, and taking into account the 
fact that the respective network impedances for positive- and negative-sequences are 
basically identical, one obtains the fault current distribution factors as: 

 
1

11
F2F1 M

LdKkk +
==  (6.12) 
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where: 
K1, L1, M1 – complex coefficients dependent on positive-sequence impedances of 

the network (Table 6.1), 
K0, L0, M0 – complex coefficients dependent on zero-sequence impedances of the 

network, having analogous forms as for the positive-sequence but the positive-
sequence impedances are exchanged by the respective zero-sequence impedances. 

Table 6.1. Transmission network with single line (Fig. 6.4a, b – complex coefficients used 
for determining fault current distribution factor for positive- and negative-sequence (6.12) 

Extra link Coefficients 

≠∝Z E1  

(extra link exists) 

L1R1S1E1L11 )( ZZZZZK − − +=  

)()( R1L1E1R1S1L11 ZZZZZZL + + +=  

E1L1L1E1R1S11 )()( ZZZZZZM = + + +  

→∝Z E1  

(lack of extra link) 

L11 ZK = −  

R1L11 ZZL +=  

L1R1S11 ZZZM ++=  
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6.3.2. Transmission network with double-circuit line 

Figure 6.5 presents equivalent circuit diagrams of transmission network with double-
circuit line (ZLI, ZLII) for determining the fault current distribution factors for the super- 
imposed positive-sequence (it is analogous for the negative-sequence). Different 
modes of buses connection at the sending and receiving ends are reflected with the 
switches: wS, wR (switch status: 0 – sections of buses are separated, 1 – sections of 
buses are connected). Usually, the sections of buses are connected (wSwR = 11).  

SI RI

ΔISI1

IF1Z1SI dZ1LI Z1RI(1–d)Z1LI

Z1LII

SII
Z1SII Z1RII

RII

F

wS
wR

IF1  

Fig. 6.5. Equivalent circuit diagram of transmission network with double-circuit line  
(ZLI, ZLII) with different modes of buses connection for superimposed positive-sequence 

From the analysis of the circuits presented in Fig. 6.5 the fault current distribution 
factor (6.12) can be derived. In Table 6.2, the coefficients involved in this factor are 
gathered. 

The considerations for the network with a double-circuit line (Fig. 6.5, Table 6.2) 
have been performed under the assumption that the current from the faulted circuit 
(connected to the bus SI) only, i.e. ΔISI1 – Fig. 6.5a, ISI2 – Fig. 6.5b, is measured. 
However, there are some applications [63, 158, 188, 190] in which the currents from 
both circuits of the parallel lines (connected to the bus SI and to the bus SII) are avail-
able. Such an arrangement is shown in Fig. 6.6. 

Comparing the voltage drops across two different routes in the circuit from Fig. 
6.6: ROUTE 1, ROUTE 2, one obtains the following formula for the positive- and 
negative-sequence component of the total fault current: 
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SII2
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F2  (6.15) 

Note that in (6.15) the negative-sequence impedances can be replaced by the respec-
tive positive-sequence quantities since they are identical. 

Table 6.2. Transmission network with double-circuit line (Fig. 6.5) – complex coefficients used 
for determining fault current distribution factor for positive- and negative-sequence (6.12) 

Status of switches Coefficients 

 
1LI1 ZK −=  

1LI1RI1 ZZL +=  00ww RS =

1RI1LI1SI1 ZZZM + +=  

 
)( 1LIIR11SII1LI1 ZZZZK − + +=  

)()( 1SII1LII1LIIR11SII1LII1LI1 ZZZZZZZL01ww RS = + + + +=  
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)( ZZZZK 1LIIR1S11LI1 − + +=  

R11LII1LIIR1S11LI1 )( ZZZZZZL11ww RS = + + +=  
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For the network with a single line (Fig. 6.4a) and with a double-circuit line, but with 
the current from one circuit only (Fig. 6.5a), the positive-sequence component of the 
total fault current was determined using the measured superimposed positive-sequence 
current. Under the availability of measurements such as in Fig. 6.6a, it is possible to 
determine the positive-sequence component of the total fault current with use of posi-
tive-sequence currents. However, it is possible to use also the superimposed positive-
sequence currents, obtaining the following formula, which is analogous to (6.14): 
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F1  (6.16) 

The formula (6.16) can be utilised for fault location if the superimposed currents 
can be determined, i.e. the pre-fault currents are registered. Use of (6.16), instead of 
(6.14), in the fault location algorithm derivation is advantageous since for the super-
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imposed quantities the line shunt capacitances effect (not taken into account here) has 
less influence on fault location accuracy, i.e. higher accuracy is achieved. 

The advantage of using measurement of currents from both line circuits relies on esti-
mating the total fault current components (6.14)–(6.16) without involving source imped-
ances, as in the case of measuring a current from one circuit only (Table 6.2). 

In (6.14)–(6.16), impedances of both line circuits are involved, however, in prac-
tice they are identical: 1LII1LI ZZ = . 

SI dZ1LI (1–d)Z1LI
ISI1

F

IF1

IF1

Z1S

SII
Z1LII

RI

RII
Z1R

ISII1

ROUTE 1

ROUTE 2E1S
E1R

VS1

 

a) 

SI dZ2LI (1–d)Z2LI
ISI2

F

IF2

IF2

Z2S

SII
Z2LII

RI

RII
Z2R

ISII2

ROUTE 1

ROUTE 2
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Fig. 6.6. Equivalent circuit diagrams of transmission network with double-circuit line  
(ZLI, ZLII) for availability of measurements of currents from both line circuits: 

a) for positive-sequence, b) for negative-sequence 

The impedance of overhead line for the zero-sequence since it is affected by soil re-
sistivity (difficult to measure and changeable) is considered as uncertain parameter [B.7, 
B.9]. Therefore, the fault current distribution factors for the positive-(superimposed 
positive-) and negative-sequence are basically used in fault location algorithms. How-
ever, for example in case of the complete lack of measurement of current from the 
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healthy parallel line [58], there is a need for using also the fault current distribution factor 
for the zero-sequence. Equivalent circuits of double-circuit line for the zero-sequence, 
when both circuits are in operation, are presented in Fig. 3.25. The case where the paral-
lel healthy line (line: LII) is switched off and earthed is presented in Fig. 3.26. 

Considering the mesh of the circuit from Fig. 3.25b (both line circuits in opera-
tion) containing the elements: [Z0LII – Z 0m]; [d(Z0LI – Z 0m)]; [(1 – d)(Z0LI – Z0m)] yields 
the compact formula for the zero-sequence component of the total fault current:  
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where: 
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For the case of the parallel healthy line switched off and earthed (Fig. 3.26) the 
consideration of the healthy line path (thus excluding impedances of the equivalent 
sources) appears to be advantageous. Taking into account that the sum of voltage 
drops defined in (3.14)–(3.17), across this path is: 
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yields: 

 
d

IPII
−

″−
=

1
SII00SI0

F0   (6.20) 

where:  
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6.4. Models of fault loops 

The majority of one-end fault location algorithms are based on considering the 
fault loops composed accordingly to the identified fault type, analogously as for the 
distance relays. The distance protective relay, say at the sending line end S, measures 
apparent impedance of the fault loop under consideration: 

 
S_P

S_P
S_P I

V
Z =  (6.22) 
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where ,
S_P

V  S_PI  – protective (subscript P) distance relay voltage and current signals, at 

the sending (subscript S) line end, which are composed as presented in Tables 6.3–6.6. 
For solid faults (fault resistance RF = 0), the apparent impedance (6.22) is equal to 

the positive-sequence impedance of the line segment of the relative distance d (p.u.), 
i.e. from the measurement point to the fault. Thus, one obtains: 

 1LS_P ZdZ =  (6.23) 

Otherwise (for resistive faults), due to “the reactance effect” the apparent imped-
ance (6.22) is not a strict measure of the distance to fault. As opposed to protective 
distance relays, the one-end fault location algorithms compensate for “the reactance 
effect” by considering the fault loop model, in which the term (RFIF) represents the 
voltage drop across the fault path resistance: 

 0FFS_P1LS_P
=−− IRIZdV  (6.24) 

Table 6.3. Composition of fault loop voltage and current signals for single line 

Single line 
Fault type Fault loop voltage: 

S_P
V  Fault loop current: 

S_P
I  

a–E SaV  S00Sa IkI +  

b–E SbV  S00Sb IkI +  

c–E ScV  S00Sc IkI +  

a–b 
a–b–E 
a–b–c* 

a–b–c–E* 

 
SbSa VV − SbSa II −  

b–c 
b–c–E ScSb VV −  

ScSb II −  

c–a 
c–a–E SaSc VV −  SaSc II −  

Where: 
1L

1L0L
0 Z

ZZ −
=k . 

*   – inter-phase fault loop (a–b) is considered, however, the other fault loops (b–c), 
        (c–a) can be taken as well. 

In Table 6.3, the composition of fault loop signals (for the terminal S) for a single 
line is shown. For example, for the fault loop voltage and current we assume: 

– a–E fault: 
• voltage from faulted phase ‘a’: ,SaV  
• current from faulted phase ‘a’: SaI  and additionally the compensation for the 

zero-sequence component: S00 Ik , 
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– a–b fault: 
• difference of voltages from faulted phases ‘a’ and ‘b’: SbSa VV − , 
• difference of currents from faulted phases ‘a’ and ‘b’: SbSa II − . 
In the case of single phase-to-earth faults on double-circuit line (Table 6.4) addi-

tionally the compensation for the mutual coupling of the circuits: SII00m Ik  is in-
cluded. 

Table 6.4. Composition of fault loop voltage and current signals for phase-to-ground faults 
on double-circuit line 

Double-circuit line 

Fault type Fault loop voltage: 
S_P

V  Fault loop current: 
S_P

I  

a–E SaV  SII00mSI00SIa IkIkI ++  

b–E SbV  SII00mSI00SIb IkIkI ++  

c–E ScV  SII00mSI00SIc IkIkI ++  

Where: 
1LI

1LI0LI
0 Z

ZZk −
= , 

1LI

0m
0m Z

Z
k = . 

For the remaining fault types the composition of fault loop signals is analogous to the single 
line case (Table 6.3).  

In turn, in Tables 6.5 and 6.6, the fault loop signals are expressed in terms of the 
respective symmetrical components of the measured voltages and currents (the last 
subscript denotes the symmetrical component type): 

 S00S22S11S_P VaVaVaV ++=  (6.25) 

 S0
1L

0L
0S22S11S_P I

Z
ZaIaIaI ++=  (6.26) 

In the case of a double-circuit line the fault loop current: 

 ⎟⎟
⎠

⎞
⎜⎜
⎝

⎛
+++= SII0

1LI

0m
SI0

1LI

0LI
0SI22SI11S_P I

Z
ZI

Z
ZaIaIaI  (6.27) 

where a1, a2, a0 – coefficients dependent on fault type, which are the same as for the 
single line. 

The circuit diagrams with the indicated symmetrical component signals used in 
(6.25)–(6.27) are shown in Fig. 3.24 (single line) and in Figs. 3.25, 3.26 (double-
circuit line). 
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The notation used in (6.25)–(6.27) appears convenient if the compensation for line 
shunt capacitances is performed [63]. Of course, this notation is fully equivalent to the 
description traditionally used for distance protection (Tables 6.3 and 6.4). 

Table 6.5. Composition of fault loop voltage and current signals in terms 
of symmetrical components for single line 

Single line 

Fault loop voltage: S00S22S11S_P VaVaVaV ++=  

Fault loop current: S0
1L

0L
0S22S11S_P I

Z
Z

aIaIaI ++=  Fault type 

a1 a2 a0 
a–E 1 1 1 
b–E 3j0.50.5 −−  3j0.50.5 +−  1 
c–E 3j0.50.5 +−  3j0.50.5 −−  1 
a–b 
a–b–E 
a–b–c* 
a–b–c–E* 

3j0.5.51 +  3j0.5.51 −  0 

b–c 
b–c–E 3j−  3j  0 

c–a 
c–a–E 3j0.5.51 +−  3j0.5.51 −−  0 

* – inter-phase fault loop (a–b) is considered, however, the other fault loops: 
      (b–c) and (c–a) can be taken as well. 

 

Table 6.6. Composition of the fault loop voltage and current signals in terms of symmetrical components, 
for phase-to-ground faults on double-circuit line 

Double-circuit line 

Fault type 
Fault loop voltage: S00S22S11S_P

VaVaVaV ++=  

Fault loop current: ⎟⎟
⎠

⎞
⎜⎜
⎝

⎛
+++= SII0

1LI

0m
SI0

1LI

0LI
0SI22SI11S_P

I
Z
Z

I
Z
Z

aIaIaI  

 a1 a2 a0 
a–E 1 1 1 
b–E 3j0.50.5 −−  3j0.50.5 +−  1 
c–E 3j0.50.5 +−  3j0.50.5 −−  1 

For the remaining fault types the composition of fault loop signals is analogous as for the 
single line case (Table 6.5). 
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6.5. Fault location algorithm by Takagi et al. 

One of the earliest fault location algorithms has been developed by Takagi et al. [171]. 
Its form for a single-phase line was presented by the formula (6.8). An extension to 
the three-phase application can be performed by utilising the general fault loop model 
(6.24) and the general formula for a total fault current (4.1). Combining them gives: 

 0)( F0F0F2F2F1F1FS_P1LS_P =++−− IaIaIaRIZdV  (6.28) 

Taking into account such a set of the weighting coefficients that for the zero-
sequence: 0F0 =a  (Tables 4.3, 4.4 or 4.5) and expressing the symmetrical components 
of the total fault current with use of the current distribution factors (6.9)–(6.10) one 
obtains: 

 0
F2

S2
F2

F1

S1
F1FS_P1LS_P =⎟⎟

⎠

⎞
⎜⎜
⎝

⎛
+

Δ
−−

k
Ia

k
IaRIZdV  (6.29) 

Considering that for the fault current distribution factors for the positive- and nega-
tive-sequence, with respect to their magnitude and angle, we have: 

 |||||| F2F1F kkk ==  (6.30) 

 )angle()angle(γ F2F1 kk ==  (6.31) 

the formula (6.29) transforms to: 

 0)(
e|| S2F2S1F1jγ

F

F
S_P1LS_P =+Δ−− IaIa

k
RIZdV  (6.32) 

Multiplying (6.32) by the term: )*)((e S2F2S1F1
jγ IaIa +Δ  and then rearranging it, 

the resultant formula for the sought distance to fault (d (p.u.)) is obtained as follows: 

  
)e*)Δ(imag(

)e*)Δ(imag(
 jγ

S2F2S11FS_P1L
 

jγ
S2F2S1F1S_P

IaIaIZ
IaIaV

d
+

+
=  (6.33) 

where x* denotes the conjugate of x. 
The signals involved in the fault location algorithm (6.33) are determined from 

measurements acquired at one line terminal (here, the terminal S). Table 6.7 shows 
how to set the coefficients. 

In formula (6.33), the angle of the current distribution factor (for the positive- or 
negative-sequence) is involved. Takagi et al. [171] proposed assuming that this angle 
equals zero (γ = 0), i.e. that the fault current distribution factor is a real number. In 



Chapter 6 110 

practice, this assumption is not fulfilled and thus there is a certain error due to this. 
However, in the case of high voltage network these additional errors are not substan-
tial [B.7, 182]. 

Table 6.7. Description of signals and coefficients of the fault location algorithm (6.33) 

 S_PV  – fault loop voltage Formula (6.25), and Table 6.3 or Table 6.5 

S_PI  – fault loop current Single line: formula (6.26), 
                   and Table 6.3 or Table 6.5 
Double-circuit line: formula (6.27), 
                    and Table 6.4 or Table 6.6 

S1ΔI  – superimposed 
positive-sequence current 

Single line: Fig. 6.4a 
Double-circuit line: Fig. 6.5a 

Signals 

 S2I  – negative-sequence 
current 

Single line: Fig. 6.4b 
Double-circuit line: Fig. 6.5b 

Coefficients 
aF1, aF2 – weighting 
coefficients 

Tables 4.3–4.5, depending on the assumed 
preference with respect to using the respective 
sequences 

6.6. Fault location algorithm by Wiszniewski 

The other fundamental fault location algorithm has been developed by Wiszniew-
ski [182], which is somehow similar to the algorithm by Takagi et al. [171]. However, 
it is more related to the distance protection technique as impedance measured by 
a distance relay is involved in the algorithm. The algorithm by Wiszniewski [182] was 
derived utilising the general fault loop model (6.24) and the general formula for a total 
fault current (4.1). The same assumptions, as in the Takagi method for obtaining for-
mula (6.32), were assumed. Dividing (6.32) by S_PI  yields: 

 0
e

)(
|| jγ

S_P

S2F2S1F1

F

F
1LS_P =

+Δ
−−

I
IaIa

k
RZdZ  (6.34) 

where: 

S_PS_P
S_P

S_P
S_P j XR

I
V

Z +==  – fault loop impedance (measured by a distance relay). 

Resolving (6.34) into the real and imaginary parts results in: 

  0
|| F

F
1LS_P =−− a

k
RdRR  (6.35) 
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 0
|| F

F
1LS_P =−− b

k
RdXX  (6.36) 

where: 

 ⎟
⎟
⎠

⎞
⎜
⎜
⎝

⎛ +Δ
= jγ

S_P

S2F2S1F1

e
real

I
IaIaa  (6.37) 

 ⎟
⎟
⎠

⎞
⎜
⎜
⎝

⎛ +Δ
= jγ

S_P

S2F2S1F1

e
imag

I
IaIab  (6.38) 

1LR ,  – positive-sequence line resistance and reactance, respectively. 1LX
One of the possible forms of the solution of the set of two equations (6.35)–(6.36) 

is as follows [182]: 

 
1)tg(

)tg(

1L

1L

S_P
1L

1L

S_P

1L

S_P

−

−
−=

ϕ

ϕ

b
a

X
X

X
R

X
X

d  (6.39) 

where 1Lϕ  – angle of the positive-sequence line impedance 1L1L1L jXRZ += . 
The signals involved in the fault location algorithm (6.39) are determined from 

measurements acquired at one line terminal (here, at the terminal S) and the coeffi-
cients are identical with those used in the algorithm by Takagi et al. (Table 6.7). 

The formula (6.39) allows for a simple interpretation of the reactance effect. The 
remarks concerning a need for making an assumption with respect to the angle of the 
fault current distribution factor are identical with those written for the Takagi et al. 
method (Section 6.5). 

6.7. Fault location method by Saha et al. 

In [31], an accurate one-end fault location algorithm has been introduced. High ac-
curacy of fault location is achieved due to taking into account the actual distribution of 
a fault current in the transmission network. The initial assumptions for deriving this 
algorithm are identical with those used in Sections 6.5 and 6.6. 

The authors of [31] introduced into (6.34) the following form for the fault current 
distribution factor for the positive- (negative-) sequence: 

 
1

11jγ
FF e||

M
LdKkk +

==  (6.40) 
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where 1K , 1L , 1M  – coefficients determined with use of impedances of the transmis-
sion network: Table 6.1 (network with a single line) and Table 6.2 (network with 
a double-circuit line). 

Substituting (6.40) into (6.34) yields: 

 0
)(

)(

S_P11

S2F2S1F11
F1LS_P =

+
+Δ

−−
ILdK

IaIaM
RZdZ  (6.41) 

where  – fault loop impedance (measured by a distance relay). S_PZ
After performing the relevant rearrangements of (6.41) one gets: 

  0)()(
S_P

S2F2S1F1
1FS_P1S_P11L1

2
1L1 =

+Δ
+−−+

I
IaIaMRZLdZKZLdZK  (6.42) 

Equation (6.42) can be rewritten to the following compact formula for complex 
numbers, with two unknowns (d (p.u.) – distance to fault, RF – fault resistance): 

  0F0001
2

2 =+++ RAAdAdA  (6.43) 

The fault location formula (6.43) suits both single and double-circuit lines. The 
signals involved here are determined from measurements performed at one line termi-
nal (here, at the terminal S) and the coefficients are identical with those used in the 
algorithm by Takagi et al. (Table 6.7). The complex coefficients K1, L1, M1 are gath-
ered in the following tables: 

• single line – Table 6.1, 
• double-circuit line – Table 6.2. 
The formula (6.43) can be written down separately for the real and imaginary 

parts. Combining them in such a way that fault resistance is eliminated yields the 
quadratic formula for a sought distance to fault: 

 0  (6.44) 01
2

2 =++ BdBdB

where: 
)real()imag()imag()real( 0020022 AAAAB −= , 

)real()imag()imag()real( 0010011 AAAAB −= , 
)real()imag()imag()real( 0000000 AAAAB −= . 

There are two solutions of (6.44): 

  
2

4

2

02
2
11

1 B
BBBB

d
−−−

=  (6.45) 
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2

4

2

02
2
11

2 B
BBBB

d
−+−

=  (6.46) 

of which only one determines the real distance to fault (d), while the second solution 
usually lies outside the line range, i.e. outside the range: 0 to 1 (p.u.). 

For the specific fault cases it may happen that both solutions (6.45)–(6.46) indicate 
the fault as occurring within the line range. In such rare cases one has to check the 
sign of fault resistances RF1, RF2, which correspond to the calculated values of distance 
to fault: d1, d2. In a natural way, the solution which results in negative fault resistance 
has to be rejected. Fault resistance can be calculated by taking the real or imaginary 
part of the formula (6.43). With the real part, one obtains: 

  
)(real

)(real)(real)(real

00

011
2
12

F1 A
AdAdA

R
−−−

=  (6.47) 

  
)(real

)(real)(real)(real

00

021
2
22

F2 A
AdAdA

R
−−−

=  (6.48) 

It has been suggested in [23] that selection of the valid solution for a distance to 
fault can also be performed by analysing the relation between the symmetrical com-
ponents of measured currents, such as presented in formula (4.3) and Table 4.7. 

The signals involved in (6.39) are determined from measurements performed at 
one line terminal (here, at the terminal S) and the coefficients are identical to those of 
the algorithm by Takagi et al. (Section 6.5) and the Wiszniewski method (Section 6.6). 
It is important that additionally the positive-sequence source impedances (for the local 
source Z1S and for the remote source Z1R) are involved in the complex coefficients 1K , 

1L , 1M (see (6.43)), and thus required for solving the resultant quadratic formula 
(6.44). 

The local source impedance can be determined from the superimposed positive-
sequence voltage and current: 

 
S1

S1
1S I

V
Z

Δ
Δ

−=  (6.48) 

or for all the faults, except the three-phase balanced ones, from the negative-sequence 
quantities: 

 
S2

S2
2S I

V
Z −=  (6.49) 

The remote source impedance Z1R is the other parameter required by the fault loca-
tion formula (6.44). This impedance can be determined on condition that exact net-
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work topology and parameters are known. Otherwise, its “representative” value has to 
be provided as the input data [31]. Some mismatch between the actual impedance and 
the provided “representative” can appear. However, in strong meshed modern net-
works the equivalent system configuration is fixed [130] and the expected mismatch is 
rather not too high. Moreover, it follows from the many years’ experience [31] that the 
mismatch causes no problem. So, the need for providing the remote source impedance 
(Z1R) cannot be considered as the algorithm limitation.  

On the other hand, there is a possibility [49] for improving fault location accuracy 
by sending the source impedance, which can be measured at the remote end devices 
(for example, in the recording device RD), with use of simple and even slow commu-
nication means (Fig. 6.7). 

COMMUNICATION

RS dZL (1–d)ZL

iS

vS

ZS
ES F

FL d

ERZR

RD
Z1RZ1R

iR

vR

 

Fig. 6.7. Improving the accuracy of the fault location by measurement of remote source impedance (Z1R) 
in recording device and usage of communication for sending it to fault locator (FL) 

Figure 6.8 presents an example of fault location on a single 400 kV, 300 km line 
for the following fault specifications: 

• fault type: a–E, 
• fault resistance: 10 Ω, 
• fault location: 0.7 p.u. 
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  (Fig. 6.8 to be continued) 
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Fig. 6.8. Example of fault location on a single 400 kV, 300 km line with the following fault  
specifications: fault type: a–E, fault resistance: 10 Ω, fault location: 0.7 p.u.:  

a) phase voltages, b) phase currents, c) estimated distance to fault, d) estimated fault resistance 
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The estimated fault distance (averaged over the time interval lasting from 30 ms up 
to 50 ms after the fault inception) equals 0.7079 p.u., and thus the error is 0.8%. The 
accuracy obtained can be improved by introducing the compensation for the line shunt 
capacitances (Section 6.15). 

6.8. Fault location algorithm for a double-circuit line 
with complete measurements at one line end 

A schematic diagram of fault location (FL) on a double-circuit line and distance pro-
tection (DP) with measurements of three-phase voltage and three-phase current from 
both faulted and healthy lines is shown in Fig. 6.9 [63, 158]. There is greater availability 
of measured signals compared to the standard measurements, for which only zero-
sequence current is measured from the healthy parallel line. 
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F
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Fig. 6.9. Schematic diagram of fault location (FL) on a double-circuit line 
and distance protection (DP) with measurements of three-phase voltage 

and three-phase current from both faulted and healthy lines 

The fault current distribution factors for availability of measurements were deter-
mined on the basis of equivalent circuit diagrams from Fig. 6.6 and presented by the 
formulae (6.14)–(6.16). Considering the fault model (4.1), with zero-sequence com-
ponent being eliminated (aF0 = 0), as in Tables 4.3–4.5, and substituting (6.14)–(6.15) 
into the fault loop model (6.24) yields: 

 0
1 12

F
S_P1LIS_P =

−
−− N

d
RIZdV  (6.50) 
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where: 

⎟⎟
⎠

⎞
⎜⎜
⎝

⎛
−+⎟⎟

⎠

⎞
⎜⎜
⎝

⎛
−= SII2

2LI

2LII
SI2F2SII1

1LI

1LII
SI1F112 I

Z
Z

IaI
Z
Z

IaN . 

Resolving (6.50) into the real and imaginary parts and then eliminating the com-
ponent (RF/(1 – d)) yields the following formula for a sought distance to fault: 

 
)imag()real()real()imag(

)imag()real()real()imag(

12S_P1LI12S_P1LI

12S_P12S_P

NIZNIZ
NVNV

d
−

−
=  (6.51) 

The fault location formula (6.51) can be written down even in a more compact al-
ternative form, which can be implemented with use of digital algorithms developed for 
reactive power calculation: 

 
)imag(

)imag(

12S_P1LI

12S_P
*

*

NIZ

NV
d =  (6.52) 

where *
12N  – conjugate of 12N  defined in (6.50). 

Table 6.8. Description of signals and coefficients of the fault location algorithm (6.52) 

VS_P – fault loop voltage Formula (6.25), and Table 6.3 or Table 6.5 

IS_P – fault loop current Formula (6.27), and Table 6.4 or Table 6.6 

ISI1 – positive-sequence 
current from faulted line Fig. 6.6a 

ISII1 – positive-sequence 
current from healthy line Fig. 6.6a 

ISI2 – negative-sequence 
current from faulted line Fig. 6.6b 

Signals 

ISII2 – negative-sequence 
current from healthy line Fig. 6.6b 

Coefficients aF1, aF2 – weighting 
coefficients 

Tables 4.3–4.5, depending on the assumed 
preference for using the respective sequence 
components 

Obtaining such compact first order formulae (as (6.51) or (6.52)) appears to be 
very attractive for application to adaptive distance protection of parallel lines. It is 
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important here that neither impedances of the equivalent sources are to be known nor 
the pre-fault measurements are to be used. 

It is worthwhile to note that the classic distance relay determines the fault loop im-
pedance from the fault loop signals (6.24), (6.26): 

 
S_P

S_PDP
S_P

DP
S_P

DP
S_P j

I
V

XRZ =+=  (6.53) 

The impedance measurement (6.53) is affected by “the reactance effect”, rele-
vant for resistive faults, and presence of pre-fault power flow. In consequence, the 
quality of protection can be adversely influenced. However, the fault loop imped-
ance measurement can be accomplished with the fault location algorithm derived 
according to: 

 1LI
12S_P1LI

12S_PFL
S_P

FL
S_P

FL
S_P )imag(

)imag(
j Z

NIZ

NV
XRZ *

*

=+=  (6.54) 

Results for the sample fault, shown in Figs. 6.10 and 6.11 illustrate the effective-
ness of compensation for “the reactance effect”, when performing the measurements 
according to (6.52) and (6.54). The main specifications for the 400 kV, 300 km double- 
circuit line considered are as follows: 

– fault type: a–E, 
– fault resistance: 15 Ω, 
– fault location: 0.8 pu, 
– pre-fault power flow: from the bus R to S (ER leads ES by 35°). 
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  (Fig. 6.10 to be continued) 
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Fig. 6.10. Example of fault location on a double-circuit transmission line with the fault location 
algorithm (6.52): a) three-phase voltage, b) faulted line three-phase current, 

c) healthy line three-phase current, d) estimated distance to fault 
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The estimated value of the distance to fault in the example under consideration is 
d = 0.7806 p.u. (dactual = 0.8 p.u.), and thus around 2% error is obtained. This result can 
be improved by introducing compensation for the line shunt capacitances (Section 
6.15). 

Figure 6.11 presents, for the fault location example under study, the fault loop re-
sistance and reactance in two ways: 

• classic distance protection principle (6.53) – resistance , reactance , DP
S_PR DP

S_PX

• fault location-based method (6.54) – resistance , reactance . FL
S_PR FL
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Fig. 6.11. Example of fault location on a double-circuit transmission line, with the measurement 
of fault loop resistance (a) and reactance (b) being performed according to the classic distance 

protection (6.53) and fault location-based (6.54) principles 
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The impedance measurement of the classic distance protection ( , ) de-

parts very much from the real values ( , ). By contrast, using the fault loca-
tion algorithm presented, one obtains the fault loop impedance components ( , 

), which coincide with the real values of resistance and reactance of the line 
segment from the measuring point (S) to the fault place (F). The indicates that the 
distance protection immune to “the reactance effect” can be readily achieved. 

DP
S_PR DP

S_PX

R
1LIdR 1LIdX

FL
S_P

FL
S_PX

6.9. Fault location algorithm for a double-circuit line 
with limited measurements at one line end 

Figure 6.12 presents a schematic diagram of fault location on a double-circuit line with 
measurement of three-phase voltage and current from faulted line only [58]. It is consid-
ered that the healthy parallel line is in operation or switched off and earthed at both ends. 
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Fig. 6.12. Schematic diagram of fault location on a double-circuit line with measurements 
of three-phase voltage and current from faulted line only, when healthy parallel line is in operation 

(status of switches marked with solid line) or switched off and earthed 
(status of switches marked with dotted line) 

Taking the fault loop model (6.23) and expressing the total fault current with use 
of the symmetrical components of this current and the fault current distribution factors 
(6.9)–(6.11) one obtains: 
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In (6.55), the fault loop voltage ( S_PV ) is determined by (6.24), while the fault 
loop current can be expressed as: 

 0SII
LI1

0m
0

SL
S_PS_P I

Z
ZaII +=  (6.56) 

where the first component represents the fault loop current without taking into account 
the mutual coupling effect, i.e. as used for the single line (hence the superscript SL): 

 0SI
LI1

LI0
02SI21SI1

SL
S_P I

Z
ZaIaIaI ++=  (6.57) 

Since the zero-sequence current from the healthy line ( 0SIII ), which is required for 
making the compensation for the mutual coupling (6.56), is considered here as un-
available from the measurement, it has to be estimated. For this purpose, one takes the 
formula determining the relations between the symmetrical components of the total 
fault current (formula (4.3) and Table 4.7), which can be expressed as: 

 
11

12SI2F1SI1FSII00SI0 )(
1 LdK

MIbIb
d

IPI
+

+Δ
=

−
−  (6.58) 

which is obtained after substituting: 
• formulae (6.17)–(6.18) or (6.20)–(6.21) for the zero-sequence current (IF0), de-

pending on the mode of operation of the healthy parallel line, 
• formula (6.12) for the fault current distribution factor for the positive- and nega-

tive-sequence. 
The unavailable zero-sequence current from the healthy line ( 0SIII ) can be deter-

mined from (6.58) as equal to: 
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I  (6.59) 

Substituting (6.59) into the formula for the fault loop current (6.56) and then into 
the fault loop model (6.55) one obtains the following quadratic complex formula: 

 0F0001
2

2 =+++ RAAdAdA  (6.60) 

where: 

))(–(– 12SI2F1SI1F0SI1
0

m0SL
S_P1LI12 MIbIbIK
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ZIKZA +Δ−= , 

0SI1
0

m0SL
S_P1LI1S_P11 –– IL

P
ZILZVKA = . 
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S_P10 VLA = , 
)( 2SI2F1SI1F100 IaIaMA +Δ−= . 

Solution of (6.60) is identical to the solution of the quadratic complex formula 
(6.43). 

Table 6.9. Description of signals and coefficients of the fault location algorithm (6.60) 

 S_PV  – fault loop voltage Formula (6.25), and Table 
6.3 or Table 6.5 

S_PI  – fault loop current (complete) Formula (6.56) 
SL
S_PI – fault loop current without taking into ac-

count the mutual coupling effect, being the part of 
S_PI  

Formula (6.57), and Table 
6.6 

SI1IΔ  – superimposed positive-sequence current 

from faulted line 

Fig. 6.5a 

SI2I  – negative-sequence current from faulted line Fig. 6.5b 

Signals 

SI0I  – zero-sequence current from faulted line Figs. 3.25 and 3.26 

Line LII in operation Line LII switched off and 
earthed 

)( LII1R1S1LI11 ZZZZK ++−=  LI11 ZK −=  

R1LII111 ZZKL +−=  
R1LI11 ZZL +=  

))(( R1S1LII1LI1LII1LI11 ZZZZZZM +++=  LI1R1S11 ZZZM ++=  

0m0LI

0m0LII
00 ZZ

ZZPP
−
−

=′=  
0m

0LII
00 Z

ZPP −=″=  

1a , 
2a , 0a : Table 6.6 

1Fa , 
2Fa , 0Fa : The sets with 00F =a : Tables 4.3–4.5, accordingly to the as-

sumed preference for using the respective sequence components 

Coefficients 

1 , Fb F2b : formula (4.3) and Table 4.7 

In Fig. 6.13, an example of fault location on a 120 km double-circuit line is shown. 
The main specifications are as follows: a–E fault, dactual = 0.9 p.u., RF = 10 Ω, both 
lines are in operation [58]. Without using the zero-sequence current from the healthy 
parallel line, the compensation for mutual coupling of the lines is performed accu-
rately (according to (6.60)), ensuring exact location of the fault (Fig. 6.13c). 

The zero-sequence current from the healthy parallel line (its real and imaginary 
parts), estimated according to (6.59), is shown in Fig. 6.14, together with the actual 
current. The difference between these currents is considerable only during the first 
cycle after fault inception. However, after completing the data window of the filters 
(within 20 ms) the difference between the estimated and the actual currents is very 
small. 
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Fig. 6.13. Example of a–E fault location on a 400 kV, 120 km double-circuit line (dactual = 0.9 p.u., 
RF = 10 Ω): a) three-phase voltage, b) three-phase current from faulted line, c) estimated distance to fault 
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Fig. 6.14. Example of a–E fault location on a 400 kV, 120 km double-circuit line 
(dactual = 0.9 p.u., RF = 10 Ω) – estimated zero-sequence current from the healthy parallel line: 

a) real part, b) imaginary part 

Figure 6.15 shows errors of estimation of the distance to fault for the parallel lines 
of 120 km in length under single phase-to-ground faults applied at different locations 
(0.1, 0.2, ..., 0.9 p.u.) with fault resistance of 10 Ω. The errors in case of no compensa-
tion for mutual coupling between the lines are big, which is very well known. For far 
end faults the error for such location exceeds 10% (Fig. 6.15a). On the other hand, 
using the fault location algorithm (6.60), the errors are quite small, especially for the 
case with the parallel line being in operation, for which the error does not exceed 0.3% 
(Fig. 6.15b). If the parallel line is switched off and earthed at both ends the errors are 
slightly bigger, but still acceptable.  
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Fig. 6.15. Error in estimated distance to fault for a 120 km transmission line: 
a) under no mutual coupling compensation, b) with the compensation according to (6.60) 

6.10. Fault location algorithm utilising 
only phase current phasors 

Djuric et al. presented in [23] two fault location algorithms, which use only current 
signals from one end of a single transmission line as input data. The first algorithm 
utilises the relation between symmetrical components of the total fault current. As the 
algorithm covers only the phase-to-earth faults, in order to extend it to the phase-to-
phase-to-earth faults, the formula (4.3) and its coefficients gathered in Table 4.7 are 
recommended. After substituting (6.9)–(6.13) into (4.3) one obtains: 
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 (6.61) 
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The distance to fault can be determined from (6.61) as: 

 
0S012S2F1S1F10

2S2F1S1F100S01

)(
)(

IMKIbIbMK
IbIbMLIMLd

−+Δ
+Δ−

= . (6.62)  

where: 
S1IΔ , S2I , S0I  – superimposed positive-, negative- and zero-sequence compo-

nents of current from the terminal S, 
1Fb , F2b  – complex coefficients dependent on fault type (Table 4.7), 

1K , 1L , 1M  – complex coefficients determined by the positive-sequence imped-
ances of the network (Table 6.1), 

0K , 0L , 0M  – complex coefficients determined by the zero-sequence impedances 
of the network (in coefficients from Table 6.1 the positive-sequence impedances have 
to be replaced by the respective zero-sequence impedances: Z1L replaced by Z0L, etc.). 

The first algorithm from [23] covers only the faults for which an earth is involved 
and thus the zero-sequence current is present. For the phase-to-phase fault one can 
formulate a relation between the superimposed positive- and negative-sequence cur-
rents – the second algorithm from [23]. However, the distance to fault can be deter-
mined from this relation only for specific conditions with impedances of the network 
for the positive- and negative-sequence being not identical. Normally, this is not so 
and the fault current distribution factors for the superimposed positive- and negative-
sequence involved in the relation, being identical are cancelled and the relation be-
comes useless. 

Evaluation of the fault location accuracy performed in [23] has shown the presence 
of relatively big errors. Fortunately, the errors do not depend on fault resistance and 
pre-fault power flow direction. Therefore, one can apply the correction factors, calcu-
lated in advance, for correcting the results obtained for the particular line and network 
topology. The other possibility is to derive the relation formula (4.3) taking into ac-
count the distributed parameter line model. 

The fault location method discussed does not cover all faults, and thus cannot be 
considered as the only one suitable for implementing into the fault locator. It can be 
used as the supplement of other methods. Due to the simplicity of the algorithm, it can 
be utilised not only for fault location (off-line application), but also in the field of dis-
tance protection (on-line application). 

6.11. Fault location with limited use of current phasors 

The need for limiting use of current phasors is considered as one of the remedies 
for assuring high accuracy of fault location under CT saturation. 
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The relation between the symmetrical components of the total fault current (6.61) 
can be used for formulating the fault location algorithm utilising only voltage phasors 
[B.9]. For this purpose, the symmetrical components of the measured three-phase cur-
rent are expressed as follows: 
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=Δ  (6.63) 
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Substituting (6.63)–(6.65) into (6.61) results in the following formula for the dis-
tance to fault: 

 
0S011S2S2F1S1F100S

2S2F1S1F100S0S011S
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d
−+Δ
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=  (6.66) 

Again, as for the fault location algorithm [23], all impedances of the network, for 
the positive- and zero-sequence are required to be known and only the faults involving 
earth are covered. 

Pereira et al. presented in [130] an algorithm for fault location on transmission 
lines, with fault distance calculation based on steady-state measured phasors in local 
terminal. Voltage phasors from the fault interval only are required, while, the current 
phasors only from the pre-fault time, when CT saturation does not occur. When use is 
made of such input signals, the CT saturation does not affect the fault location accu-
racy. The algorithm covers all faults. It requires impedances of equivalent systems at 
both line terminals to be known, as well as performing the fault classification, assum-
ing at the same time that the fault impendance is purely resistive. 

The solution in [130] consists in comparing the voltage measured at the local ter-
minal (S) with the calculated one, taking into account the objective function of the 
sum of errors modules: 

 ∑
=

−=
cb,a,

measur.
S

calc.
SF ||),(

i
ii VVRdF  (6.67) 

Node voltages under fault condition are calculated [130] using three-phase injected 
currents in the nodes (line terminals S, R and at the fault F), and a three-phase nodal 
admittance matrix. 

Unknown fault distance (d) and fault resistance (RF) are obtained through an opti-
misation algorithm at the point of minimum of function (6.67). 



One-end impedance-based fault location algorithms 129

6.12. Fault location and arc voltage estimation algorithm 

Arcing character of faults is reflected in the algorithm presented in [24, 26]. This 
numerical algorithm is based on one terminal data and is derived in time domain. The 
fault location and its nature, in terms of arcing or arc-less fault, are estimated using the 
least error squares technique. The faulted phase voltage (Fig. 6.16) is modelled as 
a serial connection of fault resistance (RF) and arc voltage (v) – represented by the 
model defined in formula (4.11). The algorithm is derived for the most frequent case 
of single phase-to earth fault. 
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Fig. 6.16. Schematic diagram of three-phase line under phase ‘a’ to-earth fault 
with electrical arc and linear resistance 

Considering the fault loop for the phase ‘a’ one obtains [24, 26]: 
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(6.68)

 

where: 

1L

1L0L
0 X

XXk −
= , Fa0Le RkdRR += , 
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a ti

tik = , 

R1L, X1L – positive-sequence resistance and reactance of the line, 
R0L, X0L – zero-sequence resistance and reactance of the line, 
ω1 – fundamental radian frequency, 
iS0(t) – zero-sequence current, 
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Va – magnitude of the rectangular voltage wave: v (see equation (4.11)), 
ξ(t) – Gaussian noise with zero average value. 
Equation (6.68) involves three unknowns: 
• d (p.u.) – distance to fault, 
• Va – magnitude of the rectangular voltage wave, 
• quantity Re. 
After transforming (6.68) into the discrete form, an estimation with the use of the 

least error squares technique [24, 26] is carried out. 
Besides the basic feature of the algorithm relying on determining the nature of the 

fault also the distance to fault is obtained. Moreover, the approach does not require the 
line zero sequence resistance as input data. 

6.13. Fault location on untransposed lines 

The symmetrical components approach can be effectively used for locating faults 
on completely symmetrical lines, i.e. on transposed lines. However, the symmetry of 
a line can be substantially disturbed, which is the case when there are long segments 
of a line without transposition of the conductors (untransposed line). The other causes 
are related with such installations as, for example, series compensating capacitors 
equipped with MOVs for overvoltage protection, which introduce asymmetry upon the 
occurrence of unsymmetrical faults. 

In order to take into account the asymmetry of a line, the phase co-ordinates ap-
proach [B.9, 121, 150, 156] has to be applied for representing a faulted line in the fault 
location algorithm. Voltage drop across a three phase element, represented by a col-
umn matrix of three-phase voltage V, can be expressed as a product of an impedance 
matrix (Z) and a column matrix of three-phase current (I): 

 ZIV =  (6.69) 

where: 
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For a power line, which is perfectly transposed, the diagonal components of the 
impedance matrix Z (self impedances: subscript ‘s’) as well as all the off-diagonal 
elements (mutual impedances: subscript ‘m’) are accordingly equal to each other: 

 ccbbaas === ZZZZ  (6.70) 
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 acbcabm = == ZZZZ  (6.71) 

and as a result, one obtains the following relations in which impedances of a line for 
the positive- and zero-sequence are involved: 
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 = 1L0L
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Z  (6.72) 
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Z  (6.73) 

Models of a transmission network with a single line, for pre-fault and fault conditions, 
respectively, are presented in Figs. 6.17 and 6.18. In Figs. 6.19 and 6.20, a double-circuit 
line transmission network arrangement is presented. The voltages induced due to mutual 
coupling of the line circuits are denoted by rhombus symbols, under which the value of the 
particular voltage induced (contained in a dashed rectangle) is specified. 

In the models from Figs. 6.17 through 6.20, only the longitudinal line parameters 
are taken into account, while the shunt line parameters are neglected. Such simplifica-
tion is applied with the aim of obtaining compact formulae for the distance to fault. 
Then, in order to improve fault location accuracy, as required for the lines stretching 
over long distances, the compensation for the shunt line capacitances (Section 6.15: 
Compensation for shunt capacitance effect) can be performed. 
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Fig. 6.17. Model of transmission network with single line for pre-fault conditions 
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Fig. 6.18. Model of transmission network with single line for fault conditions 
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Fig. 6.19. Model of a transmission network with double-circuit line for pre-fault conditions 
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Fig. 6.20. Model of a transmission network with double-circuit line for: 
a) fault F on line LI, b) fault F1 overreaching line length 
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Transmission network with a double-circuit line, as a more general circuit, is taken 
further for deriving the fault location algorithm. Location is considered as performed 
on a faulted line LI, utilising the three-phase currents: , , ,  and three-
phase voltage VS (Figs. 6.19 and 6. 20). So, it is assumed that the one-end fault loca-
tor is installed at the terminal S. Besides these input signals of the fault locator, also 
the total fault current IF and the current IRI from the remote terminal RI are marked in 
Fig. 6.20a. These currents are immeasurable for the one-end fault locator installed at 
the bus SI–SII. However, the currents IF, IRI will be involved in the fault location algo-
rithm derivation. During the derivation they will be eliminated as a result of being 
expressed by means of the measurable quantities and network parameters. 

pre
SII pre

SIII SII SIII

Considering the path formed by emfs: ES, ER, and impedances: ZS, dZLI, 
, ZR in the circuit of Fig. 6.20a, one obtains the following matrix formula: LI)1( Zd−

  (6.74) SIImSIIRSRIRLISILISRS +)+(+)+)–1((–)+(=–= IZIZZIZZIZZEEE ddΔ

where impedance matrices for the line LI (ZLI) and for mutual coupling between line 
circuits (Zm) are: 
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For a completely symmetrical line, the elements of the impedance matrix ZLI are 
determined as in (6.72), while all the components of the mutual coupling impedance 
Zm are identical: 

 
3

m0
m_bcm_acm_abm_ccm_bbm_aa

ZZZZZZZ ======  (6.75) 

where 0mZ  – mutual coupling impedance for the zero-sequence. 
Assuming that emfs of the sources do not change due to a fault, the column matrix 

ΔE determined in (6.74) can be expressed based on the pre-fault model (Fig. 6.19) as 
[156]: 

  (6.76) pre
SIIRmS

pre
SILIRSRS )++(+)++(=–= IZZZIZZZEEEΔ

The current at the remote substation R flowing in the line LI (IRI), which is im-
measurable, can be determined from (6.74) as: 

  (6.77) ))++(+)+(()+)–1((= SIImRSSILAS
–1

RLIRI EIZZZIZZZZI Δ−dd

Column matrices of the voltage across a fault path and total fault current (Fig. 6.20a) 
are determined accordingly: 



Chapter 6 134 

  (6.78) SIImSILISF ––= IZIZVV dd

  (6.79) RISIF += III

A general fault model with use of the matrix notation was described in Chapter 4: 
formula (4.4) and Table 4.8. Taking into account the general fault model (4.4) and 
equations (6.78)–(6.79) one obtains [156]: 

 RISISIImSILISF
F

+=)––(1 IIIZIZVK dd
R

 (6.80) 

Combining (6.77) and (6.80), yields after the arrangements the following matrix 
equation: 

  (6.81) 0DCBA =+ F
2 Rdd −−

where: 
SIImFLISILIFLI += IZKZIZKZA , 

SIIRLIFmSILIFRSILISFLI )+(++)+(= IZZKZIZKZIZVKZB , 

SFRLI )+(= VKZZC , 

))(+(+))(++(= pre
SIISIImRS

pre
SISIRLIS IIZZZIIZZZD −+− . 

Transforming (6.81) into the scalar form one obtains the following quadratic for-
mula for complex numbers: 

 0=+ F01
2

2 RAdAdA −−  (6.82) 

where: 

PA=2A ,    PB=1A ,    PC=0A ,    
DD

DP T

T

= , 

superscript T denotes transposition of the matrix. 
The scalar quadratic equation (6.82) can be resolved into the real and imaginary 

parts, from which one calculates the distance to fault (d) and fault resistance (RF), 
analogously as was presented for the formula (6.43). 

In the case of a double-circuit line arrangement one ought to discriminate faults 
overreaching a total line length, i.e. occurring in a remote system (Fig. 6.20b: fault 
F1). This can be performed by analysing the following column matrix: 

 SIImLIISImLI1 )()( IZZIZZF −−−=  (6.83) 

which for such faults has to possess all the components equal to zero. However, in 
practice, due to the presence of measurement errors, some threshold has to applied. 
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Adaptation of the fault location formula (6.82) (derived for a double-circuit line) to 
the case of a single line requires deleting all the components relevant to mutual coupling 
of the line circuits (Zm) as well as all the components involving currents from the 
sound line ( , ). SIII pre

SIII
In [B.9], a quantitative evaluation of the fault location accuracy, with use of ATP-

EMTP generated fault data has been performed. It was shown that for the transmission 
system studied there, the presented algorithm allows the fault location accuracy to be 
improved up to 2%, compared to the symmetrical components approach (applied after 
averaging the diagonal and off-diagonal elements of the line impedance matrix). Note 
that such improvement was obtained for comparatively small asymmetry of the line 
under consideration [B.9]. In the presence of larger asymmetry of the line, the ex-
pected improvement can be considerably higher. 

6.14. Fault location on series-compensated lines 

6.14.1. Representation of SC&MOV bank 

Series capacitors equipped with MOVs (Fig. 6.21) create certain problems for 
transmission line protective devices and fault locators. In order to cope with them, 
adequate representations of SCs&MOVs have to be developed, being required for 
both distance protection and fault location purposes. 

MOVs

AIR-GAPs

SCsSystem A System B(F1)(F2)

v i
FAULT LOCATOR

(PROTECTIVE RELAY) THERMAL
PROTECTION

 

Fig. 6.21. Scheme of transmission line with series compensation in mid-line 

The fundamental frequency concept has been utilised for representing SCs&MOVs 
for fault location purposes in [55, 150]. In turn, a digital algorithm for estimating 
a voltage drop across the bank of SC&MOV has been considered for application to 
fault location in [140] and for protective relaying purposes in [153]. This estimation 
algorithm is based on the on-line solving of the strongly non-linear differential equa-
tion and is of recursive form. 
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Fundamental frequency equivalenting of SC&MOV 

Figure 6.22 presents the equivalenting principle [55, 150]. The parallel connection 
of a fixed series capacitor (C) and its non-linear protecting resistor MOV (Fig. 6.22a) 
is represented for the steady state by the fundamental frequency equivalent (Fig. 
6.22b). The equivalent is of the form of a series branch with the resistance (Rv) and the 
capacitive reactance (Xv), both dependent on the amplitude of a current (|Iv|) entering 
the SC&MOV bank. Fundamental frequency currents and voltage drops denoted in the 
original scheme (Fig. 6.22a) and in the equivalent (Fig. 6.22b) must match each other. 
The equivalenting has to be done by scanning through different amplitudes of the fault 
current entering the parallel connection of the SC and MOV. This can be achieved, for 
example, by changing the voltage magnitude of the supplying source (Fig. 6.23). 

Iv C

MOV
IMOV

IC

Vv

                

Iv

Vv

Xv(|Iv|) Rv(|Iv|)  

a) b) 

Fig. 6.22. Principle of SC&MOV equivalenting: 
a) original circuit, b) scheme of the fundamental frequency equivalent 
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Fig. 6.23. Principle of using ATP-EMTP for equivalenting 

Figure 6.23 presents the principle of equivalenting performed with use of ATP-EMTP 
[B.5] simulations. The circuit considered is supplied by a source for which the voltage 
magnitude (E) is controlled in the MODELS unit. The inductive impedance (RL, XL) 
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Fig. 6.24. Fundamental frequency equivalents under different compensation rates 
for a 400 kV, 300 km line: a) equivalent resistance, b) equivalent reactance 

represents the resultant impedance of the source and the line segment from the measur-
ing point up to the SC&MOV installation point. The capacitance (CL) represents the 
shunt capacitance of this line segment, while Ro and Xo – the equivalent impedance for 
the remote faulted line segment, together with the remote supplying system. Exchange 
of the signals, between the units of ATP-EMTP: the MODELS and the Electrical Net-
work, is shown in Fig. 6.23. The simulation time interval is subdivided into subintervals 
with different magnitudes of the voltage source (the number of subintervals is equal to 
the required number of points on the equivalent characteristics). The voltage magnitude 
is determined in the MODELS unit and sent to the Electrical Network. Length of the 
simulation subintervals is set in such a way that steady state measurement is achieved in 
each subinterval. This requires setting wider subintervals for smaller voltage magnitudes 
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when long lasting transients are present due to linear operation of MOVs. On the other 
hand, for higher supplying voltage magnitudes, the MOVs operate in a non-linear range 
and the transients are damped faster, and thus shorter subintervals can be designated. 
Voltages at both terminals of the compensating capacitor (vv1, vv2) and the current enter-
ing the SC&MOV complex (iV) are picked up from the Electrical Network and sent to 
the MODELS unit. Then, these signals are transferred to Matlab program for determin-
ing fundamental frequency phasors of the processed signals: Vv, Iv. From these phasors 
the equivalent characteristics (Fig. 6.24) are determined. 

Results of the equivalenting for different rates of the capacitor compensation, 
namely for 60%, 70% and 80% rates, applied to a 400 kV, 300 km transmission line 
are shown in Fig. 6.24. When determining the equivalents presented in Fig. 6.24, it 
was assumed that the MOVs have identical characteristics, while different SCs are 
applied for providing 60%, 70% or 80% compensation of the line, respectively. It is 
seen that the capacitance of the SC influences mainly the equivalent resistance (Rv). 
For the analysed compensation rates the equivalent reactance (Xv) differs only for low 
amplitudes of the fault current (when the MOVs operate linearly or almost linearly). 

Using the phase co-ordinates approach, the three-phase equivalent of SCs&MOVs 
can be presented with the following matrix [150]: 
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Digital algorithm for estimation of voltage drop across SC&MOV 

Let us consider a parallel connection of the series capacitor SC, and the MOV 
shown in Fig. 3.13a and also in Fig. 6.21. Assuming the analytical approximation of 
the MOV characteristic in the form of (3.4), the non-linear circuit of SC&MOV can be 
described by the following non-linear differential equation [153]: 

 0v
REF

vv =−⎟⎟
⎠

⎞
⎜⎜
⎝

⎛
+ i

V
vP

dt
dvC

q

 (6.85) 

In this equation, all the parameters are known and constant; the current iv entering 
the bank is available (since neglecting the shunt parameters of the line, this is the current 
in the substation where the fault locator is installed); while the voltage drop vv is to be 
calculated. Thus, one needs to transform the continuous-time differential equation (6.85) 
into its algebraic discrete-time form. The 2nd order Gear differentiation rule has been 
taken for this purpose. The following substitutions apply to (6.85): 

       (6.86) )(vv )( niti → )(vv )( nvtv →
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 )43(D)(
)2(v)1(v)(v

v
−− +−→ nnn vvv

dt
tdv  (6.87) 

where: 

24
1

))2sin(5.0)sin(2())cos(1(2

π2D
ααα −+−

=
f  or  

)2cos(6)cos(3226
π2D 1

αα +−
=

f , 

s1π2 Tf=α , 
f1 – rated fundamental frequency, 
Ts – sampling period, 
n – discrete time index. 
Substituting (6.86)–(6.87) into (6.85) yields the discrete-time equation: 

  (6.88) 0)( 0)(1q)( )(
=−+= AxAxAxF n

q
n n

in which: 

,
REF

)(v
)( V

v
x n

n =           ,q PA = ,D3 REF1 VCA =      ).4(
3 )2()1(

1
)(v0 −− −+= nnn xxAiA  

Equation (6.88) is to be solved for x(n) (the p.u. value of the sought voltage drop 
vv(n) at the current sampling instant n). The two parameters of this equation: Aq and A1 
are the constants, while A0 depends on the sample of the current (iv(n)) entering the 
bank and the two historical samples of the p.u. voltage drop , ). In order to 
ensure good convergence of the algorithm, appropriately modified Newton–Raphson 
method has been used. The form (6.88) of the equation is numerically efficient for 
“small” values of A0 while for “large” values of A0, it should be re-written to: 

)1(( −nx )2( −nx

 0)()( 0

1

)(1)(q)( =−+= AyAyAyF q
nnn  (6.89) 

(where: ) and solved for y(n). q
nn xy )()( =

The threshold value of A0 alternating the two optimal formulae (6.88) and (6.89) 
is: 
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The formula (6.88) is solved iteratively with the Newton–Raphson method by ap-
plying the following algorithm: 

 
1

1
old)(q
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The formula (6.89) is solved iteratively with the Newton–Raphson method by ap-
plying: 
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Certainly, if (6.88) is applied, the sought voltage drop (in Volts) is eventually 
computed from: 

 REF)()(v Vxv nn =  (6.93) 

while, if (6.89) is applied, the voltage drop (in Volts) is obtained from: 

  (6.94) REF
)(

)()(v
1

)( Vyv q
nn

−

=

The algorithm is accurate and numerically efficient owing to the following factors 
[153]: 

• The difference in the signal levels (voltage in thousands while current in tens or 
hundreds) is removed by applying the p.u. value of the voltage drop. 

• The strong non-linearity of the equation is moderated by using either of the two 
optimal formulae: (6.88) or (6.89), depending on the operating point on the character-
istic of the MOV. 

• The algorithm ensures satisfactory accuracy for time steps as large as 1/20th of the 
fundamental frequency cycle (it needs 2–3 iterations to find a solution). For shorter time 
steps (sampling frequency over 1000 Hz) the algorithm performs even better.  

It is assumed that the pre-fault current is available and the estimation algorithm 
is started a posteriori, few samples before detecting the fault. Thus, the algorithm is 
initiated in the pre-fault steady state using the zero conditions, i.e. assuming: 

 0      0 )2()1( == −− nn xx  (6.95) 

In the pre-fault conditions, the compensating bank is a pure capacitance (since the 
MOV almost does not conduct a current) and when using the algorithm with zero ini-
tial conditions (6.95), a certain constant offset to the accurate solution is added. In 
order to remove this offset, it is recommended to apply the following filter: 
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 )2(
)1)(cos(2

1
)2()1()()( −− +−

−
= nnnn xxx

α
λ  (6.96) 

where angle α, as in (6.87). 
Implementation of the estimation algorithm, for the case where only the first form 

(6.88) is utilised, into the Matlab function [B.27] follows. The task of incorporating 
the second form (6.89) to this Matlab function is left for the reader. 

% Matlab function for estimating voltage drop across SC&MOV 

function vMOVa=MOV_fun(ia);    % ‘ia’ is the input current of the algorithm 
n_iter=2;   % here fixed number of iterations (for example: 2) for solving equation is 
set 
C=4.8119e-005; % capacitance of series capacitor 
P=1000.0; % reference current of MOV characteristic 
q=23; % exponent of MOV characteristic 
V_REF=150000.0; % reference voltage of MOV characteristic 
f=50; % rated power system frequency 
fs=1000; % sampling frequency 
omega1=2*pi*f; % rated power system angular frequency 
a=omega1/fs; % angle corresponding to single sampling interval 
kF=0.5/(cos(a)–1);  % gain for the filter used for rejecting the DC component 
D=omega1/sqrt(26–32*cos(a)+6*cos(2*a));   % constant for the 2nd order GEAR 
rule 
A_q=P; % constant 
A_1=3*D*C*V_REF; % constant 
l=size(ia); % size of input current 
x=[0;0;0]; % initial conditions 

for n=1:l(1), % processing with time 
A_0=ia(n)+A_1*[0 4 –1]*x/3; % quantity from the numeric formula 

for k=1:n_iter, % perform iterative calculations 
z=abs(x(1)); 

if z, 
z=log(z); 
z=A_q*exp(q*z); 

if x(1)<0, z=–z; end; 
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z1=q*z/x(1); 
else, 
z1=0; 
end; 
x(1)=x(1)–(z+A_1*x(1)–A_0)/(z1+A_1); 

end, 
if n<4, % reject the constant offset 
xF(n)=kF*[1 –2 1]*x; 
end, 
if n==3, 
xF(n)=kF*[1 –2 1]*x; 
x(1)=ia(n)/A_1+(4*xF(n)–xF(n–1))/3; 
x(2)=xF(n); 
end, 
x(3)=x(2); 
x(2)=x(1); 
vMOVa_pu(n,1)=x(1); % result in per units 
end; 

vMOVa=vMOVa_pu*V_REF; % result in Volts 

Figure 6.25 illustrates operation of the presented estimation algorithm for a 400 kV 
300 km line under a single phase-to-earth fault just behind the compensating bank (as 
seen from the bus S), with 5 Ω fault resistance. 
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(Fig. 6.25 to be continued) 
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Fig. 6.25. Sample fault: a) measured phase voltages, b) measured phase currents (input to the algorithm), 
c) voltage drops across SCs&MOVs from simulation, d) voltage drop across SC&MOV in the faulted 

phase – from simulation, and estimated (output from the algorithm) 
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In the measured phase voltages (Fig. 6.25a) and phase currents (Fig. 6.25b) one ob-
serves the characteristic distortion of the waveforms. It is distinctive that, in contrast to 
uncompensated line case, there are no DC components in currents. Limiting of the volt-
age drop across SC&MOV from the faulted phase to the level equal to around the refer-
ence voltage of MOV (VREF) is observed (Fig. 6.25c). On the other hand, the MOVs 
from the sound phases operate linearly, which results in slowly decaying sub-harmonic 
oscillations (Fig. 6.25c). Figure 6.25d shows the actual voltage drop across the 
SC&MOV from the faulted phase (EMTP simulation) and the signal estimated with the 
algorithm presented. The accuracy of the voltage reconstruction is very high and the 
difference between the actual and calculated values is very small. Note that the voltage 
drop is calculated at the sampling instants only (1000 Hz sampling frequency was as-
sumed here) and therefore the calculated voltage drop is presented as a stair waveform. 

6.14.2. Fault location algorithm for single series-compensated lines 

Let us consider the one-end fault location on a single-circuit transmission line with 
series compensation inserted at the mid-line: at the distance dSC (p.u.) from the termi-
nal S. It is assumed that the fault locator is installed at the bus S (Fig. 6. 21). For such 
a configuration of the series-compensated line there is a need for applying two subrou-
tines, which are designed for locating faults: 

• behind SCs&MOVs (fault F1, Fig. 6. 21) – the subroutine SUB_1, 
• in front of SCs&MOVs (fault F2, Fig. 6. 21) – the subroutine SUB_2. 
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Fig. 6.26. Equivalent diagram for a transmission system with single line compensated at midpoint, 
for pre-fault conditions (superscript: pre) 

The position of a fault with respect to the SCs&MOVs (behind or in front of them) 
is of random nature, therefore, in order to get the final result, the selection of the valid 
subroutine, i.e. the subroutine which yields the result consistent with the real fault, is 
necessary. 

The fault location algorithm presented here belongs to the phasor-based category 
[285]. In this algorithm, the SCs&MOVs are represented by the three-phase funda-
mental frequency equivalent (6.84). In the following circuit diagrams they are pre-
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sented by the rectangle impedance symbol, but drawn with double line, with the 
equivalent impedance being specified. For example, in the equivalent circuit diagram 
for pre-fault conditions (Fig. 6.26) the SCs&MOVs equivalent is denoted by 

. |)(| pre
Sv IZ

Subroutine SUB_1 – for faults behind SCs 

In this case (Fig. 6.27), the current flowing through the SCs&MOVs is directly 
measured by the fault locator at the terminal S. The following applies to the faulted 
network (Fig. 6.27): 

 RRL1SSvL1LRS )1(|))(|( IZ)Z(IIZZZEE +−−++=− dd  (6.97) 

 SSvL1FS |))(|( IIZZVV +=− d  (6.98) 

 RS IIIF +=  (6.99) 

where dSC < d1 < 1 is the sought fault distance (p.u.). 
The pre-fault network (Fig. 6.26) is described by: 

  (6.100) pre
SR

pre
SvLSRS )|)(|( IZIZZZEE +++=−

where the superscript ‘pre’ stands for the pre-fault values of three-phase current. 
The fault equation (4.4) completes the model: 

 FF
F1

F
1 VKI

R
=  (6.101) 

where RF1 – unknown resistance involved in the fault. 
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Fig. 6.27. Subroutine SUB_1 for faults occurring behind the compensating capacitors  
– equivalent circuit diagram for transmission network with single line compensated at midpoint 

Combining (6.97)–(6.101) results in the following matrix formula: 

  (6.102) 0DCBA =−+− 1F1
2
1 Rdd
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where: 
SLFL IZKZA = , 

SLFRSSvLSFL )|))(|(( IZKZIIZZVKZB +−+= , 
)|)(|()( SSvSFRL IIZVKZZC −+= , 

pre
S

pre
SvSSv

pre
SSRLS |)(||)(|))(( IIZIIZIIZZZD −+−++= . 

Transforming (6.102) into the scalar form yields the following quadratic formula 
(for complex numbers) in two unknowns: distance to fault (d1), such that: dSC < d1 < 1 
(p.u.) and fault resistance (RF1): 

 0=+ F1011
2
12 RAdAdA −−  (6.103) 

where: 

,=2 PAA       ,=1 PBA       ,=0 PCA       ,= T

T

DD
DP  

superscript T denotes transposition of the matrix. 
The scalar quadratic equation (6.103) can be resolved into the real and imaginary 

parts, from which one calculates the distance to fault (d1) and fault resistance ( ), 
analogously to that presented for the formula (6.43) 

F1R

There are, certainly, two roots of the scalar quadratic formula, but one of them be-
ing constant (depending only on the system parameters) can be easily identified and 
rejected. Eventually, the first subroutine SUB_1 delivers the solution  assum-
ing the fault behind the SCs&MOVs. 

) ,( 1F1 Rd

Subroutine SUB_2 – for faults in front of SCs 

The case of a fault between the substation and the SCs&MOVs is more involved 
because the current flowing through the SCs&MOVs (IR) is not directly available to 
the locator (since here the one-end measurement at the terminal S is considered). 

The following equations apply to the faulted network (Fig. 6.28): 

 RRRvL2SL2SSS )|)(|1()( IZIZ)Z(IZZEE ++−−+=− dd  (6.104) 

 SL2FS IZVV d=−  (6.105) 

but now, 0 < d2 < dSC. 
The model of the pre-fault network (6.100) and also the fault model (6.101), but 

with fault resistance RF2 instead of RF1, remain valid. 
In this case, one also obtains the quadratic matrix equation: 

  (6.106) 0DCBA =−+− 2F2
2
2 Rdd
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where: 
SLFL IZKZA = , 

SLFRRvLSFL )|)(|( IZKZIZZVKZB +++= , 
|))(|( SFRvRL VKIZZZC ++= , 

pre
S

pre
SvSRv
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Fig. 6.28. Subroutine SUB_2 for faults occurring in front of the compensating capacitors  
– equivalent circuit diagram for transmission network with single line compensated at midpoint 

Transforming matrix formula (6.106) into the scalar form is performed analo-
gously as for the subroutine SUB_1. Then, the unknowns d2, RF2 are calculated, but an 
iterative numerical solution (Fig. 6.29b) is required because the coefficients depend on 
the unknown current from the remote substation R. 

Eventually, the second subroutine delivers the solution  assuming the 
fault in front of the SCs&MOVs. 
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Fig. 6.29. Fault location algorithm: a) two subroutines compute two conditional fault locations 
and resistances, which undergo selection, b) iterative solution applies to the subroutine SUB_2 
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Selection algorithm 

Locating a fault with respect to the SCs&MOVs in the system of Fig. 6.21, i.e. 
selecting either SUB_1 or SUB_2 as a valid subroutine, is a separate issue. Here, 
however, the problem narrows to the selection of the correct pair  out of two 
alternatives  and , as depicted in Fig. 6.29a. The simple and 
straightforward algorithm: 

) ,( FRd
) ,( 1F1 Rd ) ,( 2F2 Rd

if d1 is out of [dSC, 1] and d2 is in [0, dSC] then 
 accept  as the valid solution otherwise ),( 2F2 Rd
if d1 is in [dSC, 1] and d2 is out of [0, dSC] then 
 accept  as the valid solution otherwise select the alternative with lower 

RF as the valid solution. 
),( 1F1 Rd

This selecting algorithm works in most cases. In order to avoid false selection, 
which could happen in some rare cases, an additional selection criterion has been pro-
posed. This criterion is based on calculating currents at fault place, according to both 
subroutines: SUB_1, SUB_2, substituting the obtained distances to fault, d1, d2. Ide-
ally, for the valid subroutine the calculated currents from healthy phases at fault have 
to be equal to zero (since in the healthy phases there is no current flow at all). In prac-
tice, due to the presence of the errors, certain threshold has to be assumed for indicat-
ing that these currents are close to zero (the valid subroutine) or far away from zero 
(the false subroutine). Certainly, this criterion can be applied for all fault types, except 
three-phase faults under which there are no healthy phases. 

Improvements of the one-end fault location algorithm 

The fault algorithm has been presented in its very basic form. The important en-
hancements for its field implementation may include: 

• the impedance of the local system should be traced on-line based on the se-
quence voltages and currents; owing to this, the local impedance is always perfectly 
matched, 

• more involved techniques should be used for phasor estimation and dealing 
with the off-nominal frequencies, 

• advanced post-processing techniques for output filtering and elaborated methods 
for selecting the final result from the available data window should be applied, 

• the remote end source impedance may also be accurately measured by the re-
mote end relays or fault locators and transmitted to the local substation; no sampling 
synchronisation is needed (the voltage and current act as reference for each other), 

• the amplitude of the remote current may also be measured and transmitted ena-
bling iterative calculations to be avoided for the subroutine SUB_2 and improving 
the accuracy. 
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Example of fault location (Fig. 6.30a–f): 
The following specifications of the fault on a 400 kV, 300 km transmission line, 

compensated at 70% rate with the three-phase compensating bank installed at mid-line 
(dSC = 0.5 p.u.) were assumed: 

• fault type: a–E, 
• distance to fault: d = 0.5+ p.u. (just behind SCs&MOVs), 
• fault resistance: RF = 10 Ω. 
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(Fig. 6.30 to be continued) 
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Fig. 6.30. Example of fault location (a–E fault, d = 0.5+ p.u., RF = 10 Ω): 
a) three-phase input voltage, b) three-phase input current, c) distance to fault, d) fault resistance, 

e) magnitude of total fault current from healthy phase ‘b’ according to SUB_1 and SUB_2, 
f) fault distance estimation error for valid subroutine (SUB_1) 

The fault locator input signals are shown in Fig. 6.30a, b. Results for estimated dis-
tance to fault from both subroutines (Fig. 6.30c) could be accepted and thus selection 
of the valid result is required. Lower positive fault resistance (Fig. 6.30d) is yielded by 
the subroutine SUB_1 and this supports selection of it as the valid subroutine. Also the 
selection criterion based on calculating the healthy phase total fault current (Fig. 
6.30e) indicates the subroutine SUB_1 as the valid one. The estimation error for the 
fault distance (from the valid subroutine SUB_1) shown in Fig. 6.30f is definitely 
acceptable, as it does not exceed 0.5% after around 1.5 fundamental frequency cycle 
since fault incipience. Note: full cycle Fourier filtration was applied for determining 
the phasors of the processed signals. 

6.15. Application of distributed-parameter line model 
to one-end fault location algorithms 

The varieties of fault location algorithms presented above (Sections 6.2–6.14) were 
derived assuming the lumped model of a transmission line and neglecting the line 
shunt parameters (predominantly the shunt capacitances). The fault loop formula 
(6.28) was used for deriving those algorithms. Introducing in (6.28) the fault loop 
current for the single line (6.26) one obtains the following form for the fault loop for-
mula [63]: 
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  0)( F0F0F2F2F1F1FS0
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0L
0S22S111LS_P =++−⎟⎟

⎠

⎞
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⎝

⎛
++− IaIaIaRI

Z
ZaIaIaZdV  (6.145) 

in which there are coefficients dependent on fault type (gathered in Table 6.5 and Tables 
4.3–4.5). 

Using (6.145) accurate location of faults on transmission lines of comparatively 
short length can be performed. In order to keep the fault location errors in the case of 
long lines (usually considered as exceeding 150 km) on the acceptable level, the dis-
tributed-parameter line model has to be incorporated. 

Distributed-parameter model of faulted line for the i-th symmetrical component 
from Fig. 2.25 will be utilised for simplified introduction of the distributed-parameter 
line model into the fault loop formula (6.145). This model is simplified (not strict) 
since in order to avoid solving non-linear equations, the iterative calculations are per-
formed. Performing the current iteration (the iteration number n), the shunt parameters 
(capacitances) for the faulted line section are determined not by accurate value of the 
distance to fault but by the value obtained in the last but one iteration (the iteration 
number: (n – 1)). Also the longitudinal line impedance for the line section in the 
model from Fig. 2.25 is determined using the distance to fault value obtained in the 
previous iteration of the calculations. In order to start the iterative calculations, the 
distance to fault obtained for the lumped line model has to be taken. 

Introducing into (6.145) the distributed-parameter line model from Fig. 2.25 one 
obtains: 
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(6.146)

 

where: 
d(n), d(n–1) – distance to fault from current and previous iterations, 

)(F n
R – fault resistance from current iteration, 

l

l

)1(1

)1(1sh
2

sh
1 γ

)γsinh(
)1()1(

−

−
==

−−
n

n

d

d
AA

nn
 – correction factor for determining the positive-

sequence (negative-sequence) longitudinal impedance of line section having the length 
d (p.u.), 

l

l

)1(0

)1(0sh
0 γ

)γsinh(
)1(

−

−
=

−
n

n

d

d
A

n
 – as above, but for the zero-sequence. 

The positive-, negative- and zero-sequence currents after deducing the shunt ca-
pacitance currents equal: 
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2L2S2

comp
S2 )1()1(

5.0 VAYdII
nn −−

′−= l   

S0
th
0L0)1(S0

comp
S0 )1(

5.0 VAYdII
nn −

′−= − l   

where: 
th
2

th
1 )1()1( −−

=
nn

AA  – correction factor for determining the positive-(negative-)sequence 

shunt admittance of line section having the length d (p.u.), 
th
0 )1( −n

A  – as above, but for the zero-sequence, 
comp
F1I , comp

F2I , comp
F0I  – symmetrical components of total fault current determined 

with considering the distributed-parameter line model, however, it is a common prac-
tice [142, 143] that they are identical with the currents estimated using the lumped line 
model. 

The fault loop formula (6.146) is solved iteratively for the unknowns: d(n),  

with checking the convergence of iterative calculations (this requires setting the con-
vergence threshold) or applying the pre-defined number of iterations. Usually, per-
formance of two iterations appears to be sufficient. 

)(F n
R

Analogously as for the symmetrical components approach (6.146), the distributed-
parameter line model can be introduced for the phase co-ordinates approach. 

 



7. Two-end and multi-end fault location algorithms 

7.1. Introduction 

In this chapter, two-end and multi-end fault location algorithms are considered. 
Both, synchronised [B.8, 33, 53, 71, 72, 91, 92, 133, 180, 181] and unsynchronised 
[20, 60, 70, 103, 104, 126, 127, 132, 165, 177, 178] measurements are taken into ac-
count. In the case of unsynchronised measurements, different ways of dealing with the 
unknown synchronisation angle are presented. Use of both complete (two-end volt-
ages and currents) and incomplete (two-end voltages and current from one end or two-
end currents and one-end voltage) measurements is considered. Also, use of measure-
ments from distance relays at both line terminals is considered for deriving a fault 
location algorithm designed for post-fault analysis of operation of the relays [64, 69, 
142, 143, 148]. 

Different options with respect to availability of measurements from the terminals 
of three-terminal and multi-terminal lines are considered. 

7.2. Fault location with use of two-end 
synchronised measurements 

7.2.1. Phasor-based approach 

The distributed-parameter model of faulted line for the i-th symmetrical compo-
nent, with use of the correction factors for representing series and shunt parameters, as 
in Fig. 3.30, is taken into consideration. Voltage at fault point (F), viewed from the 
terminals S and R, respectively, is as follows: 

 iiiiii IZdVdV ScS
S
F )γsinh()γcosh( ll −=  (7.1) 

iiiiii IZdVdV RcR
R
F ))1(γsinh())1(γcosh( ll −−−=  (7.2)  
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where iV S , iI S , iV R , iI R  – phasors of the i-th symmetrical com
ren ob ned om

 

ponent of voltages 
and cur ts tai  fr  synchronous measurements at the line terminals. 

After taking into account the following trigonometric identities: 

)γsinh()γsinh()γcosh()γcosh())1(γcosh( llll dd
iiii

ld
i

−=−  (7.3) 

)γsinh()γcosh()γcosh()γsinh())1(γsinh( lllll ddd
iiiii

−=−  (7.4)  

a : nd performing the rearrangements, the formula (7.2) can be presented as

 )γsinh()γcosh(R
F ll dBdAV

iiiii +=  (7.5) 

here: w
)γsinh()γcosh( RcR ll

iiiiiiA = IZV − , 

) . γcosh()γsinh( RcR ll
iiiiii IZVB +−=

The voltages (7.1) and (7.5), as present at the same point (F), are to be compared: 

 R
F

S
F ii VV =  (7.6) 

As a result of this comparison one obtains: 
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From (7.7) one obtains the following formula for the distance to fault for two
synchr

 

-end 
onous measurements of voltages and currents [74]: 
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 (7.8) 

The obtained fault location formula (7.8) can also be applied for the modal quanti-
ties [74

7.2.2. Time domain approach 

In Chapter 3, the mod he long line model were 
form

inary differential equations: 

]. 

ified Telegrapher’s Equations of t
ulated. Such first order partial differential equations can be solved using the 

method of characteristics [B.2]. This method discovers lines (called characteristic 
lines or characteristics) along which the partial differential equation degenerates into 
an ordinary differential equation. 

Using the characteristics [B.2], the partial differential equations relating u and i 
(3.29)–(3.30) can be written as ord
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21 χ

ηχ
+

=−
i

ds
di

ds
du  (7.9) 

21 χ

η
ρ

χ
ρ +

−
=+

i
d
di

d
du  (7.10) 

w conshere s, ρ – length along the two characteristics: t=t xχ  (straight lines in the ±
distance–time plane). 

s is discretize
The solution of equations (7.9)–(7.10) requires the discretization of the continuous 

time system. Assuming [46] that the distance (x) axi d by the index j and 
the time (t) axis by the index k, the following expressions for the voltage and current 
are obtained: 
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herew  LLc CLZ ′′=  – surge impedance of the transmission line. 
Starting from the ends of the line, one can compute the voltage and current profile 

e line, applyalong th ing equations (7.11)–(7.12). 
If in equations (7.11)–(7.12), the series resistance LR′  is neglected, they will re-

duce to the well known Bergeron equations for a transmission line. Instead of comput-
ing the profile point by discrete point, the voltage and current at any point on the line 
can be determined knowing the voltage and current at the end of the line and the dis-
tance to the point. 

The Bergeron equations for the voltage and current at a point xj and time instant tk 
are then given by: 

 )(
2

)(
2
1 c iiZvvv −++=  (7.13) ,01,0,0,0, jkkjkjkkj +−+−

)(
2
1)(

2
1

,0,0,0,0
c

, jkjkjkjkkj iivv
Z

i +−+− +++=  (7.14)  

Steps in Fault Location 
Using the voltage and current profiles, calculated by means of the method of char-

acteristics, the fault location procedure described in [46] consists of the following 
steps: 
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• Modal decomposition used for obtaining three decoupled single phase transmis-
sio

iscretization of the transmission line: Based on the sampling frequency of the 
dat

f the approximate fault point: For each discrete point determined 
abo

point with the least error). 

urements 

In the case th m digital meas-
urements acquire mmon time ref-
erence. This happens e reasons the signal 
from the GPS is not received. In order to make use of such measurements for fault 
loc

e synchronisation operator 
. This can be accomplished using the distributed parameter line model for the pre-

fault p ]. 
In the pre-fault circuit (Fig. 7.1) there are the following phasors of signals meas-

ure
per

n lines (from a three phase coupled system), to which the method of characteristics 
can be applied. 

• D
a acquisition, each mode of the transmission line is discretized into a finite number 

of points. 
• Location o
ve, compute the voltage due to the sending end voltage and current. Then, the pro-

cedure using the receiving end data is repeated and the approximate fault point is 
found (the 

• Refining the fault location performed with use of reconstructed voltage and cur-
rent values transformed back to the phase domain. 

7.3. Fault location with use of two-end 
unsynchronised meas

e phasors of voltages and currents are obtained fro
d asynchronously at the line terminals, there is no co

when the GPS facility is not used or for som

ation, a common time reference has to be provided. Different approaches for that 
follow in the next sections. The measurements from the terminal R will be assumed as 
the base, while all phasors for voltage and current from the end S (acquired asynchro-
nously) will be multiplied by the synchronisation operator jδe . 

7.3.1. Fault location with measurement of synchronisation angle 

Application of (7.8) requires earlier determination of th
jδe

ositive sequence quantities (superscript ‘pre’ and subscript ‘1’ in Fig. 7.1) [149

d asynchronously during pre-fault state, which after analytical synchronisation, 
formed with use of the synchronisation operator jδe , take the form: 

pre pre• at the terminal R: R1I , R1V , 

• at the terminal S: jδpre
S1 eI , jδpre

S1 eV . 
Different options with regard to using these phasors can be considered, as presented 

in t te t in ig. 7.1, the phasors which are to be calculated are he next sections. No tha  F
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ma s, in order to distinguish them from those obtained from meas-
ure

rked by dashed boxe
ment. 

RS
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S1 eV
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Y1I pre
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S1 eI
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R1V

 

Fig. 7.1. Distributed-parameter model of line for the pre-fault positive-sequence 
(the calculated signals are marked by dashed boxes) 

Use of
Using the equivale

 pre-fault positive-sequence voltage and current from two ends 
nt π circuit model (Fig. 7.1), the current pre

X1I  is obtained by de-
ducing the shunt current from the current at bus S: 

 jδpre
S1

c1

1jδpre
S1

pre
X1 e

)γ5.0tanh(
e V

Z
II

l
−=  (7.15) 

pre
Y1I  iAnalogously, the current s calculated as: 

 pre
R1

c1
R1 Z

1prepre
Y1

)γ5.0tanh(
VII

l
−=  (7.16) 

The currents determined (7.15)–(7.16) satisfy: 

 pre
Y1

pre
X1 II −=  (7.17) 

 for the synchronisation operator: 

 

From (7.17), one obtains the following formula
pre
R11 )γ5.0 Vl

pre
S11c1

pre
S1 )γ5.0tanh( VZI l−

c1
pre
R1jδ tanh(

e
ZI +−

=  (7.18) 

Use of pre-fault positive-sequence voltage from two en
and current from one end 
The positive-sequence pre-fault voltage 

ds 

pre
Z1V  can be calculated by transferring sig-

nals from the bus S towards the bus R: 
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jδpre
S1 

1S11

The calculated voltage (7.19) is equa

c1
jδpre e)γsinh(e)γ( IZV ll −  (7.19) 

l to the voltage at bus R: 

pre
Z1 coshV =

pre
R1

pre
Z1 VV =  (7.20) 

onisation operator: 

 

From (7.20), one obtains the following formula for the synchr

 pre)γsinh( I
 (7.21) 

S1c1S1 ii
pre

R1jδ

)γcosh(
e

ZV
V

ll −
=

Use of pre-fault positive-sequence current from two ends
and voltage from one end 
Transferring signals measured at the bus S towards the bus R one obtains: 

 

pre

 

jδpre
S1

jδpre
S1

c1

pre
Z1 e)γcosh(e)γsinh(1 IV

Z
I

ii
ll +−=  (7.22) 

 (7.23) 

: 

The calculated current (7.22) and that measured at the bus R satisfy: 
pre
R1

pre
Z1 II −= 

From (7.23), one obtains the following formula for the synchronisation operator

 pre
1

)γ IZl
 (7.24) 

S1c11S11
pre

Rc1jδ

cosh()γsinh(
e

V
IZ

l +−

−
=

The unknown synchronisation operator can be determined from pre-fault positive-
quence currents and voltages measured asynchronously at th

18) or (7.21) or (7.24). 
Alternatively, the synchronisation operator can be determined using only fault 

qua

components are the only ones present in the measured 
cur

be determined. This will be done using the distributed pa-
rameter line model (Fig. 7.2). 

pre

se e line terminals, apply-
ing (7.

ntities (measured within the fault period). For this purpose, the boundary condi-
tions of particular faults can be explored [65]. In the case of three-phase balanced 
faults, the positive sequence 

rents and voltages. For this reason, the boundary conditions will be considered for 
all faults, but except three-phase balanced faults, for which the synchronisation opera-
tor can be determined with use of pre-fault positive-sequence quantities, applying 
(7.18) or (7.21) or (7.24). 

Use of two-end voltages and one-end current 
For analysis of boundary conditions of faults the symmetrical components of the 

total fault current have to 
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Fig. 7.2. Distributed parameter model of faulted transmission line for the i-th symmetrical component 

Transferring analytically signals from the bus S towards the fault point F (Fig. 7.2) 
one obtains: 

 jδ
ScSF e))γsinh()γcosh(( ll dIZdVV iiii −=  (7.25

ii
) 

 jδ
SScSS e))γcosh()γsinh()1(( ll dIdVZI iiii +−=  (7.26) 

ii

Taking (7.25) and (7.26), the voltage at the remote terminal R
rmined as follows: 

 (Fig. 7.2) can be de-
te

 1(γsinh()())1(γcosh( FSScFR l dIIZdVV
iiiiiii ))l− − − −=

(with use of the trigonometric identities (7.3)–(7.4)) one obtains 
the following formula for the i-th symmetrical component of the total fault current 

5]: 

 (7.27) 

Substituting (7.25)–(7.26) into (7.27) and performing tedious manipulations on 
hyperbolic functions 

[6
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NV
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ii

ii
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+
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where: 
)γsinh()γcosh( ScSS ll

iiiiii IZVN +−= , 

iV S , iV R , iI S  – the i-th symmetrical component of t
chronous measurements of two-end voltages and one-end current. 

total fault current is a composition of its respective components, using the 
share coefficients dependent on the fault type (in Tables 4.3–4.6, alternative sets 
of the weighting c
assume r

he signals obtained from asyn-

The 

oefficients for different faults are gathered, depending on the 
d p iority for using respective sequences). Two characteristic sets of the 
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share coefficients for the phase-to-ground and phase-to-phase faults are collected in 
Table 7.1. 

Table 7.1. Two sets of share coefficients for phase-to-ground and phase-to-phase faults 

SET I (from Table 4.3) SET II (from Table 4.4) 
Fault type ISET

1Fa  ISET
2Fa  IISET

1Fa  IISET
2Fa  

a–E 0 3 3 0 
b–E 0 3j1.51.5 +−  3j1.51.5 −−  0 

c–E 0 3j1.51.5 −−  3j1.51.5 +−  0 

a–b 0 3j1.51.5 −  3j0.51.5 +  0 

b–c 0 3j  3j−  0 

c–a 0 3j0.51.5 −−  3j0.51.5 +−  0 

App g the share coefficients from Table 7.1, the total fault current can be ex-
pressed as follows: 

 

lyin

F2
ISET

F2F1
ISET

F1F IaIaI +=  (7.29) 

or alternatively as: 

F2
IISET

F2F1
IISET

F1F IaIaI +=  (7.30) 

Considering (7.28) for i = 1 (positive-sequence) and
or these sequences the propagation constants are identical, 

dances are identical, too. As a result of comparing (7.29) with 
.30) one gets the following formula for the synchro

phase-to-earth and phase-to-phase faults): 

 i = 2 (negative-sequence) one 
can take into account that f
and the surge impe
(7 nisation operator, valid for all 
faults listed in Table 7.1 (

 
S2

ISET
F2S1

IISET
F1

R1
IISET

F1R2
ISET

2F
ph2–ph1 E,–ph

jδ ][e
NaNa
VaVa

−
−

=  (7.31) 

where: 
)γsinh()γcosh(

1S1c11S1S1 ll IZVN +−= , 

)γsinh()γcosh(
1S2c11S2S2 ll IZVN +−= . 

In (7.31), the positive- and negative-sequence quantities from a fault period are in-
Thus, one avoids using the pre-fault measurements. 

For phase-to-phase-to-ground faults the relation between the zero-sequence com-
ponent of the total fault current and the remaining components (formula (4.3) and 
Table 4.7) is utilised. Substituting (7.28) into (4.3) gives: 

volved. 
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where: 
F2F1  , bb – coefficients from Table 4.7, 

)γsinh()γcosh(
0S0c00S0S0 ll IZVN +−= , 

S1N , S2N  as in (7.31). 
ct determination of the synchronisation operator from (7.32), i.e. without 
g th be accomplished. Therefore, the solution of 

(7.32) can e fault location algorithm. Approximate de-
termination of the synchronisation operator om (7.32) can be performed by lineariz-
ing the formu lying the substitution for the positive- and zero-sequence 
(i = 1 and 

Dire
knowin e distance to fault (d), cannot 

be considered together with th
 fr

la, i.e. by app
i = 0):  

 ))1(γ())1(γsinh( ll dd
ii

−→−  (7.33) 

Use of two-end currents and one-end voltage 
Considering the line section (F–R) (Fig. 7.2) one obtains the following formula for 

the i-th sequence of the remote bus current: 

 ))1(γcosh()())1(γsinh(1
FSSF

ci
R ll dIIdV

Z
I

iiiiii −−−−=  (7.34) 

nometric identities (7.3)–(7.4), one ob-
tains the following formula for the i-th symmetrical component of the total fault 
urrent: 

 

Substituting (7.25)–(7.26) into (7.34) and performing tedious manipulations on 
hyperbolic functions, with use of the trigo

c

))1(γcosh(
SR

F
ld

I
i

ii
i −
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where: 

e jδNI +

)γsinh(1)γcosh( S
c

SS ll
ii

i
iii V

Z
IN −= , 

iI S , iI R , iV S  – phasors of the i-th symmetrical co
from asynchronous measurements of two-end currents and one-end voltage. 

g (7.35) one can determine the synchronisation operator, analogously to the 
method presented in the previous section, where formula (7.28) was used for deter-
mining the i-th symmetrical component of the total fault current. 

mponent of the signals obtained 

Usin
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7.3.2. Fault location algorithm with elimination of synchronisation angle 

Th alg ith
faulted ne ig

e or m presented here starts with considering the lumped model of the 
 li  (F . 7.3). Then, the distributed parameter line model (Fig. 7.4) is taken 

into account. 

RS dZiL (1–d)ZiL

VFi
VRi

IRiF
IFijδ

S eiI

jδeV

IFi

Si

 

Fig. 7.3. Lumped model of faulted line for the i-th symmetrical component 

Comparing the i-th symmetrical component of voltage at fault point (VFi), viewed 
from both S and R sides gives: 

 iiiiii IZdVIZdV RLR
jδ

SL
jδ

S )1(ee −−=−  (7.36) 

From (7.36) one obtains the following formula for the synchronisation operator: 

 
iii IZdV SLS −

iiiii IZdIZV RLRLRjδe
− +

=  (7.37) 

1 (7.38) 

fter using (7.37) and tedious rearrangements one obtains: 

9) 

here: 

Taking into account that for the absolute value of the synchronisation operator: 

 |e| jδ =

a

 001
2

2 =++ iii AdAdA  (7.3

w
2

RL
2

SL2 |||| iiiii IZIZA −= , 
)))(()(real(2 *

RLRLR
*

SLS1 iiiiiiiii IZIZVIZVA −+−= , 
2

RLR
2

S0 |||| iiiii IZVVA −−= , 
*X  – conjugate of X. 

Solution of (7.39), formulated with the i-th type of the symmetrical components, 
yields two results for the distance to fault (p.u.): (d1i, d2i). Usually, one of them lies in 
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th ch result is selected as the valid e line range: from 0 to 1 p.u., and in a natural way su
one, i.e. corresponding to the actual fault. In some rare cases it can happen that both 

d1i, d2i) lie within the line range and in order to select the valid result, addi-
tional calculations, with use of another type of symmetrical components, have to be 
performed: 

  (7.40) 

whe

results (

001
2 =++ jjj AdAdA2

re g that the j-th type symmetrical components ( j ≠ i) are util-
ised, i.e. in (7.39) the i-th type is replaced by the j-th type of symmetrical components. 

In order to improve the fault location accuracy achieved using (7.39) or (7.40), the 
distributed parameter line model has to be included into the formula (7.36), which was 
used for deriving (7.39). Applying the distributed parameter line model suitable for 
simple iterative calculations (as in Fig. 3.31), the circuit diagram as in Fig. 7.4 is ob-
tained and the following substitutions apply: 

j – subscript denotin

sh
)1(L)(L −

′→ niini AZdZd l  (7.41) 

 iniiniii VAYdIII S
th

)1(L)1(S
comp
SS 5.0 −−

′−=→ l  (7.42) 

 sh
)1(L)(L )1()1( −

′−→− niini BZdZd l  (7.43) 

 iniiniii VBYdIII R
th

)1(L)1(R
comp
RR )1(5.0 −−

′−−=→ l  (7.44) 

where: 
d , d – distance to fault in the ‘current’ and ‘previous’(n) (n–1)  iterations, 

sh
)1( −niA , th

)1( −niA , sh
)1( −niB , th

)1( −niB  – values determine
39)–(3.42). 

d in the ‘previous’ iteration us-
ing (3.

RS

VFi VRi

I R
i

F

IFi

IFi

sh
)1(L)( −ni

'
in AZd l

th
)15.0 −

' AYd l )1−(L( niin

sh' BZl )1(L)( )1( −− niind

th)1(5.0 − ' BYd l )1(L)1( −− niin

jδ
S

e i
I

jeiV δ
S

jδ
co

m
p

S
e

i
I co

m
p

RiI

 

Fig. 7.4. Distributed parameter model of faulted line for the i-th symmetrical component suitable 
for iterative calculations of distance to fault 
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7.3.3. Fault location algorithm by Novosel et al. 

In [127], a fault location algorithm utilising two-end unsynchronised measurement 
has been introduced. It is formulated in symmetrical components. Since different types 
of the components can be utilised, the algorithm will be presented in general form, i.e. 
for the i-th symmetrical component (subscript i). The algorithm is derived [127] by 
substituting the synchronisation operator: 

 (7.45) 

into (7.36), thus obtaining: 

 )jsin(δ)cos(δe jδ
ii

i +=

  0)1())δjsin()δ(cos())δjsin()δ(cos( RLRSLS =−+−+−+ iiiiiiiiii IZdVIZd  (7.4V 6) 

Resolving (7.46) into the real/imaginary parts and eliminating the unknown dis-
tance to fault re n synchronisa-
tion angle: 

 

sults in the following compact formula for the unknow

iiiii CBA =+ )δsin()δcos(  (7.47) 

where: 
)))((imag( RSSRLR

*
L

**
iiiiiiii IVIIZVZA −−= , 
)))((real( SSRLRL

***
iiiiiii IVIIZVZB +−−= Ri , 

)))((imag( SSRRLRL
***

iiiiiiii IVIIZVZC −−−= , 
*x  – conjugate of x. 

Note that formula (7.47) is completely equivalent to the original form
ference [127]. However, it contains more compact description of the q

Ai, 

e iterative calculations are stopped when the difference between the last 
o values of the synchronisation angle is smaller than a

alue for the unknown synchronisation angle is require
 zero has been recommended. This is due to the fact that in practice, the syn-

chronisation angle is contained within a limited range around zero. The calculations 
have been observed to converge rapidly in num

Once the synchronisation angle is known, the distance to fault can be calculated 
from the real or imaginary part of (7.46). 

6) to the following form has been proposed in [60]: 

ula from 
re uantities: 

Bi, Ci. 
In [127], the formula (7.47) is solved iteratively, applying the Newton–Raphson 

method. Th
tw  pre-assigned limit. An initial 
v d. In [127], setting the initial 
value to

erous cases. 

7.3.4. Optimal fault location algorithm 

In order to avoid iterative calculations at the stage of using the lumped line model, 
rewriting (7.4
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22)2(1_ )αδsin(

ii

i
ii

BA

C

+
=+  (7.48) 

where: 

22
)sin( i

i
BA

A

+
=α ,    

22
)cos( i

i
BA

B

+
=α . 

ii ii

Two solutions of the trigonometric equation (7.48) from the range (–π, π) are as 
follows (Fig. 7.5): 

 ))cos(  ),(sin(2atanasinδ
221_ ii

ii

i
BA ⎟⎟

⎠
⎜⎜
⎝ +

i αα−=  (7.49) C ⎟
⎞

⎜
⎛

 π))cos(  −iα  (7.50) ),(sin(2atanasinδ
222_ −

⎟⎟
⎟

⎠

⎞

⎜⎜
⎜

⎝

⎛

+
−= i

ii

i
i

BA

C α

tan2’ – four-quadrant arctangent function for calculating the angle with set-
ting the sine and cosine values of this angle (note: ‘atan2’ is a function which is used 
in Matlab program [B.13

Performing calculations according to (7.49)–(7.50) one has to: 

where ‘a

]). 

• take the real part from the arcsine function since in the presence of transient er-

rors the term: 22
iii BAC +  could get out of the permissible range: (–1, 1), 

• limit the values for the synchronisation angle δi–1(2) to the range (–π, π) by add-
g or subtracting 2π, should it happen that the values δi–1(2) get o

π, π). 
Limitation of the synchronisation angle to the range (–π, π) is reasonable, since the 

synchronisation angle is considered to have a small value [3]. 
In Fig. 7.5, an illustration of the solution of trigonometric formula 

when only one solution is close to zero, while the latter is far away
zero, the selection of the valid synchronisation angle becomes straightforward. The 

 the fault location 
exa

in utside the range (–

(7.48) is given. 
In the case  from 

solution being close to zero can be selected as the valid one (in Fig. 7.5a, the solution 
δi_1) and further taken for determining the distance to fault. In contrast, if both solu-
tions lie close to zero (Fig. 7.5b), none of them can be rejected and there is a need for 
performing the selection. This will be explained when presenting

mple for the method from [60]. 
After determination of the synchronisation angle, the distance to fault can be cal-

culated: 
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 ⎟
⎟
⎞

⎜
⎜
⎛

+

−−
=

)e(
)(e

real j
RLR

j
S

)2(1_ )2(1_

)2(1_
iiii

i
IIZ

IZVV
d

i

i

δ

δ

 (7.51) 
⎠⎝ RSL iii

δi

<–π, π>

22
ii

i

BA
C

+

δi_2δi_1

( )ii αδ +sin )2(1_

          <–π, π>

22
ii BA +

iC

δi_1 δi_2

( )ii αδ +)2(1_sin

δi

a) b)

 

Fig. 7.5. Illustration of the solution of trigonometric formul
a) only one solution is close to zero, b) both solutions are clo

Again, there are two solutions for the distance to fault (di_1, di_2). The solution, 
ich is obtained for the earlier selected valid solution of the synchronisation angle, is 

the valid solution for the distance to fault. Otherwise, further selection is required. 

Optimal fault location algorithm – use of distributed parameter line model 
Applying the distributed parameter line model (Fig. 7.2), the voltage at the fault 

point F for the i-th symmetrical component, viewed from the terminals S and R, is 
determined as follows: 

 

a (7.48): 
se to zero 

wh

))sin(δj)(cos(δ))γsinh()γcosh((δ) ,( ScS
S
F +⋅−= ll dIZdVdV

iiiiii  (7.52) 

 ))–(1γsinh())–(1γcosh()( RcR
R
F ll dIZdVdV

iiiiii −=  (7.53) 

Comparison the synchroni-
sation angle a model. This 
can be obtained by performing iterative calculations utilising the Newton–Raphson 
me

 of (7.52) with (7.53) does not result in direct solution for 
nd the distance to fault, as was the case for the lumped line 

thod. For this purpose, the following function of the sought unknowns is considered: 

 0)()δ ,()δ ,( R
F

S
F =−= dVdVdF ii  (7.54) 

The iterative calculations are performed according to the following matrix formula: 

 oldold
–1

oldnew *)(– FFJXX =  (7.55) 
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where: 
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⎢
⎣
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⎡
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)δ ,(
)δ ,(

oldoldimag
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⎢
⎣

⎡
=
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new
new δ

d
X

⎥
⎥
⎥
⎥

⎦⎢
⎢
⎢
⎢

⎣ ∂

∂

∂

∂
=

old

oldoldimag

old

oldoldimag

oldold
old

δ
)δ ,()δ ,(

)(
dF

d
dF

FJ . 

The respective elements of the vector oldF  are defined as follows: 

⎥
⎤

⎢
⎡

∂
∂

∂
∂ oldoldrealoldoldreal

δ
)δ ,()δ ,( dF

d
dF

 )]()δ ,(real[)δ ,( old
R
Foldold

S
Foldoldreal dVdVdF ii −=  (7.56) 

 )]()δ ,(imag[)δ ,( oldFi
RS

oldoldFoldoldimag dVdVdF i −=  (7.57) 

r taking into account (7.52) and (7.54) one obtains: Afte

 
)](real[                          

)sin(](imag[)cos()]real[ old() ,(

old
R
F

oldold
.S_unsynchr

Fold
.S_unsynchr

Foldoldreal

dV

dVdVdF

i

ii

−

−= δδδ
 

(7.58)
 

 
)](imag[                           

)sin()](real[)cos()](imag[) ,(

old
R
F

oldold
.S_unsynchr

Foldold
.S_unsynchr

Foldoldimag

dV

dVdVdF

i

ii

−

+= δδδ
 
(7.59)

 

acobian matrix 
 can be determined. 

The results for the synchronisation angle (7.49) and (7.50) and
(7.51), obtained considering the lumped model of the line, are used as the initial val-
es for  in the calculations according to (7.55), (7.58)–(7

cal r of iterations or until the 
req

Example 7.1. Location with optimal fault location algorithm 
In Figs. 7.6 through 7.8, the results for the fault location performed accor

the fault location algorithm from [60] are presented. The specifications of the fault on 
a 400 kV, 300 km line are as follows: 

• a–E fault, 
• distance to fault d = 0.8 p.u., 
• fault resistance RF = 10 Ω, 

Applying (7.58) and (7.59), the respective components of the J
)( oldFJ

 the distance to fault 

u .59). The iterative  oldold  ,δ d
culations are performed for the pre-defined fixed numbe
uired convergence for the sought results is achieved. 

ding to 
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• actual synchronisation angle δ = 36° (obtained by introducing a delay of signals 
e side S by two samfrom th ples at the sampling frequency fs = 1000 Hz and the fun-

dam

hile using the nega-
tive r possible pairs of 
the

.11°), 

the the synchronisation angle values, which are the closest 
to e

gative-sequence, respectively, the distance to fault 
(Fi

 model: 0.8003 p.u. 

 parameter line model: 0.7998 p.u. 

ental frequency f1 = 50 Hz). 
The digital values for the synchronisation angle (Fig. 7.7) and distance to fault 

(Fig. 7.8) are singled out by averaging (subscript: av.) within the interval lasting from 
30 to 50 ms after the fault inception. 

Using positive-sequence quantities the following averaged values of the synchro-
nisation angle have been obtained: 94.28°, 37.42° (Fig. 7.7a), w

-sequence components: 36.11°, –143.78° (Fig. 7.7a). Of the fou
 calculated angles: 
• (94.28°, 36.11°), 
• (94.28°, –143.78°), 
• (37.42°, 36
• (37.42°, –143.78°), 
 pair (37.42°, 36.11°) consists of 
ach other and do not differ too much. Such a pair with coincident results indicates the 

valid solution for the synchronisation angle. Taking the values 37.42° for the positive-
sequence and 36.11° for the ne

g. 7.8) was determined. In the case of using the positive-sequence quantities one gets: 
• for the lumped line model: 0.8964 p.u. 
• for the distributed parameter line
Applying the negative-sequence components as the fault locator input signals, the 

following results have been obtained: 
• for the lumped line model: 0.7948 p.u. 
• for the distributed

a) 4
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  (Fig. 7.6 to be continued) 
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Fig. 7.6. Example of fault location – input signals of the fault l
a) side S voltage, b) side S current, c) side R voltage, d) side R current 

b) 

d) 

c) 

ocator: 
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b) 

Fig. 7.7. Example of fault location – determination of the synchronisation angle using: 
a) positive-sequence components, b) negative-sequence components 

a) 
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Fig. 7.8. Example of fault location – determination of the distance to fault applying lumped 
and distributed parameter line models, using: 

a) positive-sequence components, b) negative-sequence components 

Applying the distributed parameter line model for both types of symmetrical com-
ponents accurate results for the distance to fault are obtained. When using the lumped 

a)

b)
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line model, application of the negative-sequence components as the fault locator input 
signals assures much more accurate result than for the positive-sequence components. 

7.3.5. Fault location with analytical synchronisation of measurements 
of distance relays from line terminals 

Figure 7.9 presents the idea for the post-fault analysis of protective distance relays 
(RelayS, RelayR) installed at the terminals (S, R) of the line. The voltage and current 
signals measured by the relays are sent to the computer performing the analysis. Versa-
tile methods for processing the input signals have been included in the post-fault analy-
sis program developed. Then, the fault loop impedance measurement performed in the 
distance relays is taken into account. The other part of the program utilises the fault loop 
impedance measurements which are based on the two-end fault location principle. Prior 
to the fault location the processed two-end signals are analytically synchronised. 

RelayS

Impedance
Measurements of

Relays

Analytical
Synchronisation

Processing of Input Data

Two-End Fault Location
Based Results

Comparison, Visualization

SI

RelayR

SII RII

RI

POST-FAULT ANALYSIS PROGRAM
 

Fig. 7.9. Structure of post-fault analysis program for protective distance relays 
from transmission line ends 

Distance relays measure the apparent impedance of the appropriate fault loop us-
ing the relaying voltage ( S_PV ) and current ( S_PI ) signals. These signals are com-
posed according to the identified fault type, as shown in: 
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• Tables 6.3 and 6.5: for single-circuit line, 
• Tables 6.4 and 6.6: for double-circuit line. 
For the side S relay the fault loop can be described with the following formula for 

the phasor notation: 

 0FFS_PL1S_P =−− IRIZdV  (7.60) 

where: 
d – distance to fault (p.u.), measured from the bus S up to fault point F, 
RF – fault path resistance, 
IF – total fault current. 
The measurements of distance relays from both sides (S and R) are considered 

as performed asynchronously. Assuming the measurements of the relay R as 
the reference, the signals of the relay S are multiplied by the synchronisation op-
erator

 a) b) 

 jδe . 

(1–d)Z1LF R

Relay RFRFV

dZ1L FS

FVRelay S

FI

FR

IS_P

VS_P

       

FI

IR_P

VR_P

r: a) relay at bus S, b) relay at bus R 

l branches represented by the positive-sequence impedances of 
ons S–F and F–R. The transverse branch in these models represents the 

ult path through which the total fault current flows. M
s of these two relays (from Figs. 7.10a and b), one obtains a general model 

ch the fol-
low

 

 

Fig. 7.10. Models of fault-loop measurement fo

In the models from Fig. 7.10a (for the relay S) and Fig. 7.10b (for the relay R) 
there are longitudina
the line secti
fa erging the models of meas-
urement
with a fictitious transverse branch (Fig. 7.11). Through this fictitious bran

rrents flows: ing sum of the relaying cu

R_PS_PSR e III  (7.61) 

It has been proposed in [64, 148] to define the impedance of this fictitious branch 

jδ +=

FLTZ  as a function of the real fault path resistance RF (see fault models in Fig. 3.1) 
and the ult fa  type coefficient PFLT: 
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FLT

FR
FLT P

Z =  (7.62) 

The fault type coefficient PFLT has to be set to such a value that the voltage drop 
(VF) across the fault path in the model from Fig. 7.10a or Fig. 7.10b is identical with 
the drop across the impedance ZFLT (7.62) in the model from Fig. 7.11. This condition 
results in the following formula: 

 )e( S_I R_P
jδ

P
F

FF I
P
RIR +=  (7.63) 

From (7.63) one obtains: 

FLT

 
F

R_P
jδ

S_P
FLT

e
I

II
P

+
=  (7.64) 

Expressing the relaying currents from the nominator of (7.64) and the total fault 
current from the denominator of (7.64) in terms of the respective symmetrical compo-
nents allows the coefficient FLTP  to be determined for different fault types, as gath-
ered in Table 7.2. 

FLT

FR
=FLT P

Z

R_P
jδ

S_PSR e III +=

dZ1L FS

FV

(1–d)Z1L RIS_R
jδ

S_PeI

VS_R
jδ

S_PeV

eference of measurements of RelayR to be the base 

Table 7.2. Coefficient 

 

Fig. 7.11. General model of measurements of relays obtained by merging the models 
from Figs. 7.10a, b, assuming the time r

FLTP  for different f

els: Fig. 4.1) 

ault types 

FLTP  Fault type (Mod

a–E, b–E, c–E 
L13Z

L0L12 ZZ +  

a–b, b–c, c–a 2 
a–b–E, b–c–E, c–a–E, a–b–c, a–b–c–E 1 
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Example 7.2. Determination of PFLT for a–E fault 
According to Table 6.5, the relaying currents for the single-circuit transmission 

line and a–E fault are determined as follows: 

jδ
S0

1L

0L
S2S1E)(a

jδ
S_P e]e[ ⎟⎟

⎠

⎞
⎜⎜
⎝

⎛
++=− I

Z
ZIII  

R0
1L

0L
R2R1E)(aR_P ][ I

Z
ZIII ++=−  

The total fault current for a–E fault can be expressed as the following sum of  its 
symmetrical components: 

F0F2F1F IIII ++=   

Substitution of the above three formulae into (7.64) yields: 

F0F2F1

1L1L
E)(aFLT ][

III
ZZ

P
++

⎠⎝=−  

Taking into account that the symmetrical components of the total fault current can 
be expressed as omponents of currents from both ends (with 
shunt capacitances being neglected): 

R0
0L

R2R1
jδ

S0
0L

S2S1 e IZIIIZII +++⎟⎟
⎞

⎜⎜
⎛

++

the respective sums of c

R1
jδ

S1F1 e III +=  

R2
jδ

S2F2 e III +=  

R0S0F0

the fault type coefficient equals: 

jδe III +=  

F0F2F1

F0
1L

0L
F2F1

E)(aFLT ][
III

I
Z
ZII

P
++

++
=−  

Consideration of the boundary conditions for a–E fault: 

 and 0FaF ≠= II  0FcFb == II

results in the following relation between the symmetrical components of the total fault 
current: 

F0F2F1 III ==  



Two-end and multi-end fault location algorithms 177

Finally, the fault type coefficient for a–E fault is equal to: 

1L

0L1L
E)(aFLT 3

2][
Z

ZZP +
=−  

The same value of PFLT one also obtains for the other single phase-to-earth faults 
(Table 7.2): 

1L

0L1L
FLTE)(aFLT

2][][][ ZZPPP +
===−  E)(cFLTE)(b 3Z−−

Since impedances of transmission lines for the positive- and zero-sequence, with 
respect to both magnitude and phase angle, are not identical, thus the fault type coeffi-
cient PFLT for phase-to-earth faults is a complex num er. 

In the case of parallel (double-circuit) transmis  
P

b
sion lines the fault type coefficient

FLT for single phase-to-earth faults is determined identically as for the single-circuit 
that after taking into account that under neglecting 

shunt capacitances of the line, the sum of the zero-sequence currents from both ends 
of parallel healthy line equals zero: 

line. This results from the fact 

0e RII0
1L1L ZZ
m0jδ

SII0
m0 =+ I

Z
I

Z  

The coefficient PFLT for other fault can be det mined analogously (Table 
7.2) and one also obtains identical values for both single and parallel lines. 

 line terminals 
Figures 7.12 through 7.17 present the results for the a–E fault on a 400 kV, 300 km 

sin ed as the leading EMFs 
of = 0.8 p.u., fault resist- 
ance: RF = 10 Ω . 

The distance relay at the terminal S using the input signals as shown in Fig. 7.12 
determines the fault-loop resistance (Fig. 7.13a) and reactance (Fig. 7.13b). Due to the 
pre

tance of the transmission line section from the measuring point (S) up to 
the fault point (F). A full-cycle Fourier filtering was applied to the measurement. Polar 
plots of the impedance measurements are shown in Fig. 7.14a (for the first 20 sam-
ples) and Fig. 7.14b (for the next 20 samples). One observes that due to the reactance 
effe

ault occurring at 80% of the 
line

types er

Example 7.3. Fault location with analytical synchronisation of measurements 
of distance relays from

gle-circuit transmission line (the EMFs at the bus R assum
the side S by 30°): distance to fault from the terminal S: d 

sence of the reactance effect, the determined values differ from the actual resist- 
ance and reac

ct the trajectory of the measured fault-loop impedance does not enter the MHO 
impedance characteristic, for which the reach of 85% of the line positive-sequence 
impedance was set. The reactance effect causes that the f

 length is not detected by the first zone MHO element set at 85%. 
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Fig. 7.12. Example of fault location: a) voltage at side S, b) current at side S 

Application of the two-end fault location algorithm allows accurate location of the 
fault. It starts with determination of the synchronisation angle using the relaying signals 
(fault-loop voltage and current), Fig. 7.15a, or the negative-sequence signals, Fig. 7.15b. 
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This allo s to select the valid values for the synchronisation angle (18.47°, 18.15°), 
which are very close to the introduced intentional de-synchronisation (δactual = 18°). Taking 
the synchronisation angle the distance to fault (d [p.u.]) was determined. Then, the fault-
loop impedance using the fault location principle (Fig. 7.16) was calculated: 

ws u

1LFL ZdZ = , 
the trajectory of which surely enters the MHO characteristic. Figure 7.17 shows a com-
parison of the fault-loop resistance (Fig. 7.17a) and reactance (Fig. 7.17b) determined 
in two different ways (according to classic distance relay measurement and using the 
two-end fault location principle). It is clearly shown that using the two-end fault location 
principle, the influence of the reactance effect is fully compensated for. 
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Fig. 7.13. Example of fault location: a) fault-loop resistance measured by relay at S, 
b) fault-loop reactance measured by relay at S 



Chapter 7 180 

–250 –200 –150 –100 –50 0 50
0

50

100

150

200

250

300a)

Fa
ul

t-l
oo

p 
re

ac
ta

Fault-loop resistance measured by RelayS (Ω)

nc
e 

m
ea

su
re

d 
by

 R
el

ay
S (

Ω
)

(1)

(20)

(5)

(10)

(15)

MHO

20)(1÷X

20)(1÷R

 

MHO

–40 –20 0 20 40
0

20

40

60

80

100

120
(21)

(25)

(30)

(40)

Fa
ul

t-l
oo

p 
re

ac
ta

nc
e 

m
ea

su
re

d 
by

 R
el

ay
S (

Ω
)

Fault-loop resistance measured by RelayS (Ω)

40)(21÷X

40)(21÷R

 

Fig. lay 
at S – first 20 samples sinc y relay 

b)

 7.14. Example of fault location: a) polar plot of fault-loop impedance measured by re
e fault inception, b) polar plot of fault-loop impedance measured b

at S – next 20 samples since fault inception 



Two-end and multi-end fault location algorithms 181

0 20 40 60
–120

–100

–80

–60

–40

–20

0

20

40

Fault time (ms)

Sy
nc

hr
on

is
at

io
n 

an
gl

e 
(°

) u
si

ng
 re

la
yi

ng
 si

gn
al

s 18.47° =δ 50)2relay_(30÷

85.00° =δ 50)1relay_(30 −÷

 

0 20 40 60

–150

–100

–50

0

50

Fault time (ms)

Sy
nc

hr
on

is
at

io
n 

an
gl

e 
(°

) u
si

ng
 n

eg
at

iv
e-

se
qu

en
ce

°15.18 =δ 50)(301negative_ ÷

°14.162 =δ 50)(302negative_ −÷

 

Fig. 7.15. Example of fault location – determination of synchronisation angle using: 
a) relaying signals, b) negative-sequence components 
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Fig. 7.16. Example of fault location – determination of fault-loop impedance by applying 
the fault location principle: a) for the first 20 samples since fault inception, 

b) for the next 20 samples since fault inception 
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Fig. 7.17. Example of fault location – comparison of fault-loop impedance determined by distance relay 
measurement and by applying the fault location principle: a) fault-loop resistance, b) fault-loop reactance 

7.3.6. Fault location with use of unsynchronised 
measurements of distance relays from line terminals 

Ap  
measuremen the faulted 
line as: 

a)

b)

plying the general model derived, depicted in Fig. 7.11, one can describe the
ts performed by impedance relays from both terminals of 
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 0)e(ee R_P
jδ

S_P
FLT

Fjδ
S_PL1

jδ
S_P =+−− II

P
RIZdV  (7.65) 

 0)e()1( R_P
jδ

S_P
FLT

F
R_PL1R_P =+−−− II

P
RIZdV  (7.66) 

Introducing the apparent impedances measured by the impedance relays:  

 jδ
S_P

jδ
S_p

S_P e
e

I
V

Z =  (7.67) 

 
R_P

R_P
R_P I

V
Z =  (7.68) 

equations (7.65)–(7.66) transform to: 

 0
e

)e(
jδ

S_P

R_P
jδ

S_P

FLT

F
L1S_P =

+
−−

I
II

P
RZdZ  (7.69) 

 0
)e(

)1(
R_P

R_P
jδ

S_P

FLT

F
L1R_P =

+
−−−

I
II

P
RZdZ  (7.70) 

Combining (7.69)–(7.70), and eliminating the fault loop currents, one obtains the 
following quadratic formula for the complex numbers with the unknowns d, RF: 

 00
FLT

F
01

2
2 =+++ N

P
RDdDdD  (7.71) 

where: 
L1L12 ZZD = , 

S_PL1L1L1R_PL1 ZZZZZZD1 −−= , 

R_PS_PS_PL10 ZZZZD −= , 

L1R_PS_P0 ZZZN −+= , 

FLTP  – as in
Analysis

 Table 7.2. 
 of the quantity N0 from (7.71) allows for distinguishing the 
g comparatively low fault resistances) from those evidently 

solid faults 
(or involvin resistive. In 
the

 

 second case (resistive faults), after resolving (7.71) into the real and imaginary 
components, respectively, the following quadratic formula for a sought fault distance 
is obtained: 
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  (7.72) 0)(F 01
2

2A =++= AdAdAd

where A2, A1, A0 – real number coefficients (derived accordingly from (7.71)), involv-
ing only the apparent impedances – defined in Equations (7.67)–(7.68), and the fault 
type coefficient FLTP  (Table 7.2). 

One of the roots of (7.72) gives the valid solution for a distance to fault. In some 
cases it may happen that both roots are within the line length. In order to cope with 
such troublesome cases an extra formula has to be derived. This can be accomplished 
by combining (7.69)–(7.70) with elimination of the quantity .FLTF PR  As a result, 
one obtains: 
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where: 
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A sought distance to fault can be calculated from (7.73) if besides the apparent im-
pedances, defined in (7.67)–(7.68), the ratio of the phasors of the fault loop currents of 
both relays (W) is provided. The magnitude of this ratio (|W|) is not affected by the 
synchronisation angle (δ). In contrast, calculation of the angle (w) requires knowing 
this angle. There are different possibilities of measuring this angle, as for example, 
with utilising the pre-fault measurements. However, setting the angle (w) in (7.73) by 
trial and error method, so that the right-hand side of (7.73) is the real number, may be 
a good alternative. 

7.4. Fault location with use of incomplete two-end measurement 

7.4.1. Fault location with use of two-end voltages 

In [13], a fault-location method utilising only synchronised measurements of two-
end voltages was proposed. It has been assumed that currents should be excluded 
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completely in order to obtain a fault location algorithm free from CT errors. Thus, the 
fault location algorithm from [13] appears to be completely immune to CT saturation, 
which is an important advantage of it. On the other hand, the need of providing source 
impedances from both line ends is a serious drawback. This is so since a mismatch 
between the data provided and the actual source impedances may happen and thus the 
fault location accuracy can be deteriorated. The algorithm from [13] is formulated 
using matrix description of the transmission network. 

In [103], several algorithms utilising only the voltages, dispensing with current 
transformers and thus eliminating the errors caused by saturation of current transform-
ers are presented. The algorithms are applicable to line to earth faults, line to line 
faults, and line to line to earth faults. The algorithms utilise unsynchronised fault volt-
age measurements from two ends of a line and do not require pre-fault data. Shunt 
capacitances of the line are fully considered. 

In [187], a method for locating faults on two-terminal transmission lines based on 
the fundamental components of fault and pre-fault voltage measured at the two ends of 
a transmission line has been introduced. This methodology allows one to establish 
a direct calculation procedure that is independent of fault and pre-fault currents, fault 
type, fault resistance, synchronisation condition of register devices located on line 
ends, and pre-fault condition, either balanced or not. This is achieved by defining 
a new concept called ‘distance factor’ in relation to the circuit diagram of the trans-
mission network for the superimposed positive sequence: 

 
R1

jδ
S1

V
e

V
V

K
Δ
Δ

=  (7.74) 

where S1VΔ , R1VΔ  – superimposed positive-sequence voltage obtained from asyn-
chronous measurements of voltages at both line ends (S, R). 

Taking into account that for the synchronisation operator we have , one 
can see that the distance factor (7.74) is a real number function of: 

1|e| jδ =

• positive-sequence impedance and admittance of the transmission line, 
• positive-sequence impedances of the sources (S, R) and extra link between the 

buses S, R (Fig. 7.18), 
• distance to fault (d ). 
In general, the distance factor can be expressed as the following function: 

 ),,,,,( 1EQ1R1SL1L1V dZZZYZfK ′′=  (7.75) 

Knowing the impedance/admittance data involved in (7.75) one can draw the plot 
for the distance factor as in Fig. 7.19: (KV)theoretical. The same can be done with use of 
a simulation tool, by applying faults at subsequent locations and calculating the dis-
tance factor according to the definition (7.74). 
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Fig. 7.18. Equivalent circuit-diagram for two-end unsynchronised measurement 
of superimposed positive-sequence voltage 

The distance to fault can be determined by finding the intersection of the distance 
factor obtained from theoretical considerations ((KV)theoretical) and that measured ac-
cording to the definition (7.74), as shown in Fig. 7.19. 
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Fig. 7.19. Plots of the distance factors determined theoretically and obtained from measurement 

The fault location algorithm from [187], similarly to the algorithm proposed in 
[13], is completely immune to CT saturation. However, also the source impedances 
are required to be known. 

7.4.2. Fault location with use of two-end voltages and one-end current 

It is well known from the experience and literature [162] that if the CT saturation 
occurs, it basically occurs at one side of the line only. Therefore, it appears favourable  



Chapter 7 188 

to include the secondary currents of the CTs from the line side with no CT saturation 
to the fault locator input signals, besides voltages acquired at both line sides, which 
were utilised in the methods introduced in [13, 187]. As a result, still incomplete two-
end signals are utilised, but more information can be gained from the signals. The 
fault location algorithm utilising such incomplete two-end signals measured asynchro-
nously was introduced in [65, 149]. 

Let us present the fault location algorithm for the case with CT saturation occur-
ring at the line side R (the other case: saturation of CTs at the side S can be resolved 
analogously). For the purpose of recognizing saturation, the algorithms known from 
literature have to be applied. As a result of identifying the CT saturation at the line end 
R, the three-phase current phasors measured at the side R {IRa, IRb, IRc} are further 
rejected, regardless of how many CTs (only one, or two, or all three CTs) have 
become saturated. Finally, the following three-phase phasors are applied for determin-
ing the distance to fault: 

• voltages at the bus S: {VSa, VSb, VSc}, 
• voltages at the bus R: {VRa, VRb, VRc}, 
• currents at the bus S: {ISa, ISb, ISc}. 
Since asynchronous measurements are considered in this algorithm [65], an ana-

lytical synchronisation is performed by multiplying all phasors from the side S (the 
side R measurement is assumed here as the basis) by the synchronisation operator  jδe .

In relation to Fig. 7.2, where the distributed parameter model of faulted transmis-
sion line for the i-th symmetrical component is presented, the following generalised 
model, describing the fault loop seen from the terminal S, can be formulated: 

 0)e ,( FF
jδ

F_P =− IRdV  (7.76) 

where: 
)e ,( jδ

F_P dV  – fault-loop voltage (composed accordingly to the fault type) after 
having been transferred from the measuring point S to the fault point F (Fig. 7.2), 

d – unknown distance to fault (p.u.), as measured from the terminal S, 
RF – unknown fault path resistance, 
IF – fault path current (total fault current). 
The fault-loop voltage at the fault point F can be composed as follows: 

 F00F22F11
jδ

F_P )e ,( VaVaVadV ++=  (7.77) 

where a1, a2, a0 – weighting coefficients dependent on fault type (Table 6.5). 
Applying the distributed parameter model of the line (Fig. 7.2), the i-th symmetri-

cal component of voltages at the fault point, involved in (7.77), equals: 

 jδ
ScSF e))γsinh()γcosh(( ll dIZdVV

iiiiii −=  (7.78) 
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Then, the total fault current ( IF) is determined as a composition of its positive- and 
negative-sequence components: 

 
))1(γsinh(

)e(

1c1

jδ
12

F
ldZ

MI
−

=  (7.79) 

where: 
),e()e()e( jδ

S2R2F2
jδ

S1R1F1
jδ

12 NVaNVaM +++=  

S1N , S2N  – as in (7.28), 

F1a , F2a  – share coefficients dependent on fault type (any set taken from Tables 
4.3–4.5 can be applied). 

Substituting the total fault current (7.79) into the general fault loop model (7.76) 
yields: 

 0
))1(γsinh(

)e()e ,(
1c1

jδ
12

F
jδ

F_P =
−

−
ldZ

MRdV  (7.80) 

In order to solve (7.80) for the distance to fault (d ) and fault resistance (RF), the 
synchronisation operator  has to be determined as well. In [65], it has been pro-
posed to determine this operator for particular faults as follows: 

jδe

• single-phase and phase-to-phase faults – by utilising formula (7.31), obtained 
from analysis of boundary conditions of the faults, 

• phase-to-phase-to-ground faults – with use of formula (7.32), obtained by con-
sidering the relation between the zero-sequence component of the total fault current 
and the remaining components, 

• three-phase balanced faults – by utilising formula (7.21) involving pre-fault 
positive-sequence voltages from both line sides and one-end current (from bus S). 

Note that the most complex solution appears for the case of phase-to-phase-to-
ground faults since here the Newton–Raphson iterative calculations have to be applied 
for the formulae (7.80) and (7.32). Resolving them into the real and imaginary parts 
one obtains four real number equations, which have to be solved for the following 
unknowns: d, RF, sin(δ), cos(δ). 

For the other fault types, i.e. all, except phase-to-phase-to-ground faults, the New-
ton–Raphson calculations are applied only to (7.80), which after having been resolved 
into the real and imaginary parts gives two equations. 

7.4.3. Fault location with use of two-end currents and one-end voltage 

Modern microprocessor-based current differential relays exchange locally measured 
current phasors over long distances. For this purpose different forms of communication 
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means are utilised. The current differential protection principle requires synchronisation 
of digital measurements performed at different line terminals. This is accomplished 
using the well-known Global Positioning System (GPS) or other techniques [B.8]. 

This fault location method is aimed at application to current differential protective 
relays of the two-terminal power transmission or distribution line, analogously as in 
[66] for a three-terminal line. It is assumed that such a fault locator apart from three-
phase currents from both ends of the line is additionally provided with three-phase 
voltages from the local line terminal (Fig. 7.20). The signals provided from both ends 
of the line are considered as synchronised. In case this is not so, the synchronisation 
angle can be determined with use of the already known algorithms. 

Distinctive availability of the measurement signals for this method has been as-
sumed since the fault location algorithm (being of off-line regime nature) is designed 
as the added feature for the current differential protection relay. The differential relay 
when applied to protect the two-terminal line utilises phase currents measured syn-
chronously at both line terminals. Therefore, in order to incorporate the fault location 
function additionally to the protection function itself, the local phase voltages (from 
the terminal S in further considerations) have to be supplied to the relay. In this way, 
the differential relay, with the fault location added, can identify the fault not only indi-
cating whether it has occurred within the zone or outside it (which is performed by the 
differential relay principle itself), but also stating precisely at what distance from the 
particular line terminal (performed with the fault location principle). 
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Fig. 7.20. Fault locator added to the current differential protective relays of two-terminal line 

The generalised fault loop model, expressed in terms of phasors, can be utilised for 
deriving the fault location algorithm. This is a single universal formula covering dif-
ferent fault types, obtained with coefficients dependent on a fault type: 

 0– FFS_P1LS_P =− IRIZdV  (7.81) 

where: 
S_PV , S_PI  – fault-loop voltage and current, composed as shown in Tables 6.5 

and 6.6, 



Two-end and multi-end fault location algorithms 191

d – unknown distance to fault (p.u.), measured from the bus S, 
RF – unknown fault resistance, 
IF – total fault current. 
Since currents at both line ends are available (measured synchronously), the total 

fault current (IF) can be easily determined by adding, in particular phases (a, b, c), 
currents flowing from both ends towards the fault: 

 RaSaFa III +=  (7.82) 

 RbSbFb III +=  (7.83) 

 RcScFc III +=  (7.84) 

The respective phase current from (7.82)–(7.84) (for single phase-to-ground faults) 
or respective difference of phase currents (for inter-phase faults) is then substituted to 
(7.81). 

As an alternative to the direct addition, as presented in (7.82)–(7.84), the total 
fault current can be determined from the respective sequence currents from both line 
ends. 

For all the faults, but with exception of three-phase balanced faults, it is advanta-
geous to utilise the negative- and zero-sequence components, while avoiding the posi-
tive-sequence (choosing a set of share coefficients, for which 0F1 =a ): 

 )()(][ R0S0F0R2S2F2Eph2ph1 ph2,ph1 E,phF IIaIIaI +++=−−−−  (7.85) 

where F2a , F0a  – share coefficients for all the faults except three-phase balanced ones, 
Table 4.6. 

For three-phase balanced faults, there are no negative- nor zero-sequence quanti-
ties, and the total fault current can be determined from the positive-sequence compo-
nents, or alternatively and more accurately from the superimposed positive-sequence 
components: 

 )(][ R1S1F1ph3F IIaI Δ+Δ=−  (7.86) 

where F1a  – share coefficient for three-phase balanced faults from Table 4.6. 
Having determined the total fault current (7.85)–(7.86), the generalised fault loop 

model can be solved for the unknowns d and RF. 
The fault location accuracy of the method presented can be improved by introduc-

ing the distributed parameter line model, similarly as for the algorithm from Section 
7.4.2 (fault location with use of two-end voltages and one-end current). The total fault 
current ( FI ) can be determined as the following composition of its positive- and nega-
tive-sequence components: 
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where: 
)()( S2R2F2S1R1F112 NIaNIaM +++=  

S1N , S2N  – as in (7.35), 

F1a , F2a  – share coefficients dependent on fault type (any set from Tables 4.3–4.5 
can be applied). 

7.4.4. Fault location with exchange of limited information 

In [177, 178], a fault location system for two-terminal and also multi-terminal 
transmission lines has been introduced. The algorithm used by this system is suitable 
for inclusion in a numerical protection relay, which communicates with remote 
relay(s) and exchanges information over a protective relaying channel. The data 
volume communicated between relays is sufficiently small to be easily transmitted 
using a digital protection channel. The algorithm does not require data alignment, 
pre-fault load flow information, phase selection information, and does not perform 
iterations to calculate the distance to the fault. Pre-fault load flow, zero-sequence 
mutual coupling, fault resistance, power system non-homogeneity, and current in-
feeds from other line terminals or tapped loads do not affect the fault location accu-
racy. 

In relation to Fig. 7.21, one can write down the formula, which comes from com-
parison of the negative-sequence voltage at the fault point F, viewed from both line 
terminals S, R, respectively: 

 R22L2R
jδ

S22L2S ))1((e)( IZdZIZdZ −+=+  (7.88) 

Application of negative-sequence components in (7.88) implies that this algorithm 
is for all faults, except three-phase balanced ones, for which the superimposed positive 
sequence can be applied. 

The absolute value of the negative-sequence current from the remote bus R is de-
termined from (7.88) as: 

 
||
||||

2L2L2R

S22LS22S
R2 ZdZZ

IZdIZI
−+

+
=  (7.89) 

This leads to cancelling the synchronisation operator. Finally, the following quad-
ratic formula for the distance to fault is obtained: 

  (7.90) 001
2

2 =++ AdAdA
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where A2, A1, A0 – coefficients dependent on negative-sequence quantities measured 
by each relay and impedance data of the network. 

It is distinctive that the relay at each line terminal of the two-terminal line must 
transmit a minimal amount of information. The information sent by the relay at side 
S for a two-terminal application includes: 

• magnitude of the negative-sequence current: |IS2|, 
• magnitude of the negative-sequence source impedance: |Z2S|, 
• angle of negative-sequence source impedance: angle(Z2S). 
Using the above information combined with the negative-sequence quantities 

measured by each relay, we can determine the fault location at each terminal without 
iterations. However, the lumped line model is applied and thus acceptable accuracy is 
achieved for lines being not too long. 

This algorithm is also extended to three-terminal line application, which was pre-
sented in [177, 178]. 

RS
dZ2L (1–d)Z2L

VF2

IR2F
IF2

IF2

jδ
S2 eIZ2S Z2R

 

Fig. 7.21. Circuit diagram of transmission network for negative-sequence 

7.5. Fault location on three-terminal lines 

7.5.1. Fault location on three-terminal lines 
with use of three-end measurements 

A circuit diagram of three-terminal line for considering a fault location using 
three-end measurements is presented in Fig. 7.22 (synchronised measurements) and in 
Fig. 7.23 (unsynchronised measurements). Different types of signals can be processed 
and in Figs. 7.22–7.23 the type is marked by the subscript i. 

In the case of unsynchronised measurements, the measurements at one end 
have to be assumed as the basis (in Fig. 7.23: from the end B), while those from 
the buses A and C have to be analytically synchronised, with use of the synchroni-
sation operators  and , respectively. Thus, two additional unknowns: syn-1jδe 2jδe
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chronisation angles δ1 and δ2 appear in comparison to the case of synchronised 
measurements. 
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Fig. 7.22. Circuit diagram of three-terminal line for considering fault location 
using three-end synchronised measurements 
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Fig. 7.23. Circuit diagram of three-terminal line for considering fault location using three-end 
unsynchronised measurements: the measurements from the bus B are assumed as the base, 

while analytical synchronisation is performed for the measurements from the buses A and C 

The fault may occur at any of the three line sections (faults: FA, FB or FC in Figs. 
7.22 and 7.23). The distance to the particular fault, measured from the particular bus 
(A, B or C) up to the fault point is denoted by dA, dB, dC, respectively. So, there are 



Two-end and multi-end fault location algorithms 195

three hypotheses regarding placement of the fault in particular line section: AT, TB or 
TC. In general, one can distinguish the following approaches: 

• all three hypotheses regarding indication of the faulted line section are consid-
ered and after calculating the distances to fault (dA, dB, dC) with use of three sub-
routines, the judgement on selecting only one solution (the valid solution), which cor-
responds to the actual fault position is performed, 

• first, the faulted line section is identified and then the distance to fault for this 
section is determined. 

In [42], a fault location method for two- and three-terminal lines has been pre-
sented. As the input signals of the fault locator, complete two- and three-terminal 
measurements, both synchronised and unsynchronised, have been considered. Three-
phase voltage and current phasors from the line terminals are processed for determin-
ing the distance to fault (d) and the synchronisation angle (δ) if unsynchronised meas-
urements are considered. So, there is one unknown (d) and two unknowns (d and δ) in 
the case of synchronised and unsynchronised measurements, respectively. However, 
using complete three-phase voltage and current measurement at all line terminals, 
a redundancy of the fault location equations is assured. For example, in the case of 
two-terminal line and synchronised measurements, the distance to fault is calculated 
applying the least-squares estimates from three complex equations or six real number 
equations in one unknown, d. Similarly, the redundancy of the fault location equations 
is assured for fault location on three-terminal line. 

In the fault location method from [42], the line sections are represented with the 
line series impedance matrix only. Thus, the line capacitances are neglected, which 
could affect the calculation of the fault location. However, the authors of this method 
state that the fault location error is minimised due to the redundancy of the fault loca-
tion equations, which leads to a squares estimate of the fault location. Important ad-
vantages of the fault location algorithm rely in that it is independent of fault type, in-
sensitive to fault resistance, and does not require any information on source 
impedance. Neither does it assume transposition. 

Another important contribution to fault location on three-terminal lines is due to 
the authors of reference [3]. The technique described there makes use of superim-
posed, modal components (the phase values are transformed into three modes: an 
Earth mode and two Aerial modes) of voltages and currents rather than total, phase 
values, as it was for the method presented in [42]. Aggarwal et al. [3] base their ap-
proach on the accurate fault location method developed earlier for two-terminal line 
[74]. Thus, the distributed parameter line model is fully utilised and the fault location 
formula such as (7.8), developed for two-terminal line is applied. 

The fault location algorithm [3] is designed for both synchronised and unsynchro-
nised three-end measurement of voltage and current. In the case of unsynchronised 
measurement, the shifting of the data at the unsynchronised end(s) is considered. For 
this purpose, the voltage at the tee point (T), based on the knowledge of the pre-fault 
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power frequency voltage and current phasors at all the line terminals is determined, 
applying the distributed parameter models of all line sections. 

It is important to identify the faulted leg of the tee (the faulted line section) before de-
termining the distance to fault [3]. The technique consists in evaluating the voltages at the 
tee point based on the knowledge of the fault current and voltage phasors at the three ends. 
With reference to Fig. 7.22, one can state that the fault is in the section AT if the voltage at 
the T point transferred analytically from the buses B and C (superscript: B and C): 

 iiiiii IZVV BLBLBLBcBLBLB
B transf.

T )γsinh()γcosh( ll −=  (7.91) 

 iiiiii IZVV CLCLCLCcCLCLC
C transf.

T )γsinh()γcosh( ll −=  (7.92) 

is identical, whereas that attained from the end A: 

 iiiiii IZVV ALALALAcALALA
A transf.

T )γsinh()γcosh( ll −=  (7.93) 

is much different, indicating that the faulted line section is AT. 
Note that in (7.91)–(7.93), the distributed parameters of the respective line sections 

(having length: , , ) are used: LAl LBl LCl

LA
γ

i
, 
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γ

i
, 

LC
γ

i
 – propagation constants, 

LAciZ , LBciZ , LCciZ  – surge impedance. 
The other faulted line sections can be similarly identified. If, however, there is no 

discernable difference in the voltages attained with data from all three ends, then it can 
be safely assumed that the fault is at the tee point itself [3]. Having identified the 
faulted line section, the distance to fault can be calculated. As for example, for the 
faulted section AT, the distance to fault (dA) is calculated using the signals from the 
bus A (VAi, IAi) and at the tee point T ( transf.

TiV , transf.
TiI ) – obtained after analytical trans-

fer (Fig. 7.22): 
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where transf.
TiV  – voltage transferred analytically to the tee point T, from the bus B 

(7.91) or the bus C (7.92), 
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Analogously to (7.94)–(7.95), the distance to fault in the section TB and in the sec-
tion TC is calculated. 

In the case of unsynchronised measurements, the synchronisation operators , 
 have to be determined. In [3], it is proposed to determine them by processing the 

pre-fault quantities. The synchronisation operator  can be determined by compar-
ing the pre-fault voltage at the tee point T, transferred analytically from the bus A and 
the bus B:  

(e 1jδ

)e 2jδ

1jδe

 1jδpre
ALALALAc

pre
ALALA

A .pre_transf
T )e)γsinh()γ(cosh( iiiiii IZVV ll −=  (7.96) 

 pre
BLBLBLBc

pre
BLBLB

B .pre_transf
T )γsinh()γcosh( iiiiii IZVV ll −=  (7.97) 

Analogously, the other synchronisation operator  can be determined by com-
paring the pre-fault voltage at the tee point T, transferred analytically from the bus C 
and the bus B. 

2jδe

7.5.2. Fault location on three-terminal lines associated 
with current differential protective relays 

In Section 7.4.3, the fault location method using two-end currents and one-end 
voltage, aimed at application to current differential protective relays of the two-
terminal power transmission or distribution line was presented. Analogously, this 
method can be applied in association with current differential relays protecting 
a three-terminal line [66], as shown in Fig. 7.24. In this case, the fault location (FL) 
function is supplemented to the current differential relay from the substation A (Fig. 
7.24). For this purpose, phasors of three-phase current from all line terminals: IA, IB, IC 
– exchanged by the current differential relays A, B, C, together with the locally meas-
ured three-phase voltage phasor (VA) are taken as the fault locator input signals. In 
a natural way, these measurements are considered as synchronised. 

The fault location technique proposed [66] is based on using three subroutines: 
SUB_A, SUB_B, SUB_C. They are designed for locating faults: FA, FB, FC at hy-
pothetical fault spots within particular line sections: AT, TB, TC, respectively. Note 
that any of the sections may be faulted at random. Therefore, the position of a fault 
is a random factor, and thus, the faulted line section is not known in advance. The 
faulted section will be indicated using a special selection procedure. 

The subroutine SUB_A, designed for locating faults (FA) within the line section 
AT (Fig. 7.25), is based on the following generalised fault loop model: 

 0FFAA_P1LAAA_P =−− IRIZdV  (7.98) 
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where: 
A_PV , A_PI  – fault loop voltage and current, composed as shown in Tables 6.5 and 

6.6, 
FI  – total fault current (fault path current). 
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Fig. 7.24. Fault location on three-terminal line included into one of the current differential relays 

Before calculating from (7.98) the unknowns: dA – distance to fault, RFA – fault 
path resistance, one has to determine the total fault current IF. This can be accom-
plished analogously as for the two-terminal line (7.85)–(7.86), but instead of adding 
currents from two line ends, the respective symmetrical components of currents from 
three line ends are added. 
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Fig. 7.25. Circuit diagram of three-terminal line under fault in section AT, 
for the i-th symmetrical component 
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The remaining subroutines SUB_B, SUB_C complete the location procedures. An 
illustration for deriving the subroutine SUB_B is shown in Fig. 7.26.  An analytic 
transfer of three-phase measurements: VA, IA, IC to the beginning of the section LB, 
with the distributed parameter line model being strictly taken into account, is per-
formed. The superscript ‘transf.’ is used to distinguish the analytically transferred 
signals from the measured ones. Certainly, such transfer has to be performed sepa-
rately for each of the i-th type symmetrical components of three-phase voltage and 
current, as presented in (7.93) and (7.95). 

Using the transferred signals transf.
TiV  and ,transf.

TBiI  the fault loop voltage T_PV  and 
current TB_PI  are composed. Then, as in (7.98), the fault loop model for the subroutine 
SUB_B is formulated, and the unknown distance to fault dB and fault resistance RFB 
are determined. The subroutine SUB_C, desiged for locating faults on the line section 
TC, is derived analogously to the subroutine SUB_B. 
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Fig. 7.26. Circuit diagram of three-terminal line under fault in section TB, 
for the i-th symmetrical component 

Three fault estimates are calculated assuming the fault to be on the AT, TB or TC 
segment of the line, respectively. 

A selection procedure is required to indicate the faulted line segment, i.e. which of 
the subroutines (SUB_A, SUB_B or SUB_C) is valid, i.e. corresponds to the real fault. 
In the first step of the selection procedure, the results of the fault distance and resistance 
calculations are utilised. The subroutine which yields the distance to fault indicating the 
fault as occurring outside the section range (outside the range: 0 to 1.0 p.u.) or/and the 
calculated fault resistance of negative value, is surely rejected.  

The second step of the selection is used when the first step is not sufficient. In the 
second step, the remote source impedances (behind the terminals B and C – if it is 
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considered that the fault locator is installed at the station A (Fig. 7.24)), are calculated 
for different subroutines [66]. Having calculated the impedances of the sources behind 
the remote buses B, C – in relation to both subroutines (SUB_B, SUB_C), first it is 
checked in which quadrant of the complex plane they are placed. The actual equiva-
lent source impedance is of the form of R–L branch, i.e. is considered as placed in the 
I quadrant of the impedance plane. If the calculated source impedance lies outside the 
I quadrant, then this subroutine is false and has to be rejected. Otherwise, if at least 
two subroutines (out of three) still remain, then the selection has to be continued. The 
particular subroutine can be rejected also if the calculated value of the remote source 
differs from the actual impedance. For this rare fault cases a certain knowledge about 
the actual equivalent sources behind the line terminals is necessary. Note that in the 
case of the other fault location algorithms which utilise incomplete three-end meas-
urements [12, 61, 107, 118], the impedances of the sources are involved even in calcu-
lation of the distance to fault. 

7.5.3. Fault location on three-terminal lines 
with use of two-end measurements 

The demand and importance of developing fault locators for three-terminal lines 
under the availability of two-end synchronised measurements of voltages and currents 
(Fig. 7.27) has been introduced and justified in [107]. This is of practical importance 
since the measurement infrastructure of the tapped line is usually rather poor, or there 
are no communication channels for sending measurements from the end of the tapped 
line. 
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Fig. 7.27. Fault location on three-terminal line using two-end synchronised measurements 
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It is considered in the fault location methods presented in [59] and [107] that pha-
sor measurement units from two line ends (PMUA, PMUB) provide the fault locator 
(FL) with three-phase phasors of voltage and current (VA, IA, VB, IB) measured syn-
chronously (Fig. 7.27). Fault location is based on using three subroutines, designed for 
locating particular faults (FA, FB, FC) and selecting the valid subroutine. 

Comparison of the voltage at the tee point T, obtained by analytical transfer of sig-
nals measured at the end A (according to (7.93)) and at the end B (according to (7.91)) 
allows preliminary selection of the faulted line section. If these voltages match each 
other, then there is a fault FC on the tapped line. Otherwise, there is a fault FA or FB 
on the main route of the line (sections: A–T and T–B). Distinguishing between the 
fault FA and FB can be performed on the basis of the calculated distance to fault 
[59, 107]. 
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Fig. 7.28. Three-terminal line network – illustration for subroutine SUB_A 
according to approach from [107] 

Figure 7.28 shows a three-terminal line network with fault on the section A–T for 
illustrating the subroutine SUB_A according to the approach presented in [107]. The 
subroutine SUB_B is derived analogously to the subroutine SUB_A, for which the 
derivation follows. It was proposed in [107] to apply accurate fault location algorithm 
(7.8), which applies complete two-end synchronised measurements for locating faults 
on a two-terminal line. Lin et al. [107] proposed to apply (7.8) in order to locate faults 
(FA) on the section A–T using as the input signals: 

• superimposed positive-sequence components of signals from the side A: ΔVA1, 
ΔIA1 
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• superimposed positive-sequence components of signals transferred to the tee 
point T: transf.

1TVΔ  (obtained according to (7.91)), and transf.
1TAIΔ  derived using a current 

division theory as the following function: 

 ),,,,,,γ,γ,( 1C1BLCLBc1LCc1LB1LC1LBB1
transf.
TA1 ZZZZIfI llΔ=Δ  (7.99) 

The required current (7.99) is dependent on measured superimposed current: B1IΔ , 
the parameters of the line section T–B: LBc1LB1LB

 , ,γ lZ , the line section T–C: 

LCc1LC1LC
 , ,γ lZ  and the source impedances behind the buses B, C: 1C1B  , ZZ . Inaccu-

racy in providing these source impedances is a source of certain additional fault loca-
tion errors. In order to assure the highest possible accuracy of fault location, a new 
approach, not requiring these source impedances as the input parameters, was pro-
posed in [59]. This algorithm applies two-end voltages and one-end current and is 
based on the generalised fault-loop model (7.76) and its final form (7.80), derived 
with strict consideration being given to the distributed parameter line model. The for-
mula (7.80) applied to two-terminal line requires two-end voltages (VS, VR) and one-
end current (IS). When applying it to the subroutine SUB_A for locating faults FA on 
the section A–T of a three-terminal line (Fig. 7.27, Fig. 7.28) the following input sig-
nals are considered: 

• signals measured at the bus A: VA, IA, 
• voltage at the tee point T: transf.

TV , obtained after analytic transfer of signals from 
the bus B with use of (7.91). 

Analogously, the formula (7.80) can be applied to the subroutine SUB_B for locat-
ing faults FB on the section T–B. 

Use of the fault location algorithm (7.80) for locating faults (faults FA, FB in 
Fig. 7.27) on the main route of a three-terminal line [59] is advantageous since the 
source impedances are for this algorithm not involved, in contrast to the method intro-
duced in [107]. 

Faults on the line section T–C (fault FC in Fig. 7.27) are located using the sub-
routine SUB_C, for which an illustration is given in Fig. 7.29. The signals measured 
at the buses A, B are transferred analytically to the tee point T, applying the distrib-
uted parameter line section model, performing it separately for each symmetrical 
component (positive-sequence: i = 1, negative-sequence: i = 2, zero-sequence: i = 0). 
The transferred voltage: transf.

1TV , transf.
2TV , transf.

T0V , and sums of transferred currents: 

( transf.
1TB

transf.
1TA II + ), ( transf.

TB2
transf.
TA2 II + ), ( transf.

TB0
transf.
TA0 II + ) are the input signals for the sub-

routine SUB_C. Thus, we deal with the one-end voltage and current in this case. 
Two alternative formulations of the subroutine SUB_C have been presented in 
[59, 107]. 
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Fig. 7.29. Three-terminal line network – illustration for subroutine SUB_C 
designed for locating faults on section T–C 

7.5.4. Fault location on three-terminal lines 
with use of minimal measurements 

In [61], the fault location algorithm for three-terminal lines using the limited 
measurements in comparison to the earlier known approaches has been presented. 
One-end measurements of three-phase current and voltage, and additional information 
on amplitudes of pre-fault currents, i.e. amplitudes of pre-fault positive-sequence cur-
rents under the symmetry assumption, from the remaining sections of the line are util-
ised as the fault locator input signals (Fig. 7.30). Moreover, detailed impedance data of 
the network (for both the line sections and equivalent sources behind the line terminals) 
has to be provided as the fault locator input data. The method is based on the symmetrical 
components approach applied for formulating all three subroutines designed for 
locating faults on the respective line sections. 

The final step in the fault location algorithm relies on selecting a valid subroutine, 
i.e. on indicating which of the subroutines yields results corresponding to the real dis-
tance to fault and fault resistance. The subroutine which yields distance to fault out-
side its line section, and/or negative fault resistance, is surely false and has to be re-
jected. If it is not so, other criteria have to be considered. In the study carried out the 
following criteria quantities were utilised: – total fault currents in faulted phases 
(ought to correspond to the measured currents), – amplitudes of the total fault current 
in healthy phases (ought to be close to zero), – boundary conditions for faults involv-
ing earth. 
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Fig. 7.30. Fault location on three-terminal line with use of minimal measurements 

7.6. Fault location on multi-terminal and tapped lines 

In Chapter 3, basic models of multi-terminal and tapped lines were introduced. The 
networks presented there were limited to three-terminal line case (Figs. 3.7 and 3.8) 
and the network with one tapped line (Fig. 3.9). In real power networks, however, we 
can find lines with numbers of terminals higher than three and also lines with more 
than one tap for feeding the load. Use of the fault location algorithms, which were 
presented in Section 7.5 is limited to a three-terminal line or to a line with a single tap. 

A B
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C D E

 

Fig. 7.31. Fault location on a five-terminal line 

In Figure 7.31, a scheme of the multi-terminal line is shown. It has four terminals 
with power generation, and thus not less than three, as required in the definition of 



Two-end and multi-end fault location algorithms 205

multi-terminal lines given in [B.23]. In the case of five terminals there are three tap 
points (T1, T2, T3) to which the tapped lines (T1-C, T3-E) are connected with the 
sources of power generation, and the tapped line (T2-D) feeding the load. Distributed 
generation included into distributed systems changes the power flow, normally radial 
in distribution systems, to multidirectional one [43]. For the five-terminal lines there 
are four hypothetical locations of faults on the main route of the line (A-T1-T2-T3-B) 
and three hypothetical locations on the tapped lines (T1-C, T2-D, T3-E). 

Figure 7.32 shows an example of the tapped line with a source of generation at the 
bus A and alternatively also at the bus B [2]. Thus, generation is at two of the termi-
nals, which is in compliance with the definition of the tapped line given in [B.23]. 
There are also four tapped lines feeding the loads, which are usually balanced three-
phase ones, but also a single phase load can be met in distribution systems [17]. 
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C D E
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E

 

Fig. 7.32. Fault location on line A-B with four tapped lines feeding loads 

A variety of algorithms for locating faults on multi-terminal and tapped lines have 
been developed so far. For example, fault location on a multi-terminal line has been 
reported in [123]. This method uses magnitudes of differential current at all terminals 
for locating faults on multi-terminal two parallel lines. The method is based on 
a three-terminal fault location algorithm and an equivalent conversion from an 
n-terminal to a three-terminal system is applied. 

Abe et al. [1] use synchronised three-phase voltages and currents at all terminals. 
They apply the algorithm using voltage differentials at terminals to gradually reduce 
a multi-terminal line into a two-terminal line containing the faulted section. Then, 
a reactive power-based method is used to locate the fault. 

Funabashi et al. [34] use synchronised current inputs from all terminals and use 
two different methods to locate the fault on parallel double-circuit multi-terminal 
transmission lines: 

• impedance relay method (employs an impedance calculation), 
• current diversion ratio method. 
In [172], an analysis and evaluation of multi-terminal fault location have been pre-

sented. The technique proposed there uses the voltage from two terminals and the 
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current data from all terminals of the line. The measurements are considered as per-
formed synchronously with use of the GPS. 

Brahma in [12] delivers a fault location method for a multi-terminal transmission 
line using synchronised voltage measurements. It contains a simple new procedure for 
identifying the faulted line section first. Then, to exactly locate the fault on this sec-
tion, a method is described that uses the synchronised voltage measurements at all 
terminals. The main advantage of this method [12] is that the current-transformer er-
rors in the current measurements can be avoided. The method assumes that the source 
impedances are available. The method readily lends itself to untransposed lines and is 
free from the pre-fault conditions. 

Aggarwal et al. in [2] presented an interactive approach to fault location on distri-
bution overhead lines with load taps. However, the approach can be applied to trans-
mission networks as well. The cited paper presents a novel technique in single-ended 
fault location for overhead systems based on the concept of superimposed components 
of voltages and currents rather than total quantities. The superimposed fault-path cur-
rent at the assumed fault point is determined. In order to find the actual fault point, the 
assumed fault position is shifted in an interactive fashion in such a way as to obtain 
the minimum value of the fault-path currents from healthy phases. It is shown [2] that 
the fault locator is highly insensitive to variations in source impedances (both local 
and remote) and to the presence of taps with variable loads. 

 



Afterword 

Recommendations 
In this book, a variety of impedance-based fault location algorithms have been pre-

sented. In Chapter 6, the one-end algorithms, and in Chapter 7, the two-end (multi-
end) fault location algorithms have been delivered. Which algorithm to choose for 
a particular application depends on the configuration of the line considered and the 
availability of measurement signals for the fault location. 

Much superior algorithms are offered for the two-end (multi-end) measurements, as 
presented in Chapter 7, especially when using synchronised measurements – Section 7.2. 
In the case where only the one-end measurements are at one’s disposal, the choice of the 
algorithm depends on the knowledge of the impedance parameters of the system in the 
vicinity of the line. If the equivalents for the components from the vicinity of the line can-
not be reliably determined, then the simplified algorithms, as presented in Sections 6.5 and 
6.6, are recommended. Otherwise, the flow of fault current in the whole network can be 
fully accounted for, which is assured by the algorithm from Section 6.7. A very attractive 
fault location on double-circuit line can be performed under availability of complete 
measurements from one line end – the fault location algorithm delivered in Section 6.8. 

For proper understanding of the majority of fault location algorithms from Chap-
ters 6 and 7, it is recommended to go through fault models presented in Chapter 4. The 
author also believes that deep understanding of the fault models and fault location 
algorithms presented will help those who intend to work on development and im-
provement of digital protective distance algorithms for transmission lines. 

In relation to practical usage of fault locators one can emphasise that in the course 
of faults occurring, the user will gain knowledge about the network, i.e. about its 
points with the most frequent faults and also the network parameters. For example, use 
of the two-end (multi-end) measurements allows, in addition to its fault location func-
tion, the line impedance to be determined. By this, the line impedance calculated from 
the line geometry can be verified, which is also useful for setting protective relays. 

Future of fault location 
The author of this book is of the opinion that there is still much room for further 

development of the fault location techniques; expresses his strong desire to participate 



Afterword 208 

in the future research. On the other hand, in today’s competitive market, manufactures 
and utilities will try to maximise the benefit of technology undergoing permanent de-
velopment, while continually exploring new ways to implement advanced technolo-
gies and algorithms into products. Especially, rapid development of the communica-
tion means for sending the measurement data acquired at the remote line terminal 
(terminals) to the fault locator device will promote usage of the fault location algo-
rithms based on the distributed (wide area) measurements. 

Improvement in the accuracy of the fault location can be expected if new uncon-
ventional instrument transformers become predominant in transforming signals from 
a power system to fault location devices. Also, one can expect that the fault location 
techniques relying on knowledge-based approaches will come step-by-step into usage 
in much wider range than at present. 
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